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Abstract 
This thesis is based on the research project of a W-band gyrotron backward wave 

oscillator (gyro-BWO) using a helically corrugated waveguide which is currently 

being built and upgraded in the University of Strathclyde. The gyro-BWO was 

optimally designed through numerical simulations to achieve an output maximum 

power of ~10 kW with a -3 dB frequency tuning range of 84 - 104 GHz. To increase 

the overall efficiency of the W-band gyro-BWO, an energy recovery system of 

four-stage depressed collector was designed, numerically optimized and fabricated 

on the gyro-BWO. Microwave components including the Bragg reflectors, the 

side-wall coupler, the three-layer microwave window and the pillbox window were 

designed, simulated and measured to facilitate the practical use of the energy 

recovery system. 

This thesis includes the analytically calculated results, the numerical simulations as 

well as the experimental results of the said components and system. 

A 14-section Bragg reflector together with the side-wall coupler located at the 

upstream of the helically corrugated interaction cavity was used to couple the 

microwave radiation out. This allowed the installation of the depressed collector at 

the downstream side of the gyro-BWO. The transmission coefficient of the coupler 

was numerically optimized to achieve -1.0 dB over the frequency tuning range, from 

84 - 104 GHz. The Bragg reflector measurement agrees well with the simulation. The 

input coupler achieves an average -13 dB reflection over the frequency in the 

measurement. 

Theoretical analysis of the pillbox type window and multi-layer window based on 

mode-matching method was carried out. The simulation and optimization of the 

pillbox window achieved a reflection of less than -15 dB in the whole operating 

frequency range of 84 - 104 GHz. The three-layer window can achieve less than 
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-30 dB reflection in the frequency range of 84 - 104 GHz in the simulation. A 

three-layer window and a pillbox window which particularly optimized in frequency 

range of 90 - 100 GHz (the operating frequency range of the gyro-TWA that shares 

the same experimental setup as the gyro-BWO) were fabricated. With manufacturing 

constraints the design of the three-layer window achieved an average -10 dB 

measured reflection in 84 - 104 GHz and better than -15 dB in 90 - 100 GHz. 

In the downstream side of the gyro-BWO, another 18-section Bragg reflector was 

used to reflect the radiation back into the upstream interaction cavity. And the 

transmission coefficient of -30 dB was obtained in the microwave measurements 

using a VNA, which means the microwave power leakage was less than 1%. The 

measurement results agreed well with the simulations. 

A four-stage depressed collector was designed to recover the energy from the spent 

electrons. The 3D PIC code MAGIC and a genetic algorithm were used to simulate 

and optimize the geometry of the electrodes. Secondary electron emissions were 

simulated and a few emission models were compared to investigate their effects on 

the overall recovery efficiency and the backstreaming rate for the multistage 

collector. The optimization of the shape and dimensions of each stage of the collector 

using a genetic algorithm achieved an overall recovery efficiency of about 70%, with 

a minimized backstreaming rate of 4.9%. The heat distribution on the collector was 

calculated and the maximum heat density on the electrodes was 240W/cm2 and the 

generation of “hot spots” could be avoided. The electric field distribution inside the 

depressed collector was calculated and the geometries of these electrodes were 

properly shaped to avoid the voltage breakdown in vacuum. 
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General Notation 
0  Permittivity of a free space, 12

0 10854.8  F/m 

  Permittivity of a media 

n  The refractive index 

c  The speed of light in a free space, 8100.3 c m/s 

v  Electron velocity 

'c  Speed of light in a media 

  The electromagnetic wave angular frequency 

zk  The characteristic axial wavenumber 

zv  The axial drift velocity of the electrons 

Ω The electron cyclotron frequency 

s The resonant harmonic number 

  the relativistic factor 

0B  The magnetic field 

e  Charge on the electron, 1910602.1 e C 

0m  The mass of the electron 

w  The period of a spatially varying undulator or wiggler 



 XIII 

R  Radius, resistance 

br  Beam radius 

co  The cutoff frequency of a waveguide mode 

1R  The corrugated depth, resistance 

0R  The mean radius of the helically corrugated waveguide, resistance 

Bm  The folded number 

d  The longitude period of the corrugation 

jmS  The coupling coefficient between the two coupled mode 

mj hh ,  The longitudinal wave numbers of the coupled modes 

jm  ,  The root of the derivation of the Bessel function 

k  The free-space wave number 

mj  ,  The transversal wave numbers of mode j and m  

zP  The probability 

Vi The equivalent voltage of mode i 

Ii The equivalent current of mode i 

i  The propagation coefficient 

iK  The wave impedance 



 XIV 

ipT , piT  The voltage and current transfer coefficients 


iA , 

iA  The amplitudes of the forward and backward travelling waves 


ipS , 

ipS  The forward and backward coupling coefficient 

  The wave function 

ZmI The characteristic impedance of the mode 

μ The permittivity of the material filling in the cavity 

bk  The ripple period 

Ref The reflection coefficient 

Tran The transmission coefficient 

1 , 2  The wave function 

 



 XV 

List of Figures 
 

Fig. 1. 1 Structure of dielectric Cherenkov maser. ............................................. 3 

Fig. 1. 2 The basic configuration of TWTs and BWOs. ..................................... 4 

Fig. 1. 3 The basic configuration of a cylindrical magnetron (B is the magnetic 

field). ........................................................................................................ 5 

Fig. 1. 4 Schematic diagram of a two-cavity klystron amplifier. ........................ 6 

Fig. 1. 5 Schematic diagram of a generic cyclotron resonance maser 

configuration............................................................................................. 7 

Fig. 1. 6 The interaction between the beam and the wiggler in an FEL [27]....... 8 

Fig. 1. 7 Basic vircator diagrams: (a) axial extraction and (b) side extraction. ... 9 

Fig. 1. 8 Dispersion diagram of a gyro-BWO. ..................................................10 

Fig. 1. 9 (a) Profile of three-fold helically corrugated waveguide, (b) Electric 

field (c) magnetic field on the cross-section of the helically corrugated 

waveguide................................................................................................14 

Fig. 1. 10 The relation between the coupled waves and the new eigenwaves. ...15 

Fig. 1. 11 The operating dispersion of the helical waveguide............................18 

Fig. 1. 12 W-band gyro-BWO experimental setup, (a) schematic view, (b) 3D 

view. ........................................................................................................21 

Fig. 2. 1 The flow chart of the genetic algorithm. .............................................38 

Fig. 2. 2 Schematic diagram of encoding operation. .........................................38 

Fig. 2. 3 Schematic diagram of crossover operation..........................................39 

Fig. 2. 4 Schematic diagram of encoding operation. .........................................40 

Fig. 2. 5 Flow diagram of the optimization program.........................................42 

Fig. 3. 1 Diagram of the input and out of the gyro-BWO/TWA. .......................46 



 XVI 

Fig. 3. 2 Reflector with corrugated sections......................................................50 

Fig. 3. 3 Single module of discontinuous waveguide. .......................................50 

Fig. 3. 4 The relation between the overall and local scattering matrices............54 

Fig. 3. 5 The reflectivity when the parameters are a=1.3mm, h=1.04mm, 

L=454.96mm............................................................................................56 

Fig. 3. 6 The geometry (a) and the scattering parameter (b) of the optimized 

18-section Bragg reflector. .......................................................................58 

Fig. 3. 7 The scattering parameter considering the tolerance of the Bragg 

reflector (a) the whole bandwidth, (b) detail view.....................................59 

Fig. 3. 8 Geometry of the circular-to-rectangular coupler. ................................60 

Fig. 3. 9 Reflection and transmission coefficient of the coupler (R=1.25 mm, 

a=1.88 mm, b=0.98 mm)..........................................................................61 

Fig. 3. 10 Circular-to-rectangular coupler with cut-off waveguide, (a) 3D view, 

(b) front view, (c) component connection. ................................................62 

Fig. 3. 11 Cascading a 3-port S-matrix with a 2-port S-matrix. .........................63 

Fig. 3. 12 The transmission coefficient in (a) L=0, (b) Rc =0. ...........................64 

Fig. 3. 13 The phase angle spread vs. the bandwidth. .......................................66 

Fig. 3. 14 The geometry (a) and S-parameters (b) of optimized Bragg reflector 

with 14 corrugated sections. .....................................................................69 

Fig. 3. 15 The transmission coefficient of the whole structure. .........................70 

Fig. 3. 16 The results by optimizing the whole structure...................................71 

Fig. 3. 17 The transmission with consideration of the tolerances. .....................72 

Fig. 3. 18 The machining of the Bragg reflectors (a) the Aluminium former, (b) 

the 18-section Bragg reflector (c) the 14-section Bragg reflector. .............73 

Fig. 3. 19 The Anritsu ME7808B VNA system. ...............................................75 

Fig. 3. 20 The measurement results of the Bragg reflector................................77 



 XVII 

Fig. 3. 21 The measurement results of the Bragg reflector................................79 

Fig. 3. 22 The CAD drawing and the machining of the input coupler. ..............80 

Fig. 3. 23 The waveguide bend. .......................................................................81 

Fig. 3. 24 The results of the input coupler. .......................................................83 

Fig. 4. 1 Schematic of the microwave windows (a) block type window, (b) 

pillbox type window.................................................................................90 

Fig. 4. 2 The schematic of the discontinuity in the media interface...................92 

Fig. 4. 3 The schematic of the single-layer window..........................................94 

Fig. 4. 4 The optimum result of the single-layer ceramic window and its size...96 

Fig. 4. 5 Different cases of the two-layer window. ...........................................97 

Fig. 4. 6 The optimum results of the two-layer window and the optimum sizes.

................................................................................................................98 

Fig. 4. 7 Different cases of the three-layer window. .........................................98 

Fig. 4. 8 The optimum results of the three-layer windows and the optimum sizes.

................................................................................................................99 

Fig. 4. 9 The optimum result of the single-layer ceramic window and its size.100 

Fig. 4. 10 The optimum results of the two-layer ceramic window and their sizes.

..............................................................................................................100 

Fig. 4. 11 The optimum results of the three-layer ceramic window and their sizes.

..............................................................................................................101 

Fig. 4. 12 The optimum results of the three-layer ceramic window for W-band 

gyro-TWA. ............................................................................................101 

Fig. 4. 13 (a) 3D view of the pillbox type window (b) the connection of the 

components. ...........................................................................................103 

Fig. 4. 14 The cross-section view of the rectangular to circular step. ..............104 

Fig. 4. 15 The simplified connection of the components.................................105 



 XVIII 

Fig. 4. 16 Convergence of the scattering parameter for TE10 mode. ................106 

Fig. 4. 17 Comparison of the simulation results of the MATLAB code and CST 

microwave studio. ..................................................................................107 

Fig. 4. 18 The optimum result of the pillbox window. ....................................108 

Fig. 4. 19 The geometry discontinuities of the three layer window. ................109 

Fig. 4. 20 The CAD drawing and the photo of the three-layer window. ..........111 

Fig. 4. 21 The measurement of the three-layer window. .................................113 

Fig. 4. 22 The pillbox window. ......................................................................115 

Fig. 4. 23 The measurement of the dielectric constant of the ceramic disk. .....117 

Fig. 4. 24 The measurement of the dielectric constant of the ceramic disk. .....119 

Fig. 4. 25 The measurement of pillbox window..............................................120 

Fig. 5. 1 Schematic diagram of a beam-type microwave tube. ........................125 

Fig. 5. 2 Power supplies of the microwave device. .........................................127 

Fig. 5. 3 Schematic of multi-stage depressed collector. ..................................128 

Fig. 5. 4 Schematic diagram of the depressed collector with cylindrical tubes [4].

..............................................................................................................132 

Fig. 5. 5 Beam trajectories of the electrons in the defocusing field. ................133 

Fig. 5. 6 Sketch of electrostatic symmetric structure and the beam trajectories 

[15]. .......................................................................................................134 

Fig. 5. 7 Beam trajectories of the electrons in focusing field [21]. ..................136 

Fig. 5. 8 (a) Cross section of a 3-stage asymmetric structure and (b) electron 

trajectories [22]. .....................................................................................137 

Fig. 5. 9 Electron trajectory in cross field (a), cross section of depressed 

collection using cross field (b) [3]. .........................................................138 

Fig. 5. 10 (a) Schematic of the field configuration of tilted electric field structure, 

(b) the electron trajectories in a practical design [24]..............................139 



 XIX 

Fig. 5. 11 Schematic of the generation of secondary electrons........................141 

Fig. 5. 12 The emitted-energy spectrum of the secondary electron energy. .....143 

Fig. 5. 13 The relation between SEY and the incident primary energy in different 

models for copper where δ0m=1.3, E0m=580eV and s=1.44......................149 

Fig. 6. 1 (a) Geometry of the helically corrugated waveguide and (b) the model 

in 3D PIC code MAGIC. ........................................................................162 

Fig. 6. 2 (a) MAGIC simulation results of the output spectrum of 96.83 GHz, (b) 

mode pattern of TE11 mode and (c) beam trajectory. ...............................164 

Fig. 6. 3 Simulated output frequency and power of the gyro-BWO as a function 

of tuning cavity magnetic field. ..............................................................165 

Fig. 6. 4 Simulated output frequency and power of the gyro-BWO as a function 

of tuning electron beam voltage when the magnetic field is 1.90 T. ........165 

Fig. 6. 5 The overall magnetic field in the microwave tube.............................167 

Fig. 6. 6 Simulated structure using the 3D PIC code MAGIC (a) the trajectory of 

the electron beam, (b) Output microwave power, (c) Lost microwave power.

..............................................................................................................169 

Fig. 6. 7 Overall device efficiency as a function of collector efficiency at 

different electronic efficiency. ................................................................171 

Fig. 6. 8 (a) Energy distribution of the spent beam, (b) recovered energy from 

the spent electrons, under the condition of 40 kV electron beam voltage, 

1.5 A beam current, beam alpha of 1.6 and a cavity magnetic field of 1.75 T.

..............................................................................................................173 

Fig. 6. 9 Collection efficiency as a function of potential fluctuation on each 

electrode. ...............................................................................................174 

Fig. 6. 10 The basic geometry of an electrode. ...............................................176 

Fig. 6. 11 Full geometry of 4-stage depressed collector. .................................177 

Fig. 6. 12 Collection efficiency versus iteration number. ................................178 

Fig. 6. 13 Trajectories of the primary electrons and the secondary electrons in 

the optimized geometry. .........................................................................183 



 XX 

Fig. 6. 14 Trajectories of the electrons in the depressed collector (using 

Vaughan’s formulas) ..............................................................................186 

Fig. 6. 15 The collection efficiencies and the backstreaming rates over the 

frequency tuning range of the gyro-BWO...............................................187 

Fig. 6. 16 Two types of conductor surfaces. ...................................................188 

Fig. 6. 17 Schematic of the conductors in case (a). .........................................189 

Fig. 6. 18 Schematic of the conductors in case (b). .........................................190 

Fig. 6. 19 The average and maximum heat power density as a function of the 

axial position in the depressed collector..................................................191 

Fig. 6. 20 The maximum heat power density and maximum average power 

density in different magnetic fields.........................................................191 

Fig. 6. 21 The 3D view (a) and the cross-section view (b) of the depressed 

collector. ................................................................................................192 

Fig. 6. 22 The electric field distribution inside the depressed collector (a) and 

inside the electrodes (b)..........................................................................194 

Fig. 6. 23 The electric field distribution inside the depressed collector. ..........195 

Fig. 7. 1 The schematic drawing of the experimental setup (Figure drawn by 

Craig Donoladson). ................................................................................200 

Fig. 7. 2 The setup of the gyro-BWO experiments..........................................201 

Fig. 7. 3 the properties of the cusp electron gun. ............................................203 

Fig. 7. 4 A photograph of the reverse coil.......................................................204 

Fig. 7. 5 Photographs of the cavity solenoids..................................................204 

Fig. 7. 6 The simulation and measurement results of the reverse coil..............205 

Fig. 7. 7 The simulation and measurement results of the cavity solenoid. .......207 

Fig. 7. 8 The NADA power supply (one unit).................................................208 

Fig. 7. 9 The Farnell power supply for reverse coil.........................................208 



 XXI 

Fig. 7. 10 The construction of the depressed collector. ...................................211 

Fig. 7. 11 The schematic circuit of a pulse forming line. ................................212 

Fig. 7. 12 The schematic of a single Blumlein line. ........................................213 

Fig. 7. 13 The schematic diagram of a double cable Blumlein line. ................214 

Fig. 7. 14 The schematic diagram of the double cable Blumlein in the 

experiments............................................................................................215 

Fig. 7. 15 The schematic of the three-electrode spark-gap switch and the picture 

of the one used in the experiment. ..........................................................216 

Fig. 7. 16 The schematic drawing of the power supply for the cathode...........217 

Fig. 7. 17 The schematic of the voltage divider for the depressed collector.....218 

Fig. 7. 18 A photograph of the voltage dividers..............................................219 

Fig. 7. 19 The schematic circuit of the voltage divider. ..................................220 

Fig. 7. 20 Basic schematic circuit of magnetic probe......................................221 

Fig. 7. 21 Magnetic probe method to measure the current...............................223 

Fig. 7. 22 The Rogowski coil. ........................................................................223 

Fig. 7. 23 The typical traces of the measured beam voltage and beam current.224 

Fig. 7. 24 The setup of the microwave detector. .............................................225 

Fig. 7. 25 The measured voltage and microwave signal. .................................226 

 



 XXII 

List of Tables 
 

Table 4. 1 Comparison of the computing time of the MATLAB code and the 

CST microwave studio. ..........................................................................106 

Table 6. 1 Collection efficiency for different number of stages.......................173 

Table 6. 2 Collected currents and collection efficiencies ................................179 

Table 6. 3 The optimum potential on the electrodes .......................................180 

Table 6. 4 The collected currents and the collection efficiencies.....................180 

Table 6. 5 The secondary electron yield of different materials........................181 

Table 6. 6 The collected currents and the collection efficiencies.....................184 

Table 6. 7 The collection efficiency and the backstreaming rate in different cases.

..............................................................................................................184 

Table 6. 8 The maximum electric fields of the four power feedthroughs.........195 

Table 7. 1 The minimum and maximum potentials on the electrodes..............217 

 



 1 

Chapter 1 

Introduction to Microwave Devices 

1.1  Background 

The development of microwave sources which extends from approximately 

300 MHz to 300 GHz in the electromagnetic spectrum began many years ago. The 

first artificial microwave was generated by Hertz to verify Maxwell’s equations in 

1887 [1]. Then microwaves in the lower frequency range were used in radio 

broadcasting in the early 20th century with the invention of the triode. In the 1930s, it 

was realized that high frequency could be obtained by using resonant cavities instead 

of electronic tubes [2]. During and after World War II, high power, high frequency 

microwaves were in great demand due to several military applications and it led to 

the development of various microwave vacuum electronic devices (MVEDs), such as 

magnetrons, traveling wave tubes (TWTs) and backward wave oscillators (BWOs). 

In the 1960s and 1970s, gyrotron devices were demonstrated [3]. As a result of the 

development of plasma physics and pulsed power technology during this period, 

electron beams with a current in excess of 10 kA at voltage of 1 MV made it possible 

to generate microwaves over a GW in peak power. From the late 1970s to the mid 

1990s, the high power microwave (HPM) communities experienced a fabulously fast 

increase in radiation power. During this period, the development of relativistic 

devices such as gyrotron devices showed better performance compared with those 

conventional devices such as magnetrons and klystrons. 

HPM refers to coherent electromagnetic radiation spanning the frequency range of 

approximately 1 GHz to over 100 GHz. “High power” has two interpretations. One is 

“high-average-power” microwaves, which imply long-pulse duration, high repetition 
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rate or continuous microwave (CW) sources. The other is “high-peak-power” 

microwaves, which imply short-pulse duration, low repetition rate even single-shot 

sources. The peak power of high-peak-power sources often exceeds 100 MW [4]. 

The high power microwave sources have become promising radiation sources and 

show their great potential in many research fields and industrial applications, such as 

controlled thermonuclear fusion [5,6], high resolution radar systems [7-9], 

atmosphere measurement and modification [10], advanced accelerators for 

high-energy physics research [11,12], and industrial processing of materials [13-18]. 

1.2  Microwave generation 

Vacuum electronics devices use electrons to generate coherent radiation where 

electrons are gathered into micro bunches and produce spontaneous emission in 

random phases. There are three basic electromagnetic radiations generation 

mechanisms by charged particles. The first is Cherenkov, or Smith–Purcell, radiation 

of slow waves propagating with velocities less than the speed of light in vacuum. The 

second is the transition radiation and the third is the Bremsstrahlung [19]. 

1.2.1 Cherenkov radiation 

Cherenkov radiation occurs when electrons move in a medium with a refractive 

index larger than 1, and the velocity of the electrons is larger than the phase velocity 

of the electromagnetic wave. The condition of Cherenkov radiation can be expressed 

as ncv / , where n  is the refractive index, c  is the speed of light, and v  is the 

electron velocity [20]. 

One of the Cherenkov devices is the dielectric Cerenkov maser (DCM) [21], as 

shown in Fig. 1.1. The phase velocity of the electromagnetic wave is reduced by 

inserting a dielectric material with large permittivity  into the waveguide. The 
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dielectric material can be a sleeve inside the wall or a plasma layer in which the 

effective speed of light becomes 

2/1
0 )/(' cc                 (1.1) 

 

Fig. 1. 1 Structure of dielectric Cherenkov maser. 

The other way to slow down the phase velocity of the electromagnetic wave is by 

modifying the waveguide to form a slow-wave structure, which can be implemented 

by periodically loading the waveguide with a resonant cavity or winding a helically 

wound wire around the inner wall of the waveguide, or periodically varying the 

radius of the waveguide [22]. 

The axial periodic slow-wave structures are the basis of microwave devices like 

relativistic backward wave oscillators (BWOs) and traveling wave tubes (TWTs). 

The difference between BWOs and TWTs is the intersection point between the 

dispersion curve of the waveguide and the beam line. For BWOs, the slope of the 

dispersion curve of the waveguide in the intersection is negative which represents a 

negative group velocity. While in TWTs, the slope is positive. The basic 

configuration of TWTs and the BWOs is shown in Fig. 1.2. 
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(a) The basic configuration of TWTs; 

 

(b) The basic configuration of BWOs; 

Fig. 1. 2 The basic configuration of TWTs and BWOs. 

The azimuthal periodic slow-wave structure is the basis of magnetrons, as shown in 

Fig. 1.3 [5]. In magnetrons, the electrons are emitted directly from the cathode and 

then travel to the anode in the interaction region without the extra beam tunnel. Thus 

the structure of the magnetrons can be quite compact. The magnetrons are one of the 

most mature high power microwave devices. The anode and the cavity structure, the 

dimensions of the interaction region together with the axial length of the device play 

primary roles in determining the operating frequencies and the output mode. The 

magnetron has the disadvantage of being difficult to operate at high frequencies due 

to the dimensional limitations. 
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Fig. 1. 3 The basic configuration of a cylindrical magnetron (B is the magnetic field). 

1.2.2 Transition radiation 

Transition radiation [23] occurs when the electrons pass through a boundary between 

two media with different refractive indices, or through some perturbations in the 

media such as conducting grids, or plates. In radio-frequency tubes, these 

perturbations are grids. While in microwave tubes such as klystrons [24], they are 

short-gap cavities. The basic diagram of the klystron is shown in Fig. 1.4. In the first 

cavity, the beam interacts with a selected mode of the cavity and the fields associated 

with this electromagnetic mode modulate the axial drift velocities of the electrons. A 

space-charge wave is excited and the amplitude grows. In the drift space between the 

two cavities, the space-charge wave continues to grow and it bunches the electron 

beam at the same time. In the second cavity, the bunched electron beam excites the 

cavity mode and the electromagnetic fields is coupled out. Klystrons are the most 

common type of devices based on coherent transition radiation. Magnicons [25] are 

another type of transition radiation device and they have similar structures with 

klystrons. 
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Fig. 1. 4 Schematic diagram of a two-cavity klystron amplifier. 

1.2.3 Bremsstrahlung 

Bremsstrahlung is stimulated when relativistic electrons undergo oscillations which 

are transverse to the direction of the beam motion by the action of an external 

magnetic and/or electric fields [26]. In Bremsstrahlung devices, the coherence 

radiation needs to meet the condition that the electromagnetic waves whose 

Doppler-shifted frequencies coincide either with the oscillation frequency of the 

electrons, or its harmonic, which is 

)rmDoppler te(

)......3,2,1(    ,





zz

zz

vk

ssvk
           (1.2) 

where Ω is the frequency of periodic motions of the electrons. s is the resonant 

harmonic number.   and zk are the wave angular frequency and characteristic 

axial wavenumber, respectively. zv is the axial drift velocity of the electrons. 

Coherent Bremsstrahlung can occur when electron oscillations are induced either in 

constant or periodic fields. 
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The best known devices where the electrons oscillate in a constant magnetic field are 

the cyclotron resonance masers (CRMs). In CRMs, the Ω is the electron cyclotron 

frequency which follows 

)(/ 00 meB                 (1.3) 

where 0B is the axial magnetic field, and  is the relativistic factor. It is the basis of 

a number of electron cyclotron maser devices, such as the gyromonotrons, gyrotron 

traveling wave amplifiers (gyro-TWTs), the gyrotron backward wave oscillators 

(gyro-BWOs), gyroklystrons, gyrotwystrons, and cyclotron autoresonant masers 

(CARMs). A schematic diagram of a generic cyclotron resonance maser is shown in 

Fig. 1.5. A hollow electron beam gyrating in its Larmor radius interacts with an 

electromagnetic wave in a cylindrical waveguide with a constant magnetic field in 

axial direction to generate the coherent Bremsstrahlung radiation. 

 

Fig. 1. 5 Schematic diagram of a generic cyclotron resonance maser configuration. 

The most common devices based on the radiation produced when the electrons 

oscillate in a period magnetic field are the free-electron lasers (FELs) [27]. In FELs, 

the Ω is defined as 

wzzw vvk  /2               (1.4) 

where w is the period of a spatially varying undulator or wiggler which generates a 

periodic magnetic field. Fig. 1.6 is a basic diagram of the interaction between the 

beam and the wiggler in a FEL.  
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Fig. 1. 6 The interaction between the beam and the wiggler in an FEL [27]. 

Another special device can be arguably catalogued as Bremsstrahlung type is the 

vircator in which the electrons oscillate in their own electric fields [28, 29]. For a 

thin annular beam of radius br  propagating in a tube with constant radius R , the 

space-charge limiting current is given by [30] 

)/ln(

)1(

2

2/33/22

b

L
rRe

mc
I





             (1.5) 

In vircators, an electron beam in its space-charge limiting current propagates into a 

cylindrical drift tube whose radius has a sudden increase. When the wall radius 

increases, the space-charge limiting current drops and makes the electron beam 

current smaller. The space-charge force slows the electron beam and some of the 

current reverses its direction, producing a region with high space-charge density and 

electrostatic potential depression known as a virtual cathode. The location of the 

virtual cathode moves back and forth at roughly the beam plasma frequency. The 

electrons are reflected between the cathode and the virtual cathode. The interaction 

between the electrons and the oscillating electric field produces microwave radiation. 
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(a)           (b) 

Fig. 1. 7 Basic vircator diagrams: (a) axial extraction and (b) side extraction. 

1.3  Gyro-BWOs 

1.3.1 Introduction to the gyro-BWOs 

Gyrotron backward wave oscillators (gyro-BWOs) are gyro-devices based on the 

electron cyclotron maser instability [31-34]. In gyro-BWOs, the electrons gyrating in 

the external magnetic field interact with an oppositely propagating electromagnetic 

wave. Fig. 1.8 shows the dispersion diagram of a gyro-BWO with circular waveguide. 

The output frequency of the device can be described by the left intersection between 

the Doppler-shifted electron cyclotron mode and the electromagnetic waveguide 

mode. The electron cyclotron radiation line has the expression of 

 svk zz                (1.6) 

where   is the wave frequency. Ω is the electron cyclotron frequency described as 

equation 1.2. s is the resonant harmonic number. zk is the characteristic axial 

wavenumber. zv is the axial drift velocity of the electrons. The dispersion curve of 

the circular waveguide follows 

2
0

222
cz ck                  (1.7) 
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where c  is the speed of light and co is the cutoff frequency of waveguide mode. 

As shown in Fig. 1.8, zk in the interaction is negative and both of the group and 

phase velocities of the wave are negative which means an opposite propagating wave 

relative to the direction of motion of the electrons.  

  

Fig. 1. 8 Dispersion diagram of a gyro-BWO. 

The operation frequency of the gyro-BWOs can be continuously tuned over a broad 

frequency range above the cutoff frequency. It can be achieved either by tuning the 

magnetic field, which changes the electron cyclotron frequency   by the 

expression in Eq. 1.2, or by tuning the electron beam energy which changes the 

electron axial velocity zv . Compared with the other gyro-devices, gyro-BWOs have 

the unique capability of wide frequency tunability, and they have attracted 

tremendous research attention because an increasing number of applications require 

frequency tunability of the microwave devices, such as electron spin resonance 

(ESR), plasma diagnostics, and enhancement of the sensitivity of nuclear magnetic 

resonance (NMR) using dynamic nuclear polarization (DNP) [35]. 

The theoretical study of gyro-BWOs began in the mid 1960s. The interaction of 

weakly relativistic gyrating electrons with an opposite wave of constant amplitude 

was studied in paper [36]. A self-consistent treatment of the gyro-BWOs in which 

the effect of an electron beam on the wave amplitude was taken into account was 
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published in paper [37]. It was shown that the gyro-BWO’s equations could be 

reduced to the equations of the conventional BWO at small current and the maximum 

efficiency of the weakly relativistic gyro-BWO with constant external magnetic field 

was close to 20% if the electron velocity spread could be negligible. This formalism 

was later generalized for the case of relativistic gyro-BWOs [38]. In paper [38], the 

gyrating electrons were considered to interact with a transversely homogeneous 

electromagnetic wave propagating in a media with a phase velocity of nc / , where n  

is the refractive index. Then the procedure for deriving the equations in designing a 

relativistic gyro-BWO was described in detail in [39]. The gyro-BWO equations 

were derived in a general form allowing one to use them to design gyro-BWO’s with 

an arbitrary geometry of the interaction region. Linear theory then served as the basis 

for gyro-BWO design to predict the start oscillation conditions since the 1980’s. 

Orbit tracing techniques and particle simulations were then employed to investigate 

the nonlinear behaviour and to improve the design. 

The experimental study of gyro-BWOs began in the early 1990s. Experimental 

results on tuning the operating frequency by changing the magnetic field or beam 

voltage was reported in paper [40-42]. In paper [43], it was show that operating close 

to the waveguide cutoff frequency, the efficiency of a gyro-BWO can reach around 

20%. However, operating in the cutoff frequency region also means less frequency 

tuning range. 

Gyro-BWOs are based on fast wave interaction. Thus they do not need a slow wave 

structure to adjust the phase velocity of the electromagnetic field. They show higher 

power capability in the millimetre and sub-millimetre range compared with the 

conventional BWOs, because a smooth bore cylinder structure with high-power 

handling capability can be employed in the fast wave interaction. In the experiments 

reported in paper [44], megawatt output power was achieved by using high-current 

relativistic electron beams. 
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To pursue high-frequency operation, a strong magnetic field usually provided by a 

superconducting magnet is required. However, the complexity and the cost increase 

as the amplitude of the magnetic field increases. An alterative choice is to operate the 

gyro-BWO in harmonic mode, where mode competition and high oscillation 

threshold will become serious problems. Nonstationary behaviour and selective 

suppression of high order axial modes in the gyro-BWOs drew great attention in 

recent years in order to find a solution [45]. One method proposed to control the 

spectral purity and phase of the output signal using an injection locking technique 

was reported by National Tsing Hua University, Taiwan in [46]. The other way to 

suppress the unwanted oscillations is by modifying the geometry of the interaction 

waveguide and several structures have been developed. A sliced waveguide 

developed at UC Davis to interrupt the wall current of unfavorable modes was 

applied to the TE21 second-harmonic gyrotron traveling-wave-tube amplifier 

(gyro-TWTA), and the output power exceeded 207 kW at 15.7GHz [47]. A helical 

corrugated structure that changed the dispersion curve of the interaction waveguide 

was designed by a united effort by Vladimir Bratman’s group from the Institute of 

Applied Physics (IAP) in Russia and the group of Alan Phelps at the University of 

Strathclyde in the United Kingdom. It was reported that an X-band gyro-BWO with a 

helically corrugated waveguide achieved a frequency tuning range of 17% and 

16.5% electronic efficiency in 2005 [48]. A slotted structure which was initially 

applied in magnetrons was designed for a second-harmonic TE21 gyro-BWO at the 

National Tsing Hua University, Taiwan. The gyro-BWO achieved an electronic 

efficiency of 23% with a 3 dB tuning bandwidth of 9% in Ka-band [49]. 

1.3.2 Gyro-BWO research at the University of Strathclyde 

Conventional cylindrical waveguides were used in most of the gyro-devices. 

However, there are several disadvantages using cylindrical waveguide in 

gyro-BWOs. Firstly, when a gyro-BWO with cylindrical waveguide operating at a 
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frequency near cutoff with a weakly relativistic electron beam, the frequency tuning 

band is very narrow and the spurious gyrotron oscillations are easy to be excited if 

the group velocity and axial wave number are small. Secondly, when the gyro-BWO 

operates at frequency far from the cutoff with a relativistic electron beam, a much 

broader frequency tuning range can be obtained. However, they are very sensitive to 

the beam axial velocity spread which lowers the interaction efficiency. 

Research on gyro-BWOs based on a helically corrugated waveguide demonstrated 

excellent results in achieving high power and wide frequency tuneability. Helically 

corrugated waveguide changes the smooth waveguide dispersion in the region of 

close-to-zero to make it have large group velocity which ensures a broadband 

operation with minimum negative impact of the velocity spread. The idea was first 

published in the 19th international conference on infrared and millimeter waves by a 

united group from the Institute of Applied Physics in Russia and the University of 

Strathclyde, UK. 

The equation of the helical profile of the inner surface in a cylindrical coordinate 

system (r, Ө, z) can be written as 

)/2cos(),( 10 dzmRRzr B             (1.8) 

where 0R is the mean radius of the circular waveguide, 1R is the corrugation depth, 

Bm  is the folded number, and d is the longitudinal period of the corrugation. A 

profile of a three-fold helically corrugated waveguide is shown in Fig. 1.9 (a), and 

the electric field and magnetic field on the cross-section of the helically corrugated 

waveguide are shown in Fig. 1.9(b) and Fig. 1.9(c), respectively. At nonzero 

corrugation depth, two modes will couple when their axial and azimuthal wave 

numbers satisfy the synchronism conditions 

Bzz mmmdkk  2121
    ,/2            (1.9) 
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where kz1 and kz2 are the axial wavenumbers of the two coupling modes, and m1 and 

m2 are the azimuthal indices of the two coupling modes. 

In three-fold helically corrugated waveguide, the TE21 mode will be coupled with the 

TE11 circularly polarized mode of opposite rotation and generate a higher (W2) and 

lower (W1) operating mode, as shown in Fig. 1.10. The dispersion characteristics can 

be changed by choosing different corrugation depths and the corrugation periods to 

meet the needs in different applications. In the gyro-BWO, a constant group velocity 

in the operating frequency range is desired to achieve a wide frequency tuning band. 

 

(a) 

   

(b)             (c) 

Fig. 1. 9 (a) Profile of three-fold helically corrugated waveguide, (b) Electric field (c) 

magnetic field on the cross-section of the helically corrugated waveguide 
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Fig. 1. 10 The relation between the coupled waves and the new eigenwaves. 

An analytical method based on perturbation coupled wave theory has been developed 

to get a fast calculation of the dispersion curve of the operating mode [64]. The new 

dispersion curve caused by two coupled modes mj ff ,  will satisfy the following 

equation 

22222 )()( jmmjmj Shhhfhf               (1.10) 

where jmS is the coupling coefficient between the two coupled mode, from the 

perturbation theory, it has the following form 
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The dispersion relation for a TE/TM mode in the circular waveguide can be written 

as 

2222 )( hkhf jj  
              (1.12) 

While mode m is the negative spatial harmonic wave, the dispersion curve is left 

shifted by d/2  due to the periodicity of the helically corrugated waveguide, 

which is 

2222 )/2()( dhkhf mm  
           (1.13) 

mj  ,  are the transversal wave numbers of mode j and m . mj hh ,  are the 

longitudinal wave numbers of the coupled modes, k is the free-space wave number. 

jm  , are the root of the derivative of the Bessel function. 

Eq. 1.10 is a fourth-order linear equation. Given a wave number k , four eigenvalues 

can be solved from the equation. However, only two of them have practical physical 

meaning. If there is no coupling between the two modes, which is 0jmS , the eigen 

function will degenerates into two separate dispersion curve functions as ,0)(2 hf j  

and 0)(2 hfm , which denote the previous uncoupled eigenwaves. A detailed 

description of the multi-mode coupling theory for a higher fold number of the 

helically corrugated waveguide and the comparison with a five-fold waveguide for 

pulse compression is described in Appendix I. 

The output frequency of the gyro-BWO interaction can be calculated from the 

intersection of the dispersions of the eigenwaves and the electron beam cyclotron 

mode, as in the form of Eq. 1.6. 

In analogy to gyrotron interactions and paper [50, 51], it is possible for one to derive 

the gyro-BWO beam-wave dispersion 
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     (1.14) 

where 0 and 0z  are the beam initial pitch angle and relative velocity in the 

longitudinal direction respectively. g and   are the frequency and geometrical 

mismatches, respectively. H  is the relative frequency mismatch defined by the s 

harmonic of the electron cyclotron frequency and the wave frequency. The 

interaction frequency of the gyro-BWO can be calculated by solving the uncoupled 

beam-wave equation by setting C=0 in Eq. 1.14, i.e. the intersection of the 

eigenwave W1 and the beam dispersion line. In a general case, Eq. 1.14 has four 

)(hk  roots, with two real roots being the "hot" (electron beam present) eigenwaves, 

and a pair of conjugate complex roots, which are degenerate with the electron 

cyclotron mode due to the CRM interaction at and near the intersection when the 

beam parameters are suitably chosen. The negative imaginary number of the solution 

(Fig. 1.11, dashed line showing one such interaction for the gyro-BWO) gives rise to 

the oscillation that grows with time in the cavity and hence allows the starting 

condition and the small signal growth of the oscillation to be analyzed. 

The dispersion of the operating eigenwave can be found by measuring the phase 

evolution of a counter-rotating circularly polarized wave when it propagates through 

the waveguide by using a vector network analyzer (VNA). It can also be measured 

by detecting the polarization angle of a linearly polarized wave when it propagates 

through the waveguide by using a scalar network analyzer (SNA) [59]. In Fig. 1.11 

the measured results using the VNA method are shown and compared with the 

results simulated by MAGIC using the same operating eigenwave. In the simulation 

using the MAGIC code, a left-polarized circular wave of one frequency was injected 

into the right-hand helical waveguide, and a component of the electric field inside the 

waveguide was measured along the axial direction. The measured field was then 
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numerically analyzed and the axial wavenumber of the eigenwave was therefore 

obtained for that frequency [60, 61]. 

 

Fig. 1. 11 The operating dispersion of the helical waveguide. 

In the experimental research of helically corrugated waveguide, a Ka-band (26.5- 

40 GHz) gyro-BWO operating at the second cyclotron harmonic achieved a 

maximum output power of about 1 MW, 10% efficiency and a 15% frequency tuning 

range [52]. An X-band (7.0-12.5 GHz) gyro-BWO achieved a frequency tuning 

range of 17% and 16.5% electronic efficiency in 2005 [48]. As predicted in the study 

of a W-band (75-110GHz) gyro-BWO, it is possible to increase the frequency tuning 

band to more than 17% [53]. 

1.3.3 The efficiency of gyro-BWOs 

The disadvantage of gyro-BWOs is the low interaction efficiency compared with the 

gyromonotrons and gyroklystrons. In gyro-BWOs, the amplitude of the RF field 

increases as the RF wave travels to the entrance. In the entrance, the amplitude of the 
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RF field reaches its maximum and it causes an abrupt electron bunching, while the 

RF field is weak at the exit of the interaction region resulting in a weak beam-wave 

interaction. The electrons lose less energy to the wave and the efficiency is low. 

The overall efficiency is an important parameter for high-power microwave sources. 

For a given RF output power, higher efficiency means less primary power needed. 

Microwave sources with higher efficiency have less heat dissipation which means 

smaller cooling systems are needed. High efficiency is essential in space applications 

and some ground-based applications, such as deep space communication and mobile 

installations. 

Several methods have been developed to improve the efficiency of beam-wave 

interaction. One is to change the profile of the waveguide to obtain a higher 

electronic efficiency, such as employing a slot structure, helical structure, slice 

structure, and so on. The other way is to use a tapered magnetic field or tapered wall 

radius instead of the constant values. The tapered magnetic field was first known in 

gyromonotrons and it enhances the interaction efficiency dramatically from 36% to 

75% [54]. The idea was then introduced to a gyro-BWO and it was demonstrated that 

a proper linear tapering of the magnetic field can enhance the electronic efficiency 

from 14% (in the case of constant magnetic field) to 32% [55]. The theory of a 

gyro-BWO with a tapered magnetic field and waveguide cross section was discussed 

in paper [56] and the numerical simulation of the effects of tapering the magnetic 

field was presented in paper [57]. 

Ways to improve the electronic efficiency have attracted a lot of attention. However, 

once the microwave device has been established, the electronic efficiency would be 

fixed. Another option for enhancing the efficiency is to recover energy from the 

spent beam using single, or multi-stage, depressed collectors. It has been proven that 

it is an efficient way to improve the overall efficiency of microwave tubes, such as 

conventional klystrons, BWOs and TWTs [62, 63]. However, it is still a challenge to 
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employ a multi-stage depressed collector in gyrotron devices because the electrons in 

gyrotron devices always have large transverse velocity which makes the electrons 

hard to be sorted. Furthermore, the gyro-BWO has frequency tunability. The 

spent-beam properties are different for different frequencies. Therefore it makes it 

difficult to build an energy recovery system for a gyro-BWO. 

1.4  The purpose of the PhD study and achievements 

The purpose of the PhD study is to design an energy recovery system based on the 

current research of the W-band gyro-BWO at the University of Strathclyde. 

A schematic diagram of a W-band gyro-BWO experimental setup is shown in 

Fig. 1.12. The W-band gyro-BWO was predicted to operate in the frequency range of 

84 -104 GHz with a helically corrugated waveguide. It could achieve a frequency 

tuning range of 17% and 16.5% electronic efficiency [48]. 

The electron beam which was generated from the cusp electron gun [58] passed 

through the cutoff section and then entered into the interaction region. In the 

helically corrugated waveguide, the electron beam interacted with the backward 

propagating microwaves based on the cyclotron resonance maser instability and then 

was dumped onto a smooth waveguide which also acted as a beam collector. The 

generated microwaves firstly traveled in the upstream direction and then were 

reflected downstream because of the cutoff section and were finally extracted by a 

narrow band single-layer sapphire window. In the current experimental setup, there is 

no energy recovery system to collect the remaining energy from the spent electron 

beam. Thus the overall efficiency is completely determined by the electronic 

efficiency.  
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(a) 

 

(b) 

Fig. 1. 12 W-band gyro-BWO experimental setup, (a) schematic view, (b) 3D view. 

As the depressed collector has been proven to be an efficient method in conventional 

microwave devices, it is meaningful to investigate the possibility of using it in the 

W-band gyro-BWO. Also, after applying the depressed collector, the method that 

couples out the radiation needs to be changed. An upgrade to the current gyro-BWO 

device with a novel coupler and broadband window is necessary. These required 

microwave components are also the purpose of this PhD study. 

In this thesis, the following results have been achieved 
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1 A general-purpose optimization program based on a genetic algorithm was 

developed. It has the capability to work with various simulation programs such as 

CST microwave studio, Mician µWave Wizard, and the 3D PIC code MAGIC. The 

program provides the optimization routing for the design of the microwave 

components, such as the Bragg reflector, the side-wall coupler, the microwave 

windows, and also for the optimization of the potentials and the geometry of the 

depressed collector. 

2 Simulation codes based on the mode matching method were developed to 

simulate the S parameters of the Bragg reflectors. The simulation results agreed well 

with the result obtained by CST microwave studio while it is much faster than the 3D 

simulation to make the optimization possible. The measurement results were found 

agreed well with the numerical simulations. 

3 A side-wall coupler was simulated and optimized to extract the radiation out 

from the W-band gyro-BWO. The novel coupler has the advantage of not requiring a 

cut-off section to achieve a wide frequency band and a good coupling coefficient. 

Therefore, a high electron beam transportation rate to the interaction region can be 

achieved and to improve the interaction efficiency. The input coupler achieves an 

average -13 dB reflection over the designed frequency band. 

4 Equations to calculate different types of microwave windows were induced and 

highly efficient simulation codes were developed. The simulation codes were able to 

provide a closely comparable simulation result to CST microwave studio in less than 

four minutes, while CST microwave studio needs a few hours to complete the 

simulations. 

5 The depressed collector was designed and optimized by using the 3D PIC code 

MAGIC and 70% collection efficiency could be achieved by a four-stage depressed 

collector. 
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6 The experiment demonstrating the W-band gyro-BWO was carried out. Two 

Bragg reflectors, an input coupler, a pillbox window, and a three-layer window were 

machined and measured to compare with the simulation results. 

1.5  Thesis structure 

Chapter 1 presents the background of the microwave devices, and the basic 

principle of microwave generation. A brief introduction to the gyro-BWO is included 

as the background of this thesis. 

Chapter 2 introduces various optimization algorithms including their advantages and 

disadvantages. The genetic algorithm is chosen to optimize the microwave 

components as well as the depressed collector after the comparison. 

Chapter 3 presents the design of the side-wall coupler as well as the Bragg reflector. 

Detailed equations are included and the simulation and measurement results are 

discussed. 

Chapter 4 discusses different types of microwave windows. In this chapter, the 

detailed equations used to calculate the performance of the block-type and the 

pillbox windows are derived. The optimized simulation results as well as the 

measurement results are also given. 

Chapter 5 is a background study and a literature review of the depressed collector. 

The principle and different types of multi-stage depressed collectors were included 

and the models of the secondary electron emission were also discussed. 

Chapter 6 presents the particle-in-cell simulation results of W-band gyro-BWO and 

the depressed collector. The simulation included the overall efficiency with and 

without the depressed collector, the optimum potentials and the geometry of the 

electrodes, the effect of the secondary electrons and the heat dissipation on the 
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electrodes. The electric field inside of the depressed collector has also been 

simulated. 

Chapter 7 describes the gyro-BWO experiment setup and the experiment results, 

including electron beam voltage and current measurement, the magnetic field of the 

solenoid, and microwave radiation signal and the power supply for the depressed 

collector. 

Chapter 8 concludes all the previous chapters and outlines the future work. 
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Chapter 2  

Genetic Algorithm and Its 
Implementation 

2.1  Why optimization algorithm is needed? 

Several problems in designing the energy recovery system are essentially relevant to 

the optimization issue. For example, when designing the input/output coupler and the 

microwave window, there is no rigorous theory to provide the ideal geometry 

parameters. When calculating the Bragg reflector, there is no equations available to 

predict how many corrugated sections and what the dimensions of the sections are 

required to achieve a total reflection over the interested frequency range. Also, it is 

hard to determine the stage number of the depressed collector and the potentials on 

the electrodes as well as the geometry of the electrodes to achieve optimum 

collection efficiency when designing the multi-stage depressed collector. The way to 

find the best parameter set by enumerating all the possibilities will take up too much 

computing time. For example, suppose a problem to be solved has 10 variables and 

each variable has 10 possibilities, then the overall possibilities would be 1010. 

Unrealistic computing time is required to enumerate all the possibilities. Instead, an 

optimization algorithm by using a certain optimization strategy can be used to find an 

optimized solution in a reasonably short time. 

The optimization process plays an important roll in designing microwave 

components. In this chapter, several optimization algorithms commonly used are 

introduced and compared in section 2.2. Section 2.3 introduces the important 

concepts when implementing the genetic algorithm. Section 2.4 gives a brief 
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summary on the optimization program which can invoke the 3D PIC code MAGIC, 

CST microwave studio and Mician µWave Wizard to evaluate the parameters. 

2.2  Why genetic algorithm? 

Several optimization algorithms have been developed. Such as 

1 Enumerative method. In this method, every point in the searching space needs 

to be examined and the optimum solution is finally selected. The enumerative 

technique is easy to implement by changing each variable one at a time by a small 

step for a multi-variable problem. The results obtained from this method are reliable 

because all the possible values of the variables are evaluated and compared. However, 

it is the most costly option. The enumerative method should only be used in those 

problems where the number of variables is small as it's extremely low efficiency [1].  

2 Hill-climbing method. It is the simplest heuristic optimization technology based 

on randomization technique and iterative improvement algorithm. It is derived from 

the strategy that people used when climbing to the peak of the hill in the shortest 

time. People always choose the steep position as their next step. In the hill-climbing 

method, the initial position is chosen randomly. The neighbour with the biggest 

ascent gradient of the current point is chosen as the current position. After some 

iterations, the algorithm reaches its local maximum when no neighbours have a 

larger value than the current position.  

The hill-climbing method has the advantage that it is easy to implement. However, 

the derivative of the target function is required which means the objective function 

needs to be continuous in the searching space. It is not fulfilled for some complicated 

problems. The hill-climbing method can only provide locally optimum values, and 

these values depend on the selection of the starting points. Moreover, there is no 

general method to determine the errors between the local optima and the global 

optimum because the global optimum is still unknown. To avoid the hill-climbing 
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method being trapped in a locally optimal solution, a large number of different 

starting points can be chosen to repeat the same iterating process in the hope that at 

least some of these initial points have a path leading to the global optimum [2]. 

3 Simulated annealing method. It is based on the analogy between the simulation 

of the annealing of solids and the problem of solving large combinatorial 

optimization problems. In material physics, annealing denotes a physics process in 

which a solid is heated to liquid phase by increasing the temperature and then cooled 

down to solid phase. When the solid reaches its peak temperature, the particles of the 

solid randomly arrange themselves in the liquid phase. While as the temperature 

decreases, the particles arrange themselves in the low-energy ground state of 

corresponding lattices. At each given temperature, the solid reaches thermal 

equilibrium and the energy of the particles can be characterized by a Boltzmann 

distribution. When the solid reaches the quenching temperature, all the particles are 

frozen into the metastable amorphous structures resulting in a minimum energy. In a 

simulated annealing algorithm, a fixed point of the variable represents a particle in 

the solid, and the objective function is regarded as the energy of the particle. The 

objective function accepts a lower value with higher and higher probability as the 

temperature decreases. 

Simulated annealing is essentially a modified version of the hill-climbing method. 

The difference is the hill-climbing method only chooses the neighbour having the 

biggest positive gradient as the next point while the simulated annealing algorithm 

has the chance to accept a worse point under the Metropolis criterion 
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i. z is the distance of each step and f(i) is the objective function. The simulated 
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annealing algorithm thus has the ability of global optimization. However, it is not 

good in optimization problems that have multi-parameters [3]. 

4 Greedy algorithm. The greedy algorithm is an optimization strategy based on 

the truth that the optimum algorithms typically run through a sequence of steps. The 

strategy is simple and straightforward. For each choice of the steps, the algorithm 

always takes the action that looks best at the moment without worrying about the 

effect that these decisions may have in the future. That is, it always tries to reach the 

local optimum of each optimization step in the hope of reaching a global optimum. 

The greedy algorithm is easy to implement and quite efficient for some problems. 

However, the greedy algorithm does not always achieve a global optimum for it is 

shortsighted in taking the local optimum decision [4]. 

5 Ant colony optimization. The ant colony algorithm is derived from the 

observation of the real ant’s behaviour. The real ants can always find an optimum 

path from the nest to the food by exchanging information through a certain 

pheromone. At first, the ants wander randomly. When they find food, they will lay 

down pheromone trails to their colony on their way. The other ants will follow the 

trail if they find such a path and reinforce the pheromone if they eventually find the 

food. In ant colony optimization, the artificial ants are designed to simulate the 

behaviour of real ants. They can choose those paths having more pheromone with 

higher probability, leaving more pheromone on the shorter way to the food, and 

communicate with other ants by pheromone. 

The ant colony optimization can be used to solve computational problems which can 

be reduced to find good paths through graphics, such as the routing problem in 

telecommunications networks. It has the advantage over the other optimization 

algorithm when the graphic changes dynamically, such as the load in the routers. The 

ants have the ability to adapt their behaviour when the environment changes while 
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keeping a good path. The ant colony algorithm can be run continuously and adapt to 

changes in real time [5]. 

6 Genetic algorithm. It is a searching technology inspired by the mechanism of 

natural selection where stronger individuals have large a possibility to survive in a 

competing environment. In Darwin's theory of evolution, our physical feature is 

dominated by genes which are portions of chromosome. The stronger individuals can 

preserve their genetic information by inheritance and crossover to make their 

offspring have a higher probability of becoming the winner. The weaker ones also 

have the chance to be stronger by means of mutation. The final winner is thought to 

be the most fit in this environment. Genetic algorithm (GA) simulates the similar 

natural selection process when solving the optimization problems. It assumes that 

every possible solution of the problem is an individual (like the chromosome in 

biology) and it can be represented as a set of parameters (like the genes in biology). 

The individuals are examined by the fitness function (like natural selection) and then 

generate their offspring by inheritance, mutation and crossover. After a few 

generations, the one that has the best fitness is regarded as the optimum solution for 

the problem. 

The idea of the genetic algorithm was first introduced in the 1960s [6]. It is a mature 

technology after 40 years of development and has been widely used in various 

applications. It has been proven that the genetic algorithm performs well in problems 

in which the fitness functions are complex, such as those that are discontinuous and 

with many local optima. The major advantage of the genetic algorithm as a global 

search method is its flexibility and robustness. The other advantage is that it is 

readily amenable to parallel implementation because the individuals in the same 

generation can be examined at the same time thus making it ideal for large problems 

especially where the evaluation of the fitness of the individuals is time consuming. 

The genetic algorithm provides a common solution to many problems because it does 
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not need to know much detail about the problem. The only information needed is the 

fitness function of the individuals and the rough range of the variables. 

Among these methods, the enumerative method needs too much computing time 

when the searching space is large; hill-climbing method and greedy algorithm can 

find a local optimum solution, but not guaranted to find a global optimum; simulated 

annealing algorithm is not very good at solving multi-variable problems and the ant 

colony optimization is only efficient at solving the problems that can be reduced into 

finding good paths through graphics [7, 8]. The design of a multi-stage depressed 

collector is a multi-variable problem, for each stage can be regarded as a variable. 

Moreover, there is no significant relationship between the objective function and the 

parameters. The genetic algorithm could be a better choice in designing the 

depressed collector than the other optimization algorithms. As a common solution, 

the genetic algorithm can also be used to optimize the dimension of the input/output 

coupler, the Bragg reflector and the microwave window. 

2.3  The implementation of the genetic algorithm 

The flow chart of the genetic algorithm is shown in Fig. 2.1.  

At first, the variables of the problems acting as the genes are encoded and then joined 

together as bit strings which act as the chromosome. An individual which contains a 

chromosome is regarded as a possible solution of the problem. When the calculation 

begins, an initial population is generated with a number of individuals by a certain 

distribution function or randomness. The fitness of each individual in the population 

is then be evaluated and a proportion of the good individuals are preserved to be the 

members of the next generation. The other members are bred through genetic 

operations such as crossover and mutation. The evaluation and reproduction process 

are repeated until the evolution reaches the required generation number, or the 

optimum individual is thought to be good enough.  
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Fig. 2. 1 The flow chart of the genetic algorithm. 

There are several important processes when implementing the genetic algorithm. 

1 Encoding. Before the genetic algorithm runs, the variables are encoded as bit 

strings. Several encoding methods have been successfully developed, such as binary 

encoding, permutation encoding, value encoding and tree encoding. The binary 

encoding is the simplest and the most commonly used one. In binary encoding, the 

chromosome is encoded as a string of 0s and 1s. For example, a chromosome with 

four variables A, B, C, D can be encoded as binary string shown in Fig. 2.2. 

 

Fig. 2. 2 Schematic diagram of encoding operation. 

Other encoding technology such as permutation encoding is useful for ordering 

problems. Value encoding is suitable for complicated objects associated with real 
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numbers and characters, however, specific crossover and mutation operation should 

be designed for each specific problem. 

2 Selection. A good parent selection mechanism is necessary to produce good 

offspring. In general, the higher fitness the individual is, the higher possibility it is to 

be selected as a parent to reproduce the offspring. The most common selection 

technology is the Roulette Wheel Mechanism in which the probability of the 

individual being selected is proportional to the fitness of the individual. 

3 Crossover. Crossover is one of the basic operations of the genetic algorithm. 

The simplest crossover operation is the single-point crossover. It randomly chooses a 

locus and exchanges the subsequences before and after that, the locus between two 

chromosomes to create a new offspring. For example, if a crossover happens in the 

4th locus of the parent chromosome strings of 11001011 and 11011111, the offspring 

with chromosome of 11001111 is produced, as shown in Fig. 2.3. 

 

Fig. 2. 3 Schematic diagram of crossover operation. 

Other crossover methods based on single-point crossover, such as two-point 

crossover, uniform crossover and arithmetic crossover were developed in the hope of 

exploring the searching space in a more efficient way. 

4 Mutation. Mutation provides a small amount of random search in the solution 

space to ensure that every point in the solution space has non-zero probability to be 

searched. The operation is applied to the child individuals after crossover. The 

number of mutations is controlled by the mutation probability and the individuals are 

chosen randomly. For binary encoding, the mutation operation is implemented by 

flipping some bits (from 1 to 0 or 0 to 1) in the chromosome. For example, the 
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chromosome before and after the mutation operation applied on the 5th gene is shown 

in Fig. 2.4. 

 

Fig. 2. 4 Schematic diagram of encoding operation. 

5 Fitness function. It is derived from the problem to be solved and used to 

quantify the optimality of a possible solution. The fitness function gives a single 

numerical value that represents the “utility” or “ability” of the individual when given 

a particular chromosome (a possible solution). The efficiency of the genetic 

algorithm is greatly determined by the design of the fitness function. To reach a good 

efficiency, the fitness function should not have too many local maxima, or a very 

isolated global maximum. 

Several genetic algorithm packages using different programming languages are 

available, such as Genetic Algorithm Library by Mladen Jankovic in C++ [9], Java 

Genetic Algorithms Package (JGAP) in JAVA [10], Genetic Algorithm and Direct 

Search Toolbox 2.4 in MATLAB [11], MIT GAlib in C++ [12], and so on. In this 

thesis, MIT GAlib was chosen to optimize the design of the depressed collector, and 

the Direct Search Toolbox was used to optimize the Bragg reflector and the 

microwave window. MIT GAlib is a C++ Library developed by Massachusetts 

Institute of Technology which contains a set of C++ genetic algorithm objects. The 

library includes tools for using genetic algorithms to do optimization in any C++ 

program using any representation and genetic operators. The functions of the library 

could be easily modified and inserted into the multi-stage depressed collector 

simulation code which was also written in C++. The Bragg reflector code and 

microwave window codes were implemented in MATLAB by the mode matching 

method thus the Direct Search Toolbox was convenient to use. 
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2.4  Optimization of the depressed collector using MIT 

GAlib 

The modeling and simulation of the multistage collector is a challenging task 

because a large number of electrons including the secondary electrons need to be 

simulated in the electromagnetic fields in the collection region. Several 

particle-in-cell (PIC) codes can be used to simulate the multistage collector, 

including COCA, E-GUN 3D, MAFIA, MICHELLE, and MAGIC. However, most 

of these codes have a special purpose and are not available to our group and none of 

the source codes are available either for security or proprietary reason. The 3D PIC 

code MAGIC is commercial software and it is available in the university, thus it was 

chosen to simulate the multistage depressed collector. 

Unfortunately, MAGIC does not contain any optimization routines, therefore, an 

optimization program based on the MIT GAlib was developed to help in designing 

the depressed collector. In this program, the process of “Evaluate the fitness of each 

individual” in Fig. 2.1 was implemented by controlling the MAGIC without the need 

to know the source code. The flow diagram of this process is shown in Fig. 2.5. 

The optimization program firstly created an input file by filling the new set of 

parameters generated by the genetic algorithm to the template input file for MAGIC. 

Then MAGIC was invoked to simulate the new geometry and the result was read by 

the optimization program to evaluate the parameters.  

To invoke the MAGIC simulation program and monitor the state of the simulation, 

several API (Application Programming Interface) functions in the windows operating 

system were used [13]. The optimization program is able to run several MAGIC 

simulations at the same time to evaluate the individuals, therefore it can speed up the 

optimization process. 
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Fig. 2. 5 Flow diagram of the optimization program. 

The optimization program was then released as a general program which provides an 

optimization algorithm to the programs used in microwave research field, such as the 

CST microwave studio and the Mician µWave Wizard in a similar approach. A 

detailed description on the program can be found in appendix II. 

2.5  Conclusion 

Optimization algorithms such as enumerative method, hill-climbing method, 

simulated annealing method, greedy algorithm, ant colony optimization and genetic 

algorithm could be used in the design of depressed collector. Among these 

algorithms, genetic algorithm has the advantage in parallel running, and solving 

problems without knowing much detail about the problems. The simulation of a 

depressed collector is challenging work, because the trajectories of the spent 

electrons are not only dependent on the initial states of the electrons but also related 

to the geometry of the electrode and the potentials on the electrodes. The genetic 

algorithm can provide a general solution to such a complicated problem and an 

optimization program based on the MIT GAlib was developed to help to design the 
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depressed collector. The other genetic algorithm packet Direct Search Toolbox in 

MATLAB was used to optimize the input/output coupler, Bragg reflector and the 

microwave window. 
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Chapter 3 

Side-wall Coupler 

3.1  The background 

The initial experimental setup of the W-band gyro-BWO is shown in Fig. 3.1 (a). 

The hollow large orbit electron beam was emitted from the cusp electron gun and 

passed into the helically corrugated interaction waveguide to generate microwave 

radiation. A microwave cut-off filter was placed before the interaction waveguide to 

reflect the microwaves downstream, where it was extracted out by a microwave 

window. However, when we applied a depressed collector to recover the energy from 

the spent electrons at the end of the interaction region, the path for the microwaves 

would be blocked and the microwaves could not be extracted from the axis direction. 

An alterative method is to extract the generated microwave by a coupler from side of 

the beam tube either before or after the interaction region.  

Meanwhile, a W-band gyro-TWA is under development based on the experimental 

setup of the gyro-BWO. They share the same cusp electron beam gun, the solenoid 

systems as well as the helically corrugated interaction waveguide with different 

dimensions. The gyro-TWA was predicted to achieve a saturated gain of 40 dB, and 

an output power of 5 kW in the frequency tuning band of 90 - 100 GHz [1]. As 

shown in Fig. 3.1 (b), the seed microwave is coupled into the system between the 

electron beam gun and the interaction region, and the amplified microwave is 

extracted out at the downstream from the input coupler by a broadband, 

low-reflection window. To meet the requirement of both devices, the coupler was 

placed upstream, between the cathode and the interaction waveguide [2, 3]. 
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If the side-wall coupler can not extract the entire generated microwave radiation, the 

rest of the microwaves will travel downstream and enter into the collection region. 

To avoid the rest of the microwaves affecting the spent beam in the depressed 

collector and to increase the microwave output power, a Bragg reflector was inserted 

between the interaction region and the depressed collector to act as a waveguide 

short and to reflect the rest microwave radiation back upstream, as shown in 

Fig. 3.1 (c).  

 

(a) Original experimental setup of the gyro-BWO; 

 

(b) Experimental setup of the gyro-TWA; 

 

(c) Experimental setup of the gyro-BWO with collector; 

Fig. 3. 1 Diagram of the input and out of the gyro-BWO/TWA. 

In this chapter, the design of a side-wall coupler and a Bragg reflector is introduced. 

The principle of the Bragg reflectors including the sinusoidal ripple waveguides and 

the rectangular corrugated waveguides are introduced and the simulation results are 

presented in section 3.2. In section 3.3, the side-wall coupler which was used to 
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convert the TE11 mode of the circular waveguide to the TE10 mode of the rectangular 

waveguide was designed and optimized for the gyro-BWO in frequency range of 84 - 

104 GHz, which covers the frequency band of the gyro-TWA from 90 - 100 GHz. 

3.2  Bragg reflector 

The structure inserted between the interaction region and the depressed collector 

should have the function of reflecting the generated microwave radiation back 

upstream without blocking the path of the spent electrons to the collection region, 

which indicated that the designed structure should have high reflectivity in the 

operating frequency range, which is 84 - 104 GHz, and also the minimum radius of 

the structure should be larger than the radius of the beam tube. 

Extensive theoretical and experimental research indicated that a near unity reflection 

could be achieved by a Bragg reflector composed of a cylindrically symmetric 

corrugated structure. One of the most important applications of Bragg reflectors was 

the Bragg resonator, which comprised two Bragg reflectors separated by a smooth 

waveguide. Bragg resonators had become the most suitable cavity structures for the 

cyclotron autoresonance maser (CARM) and the free electron laser (FEL) [4, 5]. 

There are basically two types of structures. One is the non-uniform waveguide with 

smooth variations on the cross section along the axis. The other is with discontinuous 

corrugations. 

The study on the non-uniform waveguide with smooth variations on cross section 

along the axis was first studied by Solymar in 1959 [6]. In this paper, the 

non-uniform waveguide was regarded as a system of coupled transmission lines, 

where the coupling coefficients were functions of the z axis. The field intensities in 

the non-uniform waveguide were represented by equivalent voltages and currents. 

The reflectivity can be evaluated from solving the differential equation of the 
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generalized telegraphist’s equation and the boundary conditions [7, 8]. The details 

can be referred from appendix III. 

3.2.1 Sinusoidal ripple waveguide 

A simple corrugated depth distribution is when the waveguide has a weak 

axisymmetric sinusoidal ripple in the waveguide wall having the expression [9, 10] 

)cos()(' zkhazR b              (3.1) 

where a is the mean radius, h is the corrugation amplitude, and 2π/kb is the period of 

the ripple. Assume the generalised telegraphist’s equations have a solution with the 

form of jkzezfA )( , where kz is the axial wavenumber. In this case, the reflected 

wave term is only important when the Bragg condition 02  bz kk is satisfied. And 

the equations for the mode amplitude are a pair of first-order homogeneous linear 

differential equations as 
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where )tan/( hHG   bz kk  2 , and H is defined by A.18 in appendix III. 

The general solution of the equation is 
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where 222 G  and c1 and c2 are determined by the boundary condition. If the 

waveguide connected to both sides of the Bragg reflector are matched and no 

reflection is produced, the boundary conditions for the rippled waveguide are 
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And the solution for the boundary conditions is 
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The reflectivity in this case is 
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To obtain a high reflectivity, G which means 0  is always chosen. At the 

centre of the reflection band ( G  ,0 ), the reflectivity is 

)(tanh 2 GLR                  (3.7) 

The expression of G can be simplified as  
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Since G is linearly proportional to the ripple depth, the longer the reflect section is, 

and the deeper the ripple is, the higher reflectivity can be obtained. And also, the 

Bragg reflectors with deeper ripples have broad bandwidth. 
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3.2.2 Rectangular corrugation reflectors  

The previous analytical theory assumes a slow and weakly varying corrugation in the 

reflector. However, the theory is not suitable for a reflector with step discontinuities, 

such as rectangular corrugation reflectors shown in Fig. 3.2. The sinusoidal ripple 

reflectors have a half period radius smaller than the beam tube, while the rectangular 

corrugation reflectors [11-15] do not have such limitation and the radii of the 

corrugated sections can be configured flexibly. 

 

Fig. 3. 2 Reflector with corrugated sections. 

The mode matching method can be used to carry out the numerical simulation of the 

reflectivity of the discontinuous waveguides. In this approach, the waveguide is 

decomposed into a discrete number of modules. Each module consists of an abrupt 

junction of two circular waveguides with different diameters, as shown in Fig. 3.3. 

 

Fig. 3. 3 Single module of discontinuous waveguide. 

The wave propagation in such a waveguide step can be analytically evaluated by 

matching the fields on the discontinuous position [17]. As shown in Fig. 3.3, the 
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transverse field E and H can be expensed in terms of the eigenmodes ii he  , of the 

waveguide in region I as 
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where AmI is the amplitude of the forward propagation wave (from region I to region 

II) and BmI is the amplitude of backward propagation wave (from region II to region 

I). ZmI is the characteristic impedance of the mode and M is the number of 

eigenmodes to be calculated. Theoretically, M , while in practice, M is 

governed by the relative convergence phenomenon. 

The field in region II can be expressed as 
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where AnII is the amplitude of forward propagation wave (from region II to region I) 

and BnII is the amplitude of backward propagation wave (from region I to region II). 

ZnII is the characteristic impedance of the mode in region II. N is the number of 

eigenmodes to be calculated. It is suggested that by choosing III / aMaN  this help 

by converging to the correct values. Here Ia and IIa are the radius of the waveguide 

in region I and II, respectively. 

Apply continuity of the tangential E and H  across the discontinuous area and 

forcing zero tangential electric field on the wall of the larger guide, we have the 

following relation between the modal amplitudes of the forward and backward wave 

in the discontinuous waveguide. 
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where I is the unit matrix; Av and Bv (v=I, II) are column matrix composed by Akv 

(k=1…M) and Bkv (k=1…N). ZI is M×M diagonal matrix of the modal impedances in 

region I, that is 
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YII is N×N diagonal matrix of the modal admittances for region II, that is, 
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P is N×M mode coupling matrix and given by 
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The wave impedances for a circular waveguide with radius a are 
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where μ is the permittivity of the material filled in the cavity; ε is the dielectric 

constant of the material; ω is the frequency of the wave; βmn is the propagation 

constant that can be expressed as 
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where mn  is the nth zero of Jm and J is the first kind of Bessel function. 

There is no coupling between two waves with different azimuthral indices. In paper 

[14], the coupling coefficients for an axisymmetric waveguide were given as follows 
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where '
mn  is the nth zero of '

mJ  and J’ is the derivate of first kind of Bessel 

function. 

 The scattering matrix is then used to define the interaction between the initial 

state and the final state. For example, Eq. 3.11 can be rewritten by introducing the 

scattering matrix S. 
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The elements of S can be calculated from Eq. 3.11 and Eq. 3.18 and the results are 
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Eq. 3.17 is used when   aa . When   aa , the scattering matrix becomes 
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The scattering matrix for a waveguide length of L can be written as 
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SV is a V×V diagonal matrix with the elements L
vv

mneS  . By cascading all the 

scattering matrixes along the discontinuity waveguide, we can obtain the overall 

scatter matrix S0. Consider a system with two scatter matrix shown in Fig. 3.4, the 

relation between the overall scattering matrix and the local scattering matrixes is 
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Fig. 3. 4 The relation between the overall and local scattering matrices. 

The overall scattering matrix S0 can be solved as 
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The overall scatter matrix of the reflector with more than two scattering matrices can 

be calculated by repeating the process of cascading two scatter matrixes. Suppose the 

reflector is terminated by matching loads at the end of both sides, and a wave 

propagates from the left to the right, we have 0' B . For the reflected modes, we 

have   ASB 0
11 ; for the transmitted modes, we have   ASB 0

12I . The reflectivity of 

the reflector can be obtained from 0
11S . 

3.2.3 Simulation result of the Bragg reflector 

A Bragg reflector with sinusoidal ripple waveguide was calculated. As in our 

application, the mode of the generated microwaves is TE11. The frequency range is 

84 ~ 104 GHz, and the centre frequency is 94 GHz. The ripple period d can be 

evaluated from the Bragg condition, which is 
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 To have a high reflectivity (90%) in the centre of the frequency band, the value 

of GL should be as large as possible, which means Lh  ,  should be as large as 

possible. However, the maximum bandwidth can reach is only 1.3 GHz, as shown in 

Fig. 3.5. It is obvious that the sinusoidal ripple Bragg reflector can not achieve this 

requirement.  
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A program based on the formula in section 3.2.2 was developed to calculate the 

scattering parameters of the rectangular corrugated reflector. In the simulation, it was 

found that the more corrugated sections, the wider the bandwidth of the higher 

reflectivity that could be achieved.  

 

Fig. 3. 5 The reflectivity when the parameters are a=1.3mm, h=1.04mm, 

L=454.96mm. 

The genetic algorithm described in chapter 2 was used to optimize the corrugated 

sections. To reduce the machining difficulty, all the lengths of the sections are set as 

the same value. The radii of the corrugated sections are set at different values. In our 

application, the magnetic field reduced as the distance away from to the solenoid 

increases, the radius of the spent electron beam increases. Thus we set the radius of 

the corrugated sections gradually increases as the distance to the solenoid. The 

optimized range of the radii of the corrugated section whose distance is less than 

45 mm to the beginning position is in the [1.3mm, 2.0 mm] range. The radii of the 

corrugated section whose distance is larger than 45 mm to the beginning position is 
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[2.0 mm, 3.0 mm].  The range of the length of the corrugated sections is [2.0 mm, 

5.5 mm]. 

In the optimization program, the population, the crossover probability and the 

mutation probability were set as 20, 0.85, and 0.05, respectively. The evaluation 

function was chosen as  
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where x1,…xn are the parameters to be optimized. F is the frequency index in the 

calculated frequency range, N is the number of frequencies to be calculated, A11 is 

the absolute value of the complex S11 parameter of the reflector for the TE11 mode in 

the calculated frequency point. 

Fig. 3.6 shows the optimized result of a Bragg reflector with 18 corrugated sections. 

It achieved a high reflection over a much broader frequency band when comparing 

with the sinusoidal Bragg reflector. The outer diameter of the Bragg reflector was 

8.00 mm. The diameter of the first section was set as the diameter of the helically 

corrugated waveguide, which was 2.60 mm. The diameter of the last section was set 

as 6.00 mm. The length of the first section and the last section were set as 7.19 mm 

and 7.37 mm, and the length between them was the optimized value of 4.09 mm. 

 

 

(a) 
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(b) 

Fig. 3. 6 The geometry (a) and the scattering parameter (b) of the optimized 

18-section Bragg reflector. 

The machining tolerance of the Bragg reflector was also studied. The biggest 

tolerance in the machining process was set as ±10 μm. The evaluation function for 

the genetic algorithm can be revised as 
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where x1,…xn are the diameters of the optimized Bragg reflector, as shown in 

Fig. 3.6. u1,…un are the machining tolerances of the corrugated sections. F is the 

frequency index in the calculated frequency range, N is the number of frequencies to 

be calculated, A11 is the absolute value of the complex S11 parameter of the Bragg 

reflector for the TE11 mode in the calculated frequency point. The lower boundary of 

the S11 parameter was recorded and is shown in Fig. 3.7. It shows that the reflection 

at frequency 89.8 GHz is sensitive to the tolerance which was set at 20 μm. 
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(a) 

 

(b) 

Fig. 3. 7 The scattering parameter considering the tolerance of the Bragg reflector (a) 

the whole bandwidth, (b) detail view. 
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3.3  Side-wall coupler 

3.3.1 The basics concept of the side-wall coupler 

The general geometry of the side-wall coupler is a circular-to-rectangular T-junction, 

as shown in Fig. 3.8. The T-junction can be used in many applications, such as 

ortho-mode transducer (OMT) [18], polarizer and microwave filter [19]. The 

scattering parameters of the circular-to-rectangular T-junction can be easily 

calculated by software based on the finite-difference time-domain method (FDTD), 

such as CST microwave studio transient solver. However, finding an analytical 

solution for the T-junction is meaningful for it can not only greatly reduce the 

calculation time, especially when optimization of the structure is required but also 

can make high order mode information available. Several papers have been 

published on the calculation of the scattering matrix of the circular-to-rectangular 

T-junction using mode matching method or method of moments [16~19]. In our 

calculation, the formula developed in [17] was used. 

 

Fig. 3. 8 Geometry of the circular-to-rectangular coupler. 

The transmission coefficient from TE10 mode of the rectangular waveguide to the 

TE11 mode of the circular waveguide can be simply evaluated by Eq. 31 in paper [19]. 

The formula can also be used to optimize the dimension of the rectangular slot (a, 
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and b) to achieve an optimized transmission coefficient in the operating frequency 

range when the radius of the circular waveguide R is fixed. 

A genetic algorithm was used in the optimization of the value of a and b. In the 

optimization, R was chosen as the real dimension of the designed gyro-BWO/TWA, 

which is 1.25 mm. The value range of a was chosen from 1.79 mm (cut-off 

frequency at 83.8 GHz for TE10 mode) to 2.88 mm (a wavelength of TE11 mode in 

the frequency of 104.0 GHz). asb  , where s = [0.4, 0.65]. The calculation 

frequency range was 84 - 104 GHz. The evaluation function was set as 

NFbaAbaf
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where F was the frequency index in the calculated frequency range, N was the 

number of frequencies to be calculated, A12 was the absolute value of the complex S12 

value of the TE10 mode in port 2 coupled to the TE11 mode in port 1. However, even 

under the optimized dimension, the transmission coefficient was still not good. As 

shown in Fig. 3.9, the transmission coefficient for TE10 mode of port 2 to TE11 mode 

of port 1 was only about -4 dB.  

 

Fig. 3. 9 Reflection and transmission coefficient of the coupler (R=1.25 mm, 

a=1.88 mm, b=0.98 mm). 
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3.3.2 Side-wall coupler with cut-off waveguide 

In practical application, a cut-off waveguide was always added to the end of circular 

waveguide to enhance the transmission coefficient [3, 20], as shown in Fig. 3.10. 

 

Fig. 3. 10 Circular-to-rectangular coupler with cut-off waveguide, (a) 3D view, (b) 

front view, (c) component connection. 

A generalized scattering matrix method can be employed to analyze this 

structure [21]. The connection of the side-wall coupler with the cut-off waveguide is 

shown in Fig. 3.10 (c). The port 1 of the T-junction was connected with a circular 

waveguide with radius of R and length L1 (W.G. 1). Port 2 is connected by a 

rectangular waveguide with dimension of a, b and length L2 (W.G. 2). Port 3 is 

connected by a circular waveguide with radius R and length L and then followed by a 

step of circular waveguide with radius from R to Rc, then finally connected with the 

circular waveguide with radius Rc and length L3. 

Among the waveguide components, the scattering matrix of a waveguide with length 

L, either circular or rectangular waveguide, can be written as Eq. 3.21. The scattering 

matrix of the circular waveguide step by using mode matching method can be 
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referred to section 3.2.2. The scattering matrix of the whole structure can therefore 

be calculated by cascading the scattering matrix of each component together. 

Fig.3.11 shows a three port microwave component connecting with a two port 

microwave component, and the scattering matrix can be written as Eq. 3.28. The 

calculation process is similar to Eq. 3.22. 

 

Fig. 3. 11 Cascading a 3-port S-matrix with a 2-port S-matrix. 
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The transmission coefficient for the circular-to-rectangular waveguide connecting 

with a cut-off waveguide with different radius Rc and length L is shown in Fig. 3.12. 
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(a) (L=0, Rc is in mm) 

 

(b) (Rc =0, L is in mm) 

Fig. 3. 12 The transmission coefficient in (a) L=0, (b) Rc =0. 
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It can be seen from Fig. 3.12(a) that the transmission coefficient is improved by the 

reducing of Rc when L=0. A simple explanation is that the electromagnetic wave is 

stopped propagating to port 3 and it either travels back to port 1 or can be coupled 

out from port 2 to improve the transmission coefficient. As from the simulation, the 

higher reflection caused by the circular waveguide step, the higher transmission 

coefficient it can achieve. The waveguide short has a perfect reflectivity 1 in the 

whole frequency band and achieve the best transmission coefficient. 

As shown in Fig. 3.12(b), the bandwidth of the coupler, which is defined as -1dB 

transmission, increases as the length is reduced of the connecting waveguide L when 

a waveguide short is connected (Rc = 0). Such cut-off waveguide has a unity 

reflectivity; the only parameter that can affect the bandwidth is the phase of the 

scattering parameter. The phase angle shift of the TE11 mode by a circular waveguide 

with length L can be evaluated by Eq. 3.21. The waveguide short has a constant 

phase angle shift of 180º. The overall phase shift by the cut-off waveguide is 

2 2 1/2( [(1.842/ ) ( / ) ] )( , ) 2(Angle( ) 180)R c LP L e               (3.29) 

where function Angle is used to calculate the phase angle of a complex value. The 

phase angle spread here is defined as  

)),(),((360)( 21  LPLPLPs            (3.30) 

where ω1 and ω2 are the start and stop frequency in the calculation. Fig. 3.13 shows 

the relationship between the phase angle spread and the frequency bandwidth for the 

coupler with a waveguide short. It can be seen that the phase angle spread in the 

frequency range becomes larger as L increases. The larger the phase angle spread, the 

narrower the bandwidth is. Whe n L=0, P(ω) is a constant, no phase angle spread 

exist, thus it has the maximum bandwidth. Another interesting result is that the centre 

of the bandwidth is shifted as L changes. Thus it is possible for us to move the 

bandwidth to our desired range by changing the value of L. 
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Fig. 3. 13 The phase angle spread vs. the bandwidth. 

The cut-off waveguide is a normal solution to improve the transmission coefficient. 

The requirement is that the radius of the cut-off waveguide needs to be reasonably 

small. For a low frequency microwave device, such as the X-band gyro-BWO/TWA, 

it is easier to make the radius of the cut-off waveguide small to satisfy the 

requirement while keeping it larger than the radius of the electron beam generated 

from the electron gun. For the cusp electron gun designed for the W-band 

gyro-BWO/TWA, the average radius of the electron beam is about 0.42 mm when 

beam alpha is 1.56 [22], and the radius of the electron beam becomes larger with the 

increase of the alpha value. When conducting high alpha experiments, the cut-off 

waveguide will stop part of the electron beam from passing through, and seriously 

affect the performance of the device. It is important that if we are able to find a 

structure that can not only act like a cut-off waveguide, especially a waveguide short, 

but also let the electron beam pass through freely. In our application, the minimum 

radius of the structure is desired to be larger than beam tube of the W-band 

gyro-BWO/TWA, which is 1.25 mm. 
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3.3.3 Side-wall coupler with Bragg reflector 

It is well known that, the structure with rectangular corrugated sections can act as a 

filter if it is properly designed. It can achieve high reflectivity in a wide frequency 

band just like a waveguide short. The detail of the Bragg reflector can be referred in 

section 3.2. 

However, the phase spread of a normal Bragg reflector usually covers the whole 

phase range from -180º to 180º. As can be seem from Fig. 3.13, a large phase spread 

will limit the frequency band. Therefore, the designed Bragg reflector requires not 

only have a high reflectivity but also a small phase spread in the operating frequency 

range. 

To find such a Bragg reflector, the optimization program using a genetic algorithm 

was used to optimize the parameters, including the radii and the length of the 

corrugated sections. The radius of the corrugated section was limited in the range of 

[1.25, 2.50 mm]. The length of the corrugated section was chosen in the range of 

[0.50, 2.00 mm]. And the evaluation function for the genetic algorithm was chosen as 
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where x1,…xn are the parameters to be optimized. F is the frequency index in the 

calculated frequency range, N is the number of frequencies to be calculated, A11 is 

the absolute value of the complex S11 parameter of the Bragg reflector for the TE11 

mode in the calculated frequency point, P11 is the phase angle of the complex value 

of S11, 11P is the average phase angle, and W is the weight of the phase angle spread 

compared with the reflectivity spread. In the simulation, we found that the phase 

angle spread has greater effect on the overall transmission coefficient. Therefore we 

chose the weight value as 2. A Bragg reflector with more sections can achieve wider 
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bandwidth of high reflectivity, but it is harder to get a small phase angle spread. In 

our optimization, the section number was chosen as 14. Fig. 3.14 shows the geometry 

and the result of the optimized structure. The reflectivity is larger than 0.85 and the 

phase angle spread is about 133º. From Fig. 3.13, it can be predicted that the 

bandwidth will be in the range of 15-18 GHz. 

The Bragg reflector was then connected to the circular-to-rectangular coupler. The 

transmission coefficient of the whole structure is shown in Fig. 3.15. The -1 dB 

transmission band is from 83.5 - 101.0 GHz, about 17.5 GHz. It is excellent in the 

gyro-TWA operating frequency range from 90 - 100 GHz. However, the bandwidth 

is still not enough for the gyro-BWO. Since 17.5 GHz bandwidth was the maximum 

we could achieve when the beam tube was limited at 1.25 mm, we can only scale 

down the whole structure to achieve a ~20 GHz bandwidth. Fig. 3.15 shows the 

transmission coefficient when the scale factor is 0.96 (the radius of the beam tube is 

1.20 mm), the bandwidth is about 19.5 GHz (from the result of CST microwave 

studio), and the other S parameters are shown in Fig. 3.15 (b). And the length of the 

corrugated sections also need some slight adjustment to get the best result. In this 

structure, the length of the first corrugated section was changed from 0.30 mm to 

0.38 mm, and the length of the rest corrugated sections was changed from 0.77 mm 

to 0.76 mm. 

 

(a) 
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(b) 

Fig. 3. 14 The geometry (a) and S-parameters (b) of optimized Bragg reflector with 

14 corrugated sections. 

 

(a) The simulation results by CST microwave studio and mode-matching method; 
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(b) the scattering parameters of the coupler; 

Fig. 3. 15 The transmission coefficient of the whole structure. 

Another optimization calculation was carried on by putting the whole coupler 

structure into the calculation. It was much more time consuming than only 

optimizing the Bragg reflector. However, we did not need to look at the phase angle 

spread caused by the Bragg reflector. The parameter we were concerned with was the 

transmission coefficient from TE10 mode in port 2 to TE11 mode in port 1. Fig. 3.16 

shows the optimization results when the radius of the beam tube is 1.25 mm. It has 

the bandwidth of 18.0 GHz (from the result of CST microwave studio). The 

dimensions of the Bragg reflector in Fig. 3.15 and Fig. 3.16 are quite different. That 

means that there exist many possible solutions for such problem. 
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Fig. 3. 16 The results by optimizing the whole structure. 

In our final design, the radius of the beam tube was chosen as 1.20 mm as it could 

provide wider bandwidth. The effect of the tolerance of the input/output coupler from 

machining was also calculated. Each parameter of the structure was with a machining 

tolerance between ±5μm. The lower boundary of the coupler coefficient was shown 

in Fig. 3.17. Case 3991 in Fig. 3.17 indicates one of the simulation results caused by 

the tolerance. It was found that the tolerance of the length of the first corrugated 

section brought the most serious effect to the transmission coefficient. It caused the 

shift of the frequency band, as we predicted in section 3.3.2. The other parameters 

did not cause much effect on the transmission coefficient. 
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Fig. 3. 17 The transmission with consideration of the tolerances. 

3.4  Manufacture and measurement results 

The manufacture of the microwave components in W-band are difficult jobs because 

of the small size and tight tolerances required. As from the simulation, the tolerances 

of the dimensions should be within 10 μm. Also, for gyro-BWO experiments, the 

vacuum level is kept under 10-7 mBar in order to keep the thermionic cathode in a 

stable working condition. The vacuum sealing requirement makes the components 

even harder to be fabricate because some of them can not be machined in a single 

copper piece which results in a complicated brazing process. 

The Bragg reflectors were machined by an electrical chemical method. In this 

method, the positive formers of the components are machined from Aluminium, then 

copper was electroformed on the former, finally the Aluminium mandrel was 

dissolved away by an alkali solution so that the copper components are formed. The 

microwave components in this method are made by a single copper piece and they 
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are inherent vacuum tight. The drawback of this method is that the grown copper 

layer is not as solid as the copper bar because the component is actually grown layer 

by layer. It has some risk that it can not be brazed well with the other components 

like the pillbox window as the thermal properties of joining material do not match 

very well. 

The Aluminium former of the Bragg reflector are shown in Fig. 3.18. The first one in 

Fig. 3.18(a) is the 18-section Bragg reflector placing between the interaction region 

and the depressed collector. The second one is the 14-section Bragg reflector for the 

side-wall input coupler. Fig. 3.18(b) and Fig.3.18(c) are the Bragg reflector after 

growing copper on the Aluminium former. 

 

(a) 

 

(b)        (c) 

Fig. 3. 18 The machining of the Bragg reflectors (a) the Aluminium former, (b) the 

18-section Bragg reflector (c) the 14-section Bragg reflector. 



 74 

A network analyzer was used to measure the microwave properties of the 

components. The network analyzers are the most complex and versatile pieces of test 

equipments in microwave engineering. They have been widely used for research 

purpose and the product testing. There are two types of network analyzers; one is 

scalar network analyzer (SNA) which can only provide the amplitude of the 

transmission and reflection of the test waveguide components, the other is vector 

network analyzer (VNA) which can not only provide the amplitude information but 

also the phase information. 

In the measurement, the Anritsu ME7808B VNA was used to measure the 

components, which is shown in Fig. 3.19. The ME7808B broadband VNA is a high 

performance measurement instrument that covers the frequency range from 40 MHz 

to 110 GHz in a single fast sweep. It was built on the advanced technology of the 

Anritsu Lightning 40 MHz to 65 GHz VNA and the 65 - 110 GHz millimetre Wave 

modules using a unique multiplexing coupler design. It consists of a Lighting 

37397D 65 GHz VNA; two millimetre wave modules (3642A series) - extended 

W-band (WR-10) and two 20 GHz ultra-low phase noise frequency sources. With 

different extended oscillation heads its frequency range of operation can be extended 

to cover 140 - 220 GHz (WR-05 heads) and 325 - 500 GHz (V02.2VNA2-T/R 325 - 

500 GHz high frequency heads) [23].  

The setup for S-parameter measurement for the Bragg reflector used at the end of the 

interaction region is shown in Fig. 3.20 (a). As the output of the VNA port is a 

rectangular waveguide, two rectangular to circular waveguide converters were 

needed at both ends of the VNA output port. And also the waveguide holders at the 

both sides were used to keep the alignment of the Bragg reflector. Before measuring 

the Bragg reflector, the scattering parameters of the other components are measured 

as background. Then scattering parameters of the Bragg reflector are calculated from 

the results with and without the Bragg reflector. The results are shown in Fig. 3.20 (b) 

and Fig. 3.20 (c). The mode-matching and CST microwave studio simulation results 
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on the S21 agree well with the measurement result. The S11 measurement results 

agree well with the simulation results except in the frequency range 96 - 100 GHz. It 

is caused by the imperfect alignment of the circular taper and the Bragg reflector that 

make the energy in this frequency range trapped inside the Bragg reflector. This 

problem also exists when measuring the 14-section Bragg reflector as well as the 

microwave windows. A further improvement of the alignment is very difficult due to 

the small dimensions in the W frequency band. Even a small angle in the 

misalignment will cause a big difference in the measurement. 

 

Fig. 3. 19 The Anritsu ME7808B VNA system. 
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(a) The measurement setup of the Bragg reflector; 

 

(b) The transmission of the Bragg reflector; 
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(c) The reflection of the Bragg reflector; 

Fig. 3. 20 The measurement results of the Bragg reflector. 

The one port measurement is applied to the Bragg reflector for the input coupler due 

to the lack of the extra circular waveguide taper shown in Fig. 3.21. Only the 

amplitude and the phase of the S11 can be measured in this case. The phase 

information is more important as discussed in section 3.3. To get the phase 

information of the Bragg reflector, the rectangular-to-circular converter, the 

waveguide taper and the microwave absorber were first measured as background and 

then the whole structure was measured. The phase of the Bragg reflector can be 

obtained by subtracting the two phase measurement. There are some differences 

between the simulation and the measurement. Then it is found that the length of the 

first section of the machined Bragg reflector is shorter than the design due to the 

inaccurate machining. The difference of the lengths is 0.12 mm from the simulation 
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prediction, and it matches with the practical measurement. A thin copper ring with 

the same dimension of the first Bragg section can then be used to fix this problem. 

The reflection result had the same trend with the simulation. The difference could 

also be caused by the imperfect alignment of the taper and the Bragg reflector. Also, 

the microwave absorber is not ideal as it will cause additional reflection back to the 

measurement port. 

 

 

(a) The measurement setup of the Bragg reflector for input coupler; 

 

(b) The phase of S11 of the Bragg reflector; 
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(c) The reflection of the Bragg reflector; 

Fig. 3. 21 The measurement results of the Bragg reflector. 

In practical experimental setup, the space for the input coupler is quite limited due to 

the small gap between the beam tube and the cavity solenoid. There is not enough 

space to put the pillbox window close to the side-wall coupler and it has to be moved 

far away. A long waveguide bend is thus necessary to connect the input coupler and 

the pillbox window. It also included a rectangular taper from size 2.00 mm1.27 mm 

to a standard waveguide with size 2.54 mm1.27 mm. The side view of the input 

coupler is shown in Fig. 3.22. 
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Fig. 3. 22 The CAD drawing and the machining of the input coupler. 

Two methods were used to machine the waveguide bend. One is to separate the 

waveguide into two copper pieces, and each piece was machined by using the wire 

cutting technology. The final pieces are shown in Fig. 3.23. The later two pieces 
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were brazed together to make them a complete waveguide. With this method, the 

bend waveguide is easy to be machined and small tolerance can be achieved, 

however, it has more chance of vacuum leakage because of the large brazing area. 

Fortunately, both of the methods worked well in practical machining and we picked 

the one with the best vacuum sealing and with low dimensional tolerance. 

 

Fig. 3. 23 The waveguide bend. 

The input coupler was manufactured in the beam tube which is much more oversize 

than the waveguide port, therefore, the full-port measurement can not be applied to 

the input coupler. The one port measurement with the setup shown in Fig. 3.24(a) 

was used. The VNA measurement port was connected to the pillbox window. The 

Bragg reflector was inserted into the beam tube from port 3. The microwave absorber 

was placed after the Bragg reflector and pressed tightly to make sure the Bragg 

reflector had tight connection with the input coupler. A long waveguide taper that 

tapers the radius from 1.2 mm to 4.0 mm was placed in port 1 to avoid the big 

discontinuity inside the beam tube. The microwave absorber was placed after the 

waveguide taper to reduce the reflection between the waveguide taper to free space. 
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In the one port measurement, only the reflection at port 2 can be measured. In the 

measurement, the reflection of the input coupler at port 2 can achieve less than 

-13 dB at most of the frequency band. The big reflection in the frequency range of 

84 - 88 GHz and 102 - 104 GHz is due to the high reflection of the pillbox window 

as it is specifically designed for the gyro-TWA to achieve low reflection in 

90 -100 GHz. The transmission between port 1 and 2 is not able to obtain from the 

measurement directly, however, it can be calculated from the convergence of the 

energy if no loss is considered. 
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From the simulation, It can be approximate that |S32|˂˂|S12|, then the transmission 

can be calculated from the reflection in port 2. The result is shown in Fig. 3.24(b). It 

is around -1.0 dB and satisfied the designing requirement. 

 

 

(a) The measurement setup of the coupler with the pillbox type window; 
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(b) the simulated and measured results of the coupler; 

Fig. 3. 24 The results of the input coupler. 

 

3.5  Conclusion 

In this chapter, the principle of the Bragg reflector with sinusoidal ripple and 

rectangular corrugated sections were studied. A Bragg reflector with 18 rectangular 

corrugated sections was optimized to reflect the generated microwave to the 

upstream direction and then it was extracted out by a side-wall 

circular-to-rectangular coupler. The side-wall circular-to-rectangular coupler was 

designed and optimized to achieve a high transmission coefficient for a W-band 

gyro-BWO working in frequency range of 84 - 104 GHz as well as a W-band 

gyro-TWA working in frequency range of 90 - 100 GHz. In the design, a Bragg 

reflector was used instead of a cut-off waveguide to let the electron beam pass freely 
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into the interaction region. The designed side-wall coupler achieved a bandwidth 

(-1 dB transmission coefficient) of 17.5 GHz when the radius of the beam tube was 

1.25 mm and 19.5 GHz when the radius of the beam tube was 1.20mm. The 

manufacture and measurement of the microwave components are also described in 

this chapter. The measured results of the Bragg reflectors show a good agreement 

with theory, and the input coupler with a pillbox window, which is designed to get a 

low reflection in the frequency range of 90 - 100 GHz, can achieve an average 

-13 dB transmission over the frequency band. 
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Chapter 4 

Microwave Window 

4.1  The function of the window 

The microwave window is an important component of the MVEDs. It separates the 

high vacuum inside the device from the atmospheric pressure outside as well as 

imports or exports the microwave power.  

There are some basic requirements for the microwave window. The reflection of the 

window needs to be as small as possible to achieve a high transmission. The insertion 

loss of the window needs to be small so that it will not be much heat dissipation on 

the window. The window needs to have high power handling capability that it can be 

used in high power, long duration applications. And finally the window needs to 

have excellent mechanical strength and vacuum-tight seal [1, 2].  

Due to the requirements, there are only a few materials suitable for window design, 

such as beryllia (BeO) ceramic, alumina (Al2O3) ceramic, alumina (Al2O3) sapphire, 

and chemical vapour deposition (CVD) diamond. The BeO ceramic has higher 

thermal conductivity than Al2O3 ceramic but it has the disadvantage of potential 

adverse health effects [3]. The sapphire has higher strength and lower absorbed 

power than the ceramic, but it is expensive to fabricate [2]. The CVD diamond has 

the highest strength and thermal conductivity. However, it is the most expensive 

among these materials. The CVD diamond is the best choice for the applications with 

MW power level, such as electron cyclotron resonance heating (ECRH) [4]. A more 

detail discussion on the specifications of the materials was reported in papers [5 - 9]. 
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In the W-band gyro-BWO experiment, two windows are needed. The first one is 

placed at the end of the interaction region when the depressed collector is not applied, 

as shown in Fig. 3.1 (a). The other window is at the end of the input/output side-wall 

coupler when the depressed collector is applied, as shown in Fig. 3.1 (b, c). The 

alumina ceramic is chosen because it is the cheapest among the previously 

mentioned materials. 

A further requirement of the windows for gyro-BWO is the bandwidth, as 

gyro-BWO is predicted to operate in the frequency range of 84-104 GHz. The 

windows need to keep a good transmission over the frequency range. To design a 

window in the millimetre range is challenging work. In low frequency band, the 

ceramic piece is thick and large, to make it easier to be brazed to the metal vacuum 

jacket and has better mechanical strength. As the operating frequency increases, the 

ceramic piece becomes thinner and thinner so that it is easier to break. It is also 

difficult to fabricate for the heat stress experienced in the vacuum braze process 

makes the window prone to breakage due to its small size. 

4.2  Different types of microwave window 

There are generally two types of microwave windows which are frequently used. The 

first is the block type, as shown in Fig. 4.1 (a). The ceramic piece is inserted into the 

connected waveguide, which can be in circular or rectangular cross section, and they 

are brazed together. The other is the pillbox type. It is composed by a cylindrical 

waveguide whose size is larger than the transmission rectangular waveguide. The 

ceramic piece is brazed with the cylindrical waveguide. A basic schematic of the 

pillbox type window is shown in Fig. 4.1 (b). In our study, simulations are done on 

both of the structures to find optimum geometries that have the better transmission 

and easier to be fabricated. 
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(a) 

 

(b) 

Fig. 4. 1 Schematic of the microwave windows (a) block type window, (b) pillbox 

type window. 

4.2.1 Block type window 

4.2.1.1  The principle of the microwave window 

The mode-matching technology mentioned in chapter 3 can also be used to analyze 

the block type window. This window has no geometry discontinuities, but has 

discontinuities in the permittivity or permeability on the media interface. In paper [10, 

11], a detail analysis of the transmission and reflection of the TE modes in single and 

multi-layer rectangular windows was represented. In this section, we extended this 

method to the circular waveguide as well as the TM modes. The scattering matrix for 
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the media discontinuity in the waveguide can finally be obtained from this analytical 

approach. 

The general solution of the wave in a rectangular waveguide of size a, b can be 

written as [12] 
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The general solution of the wave in a circular waveguide of radius R can be written 

as [12] 
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where '
mnu is the nth zero of J’m and J’ is the derivate of first kind of Bessel function. 

mnu is the nth zero of Jm and J is the first kind of Bessel function. ε, μ are the 

permittivity and the permeability of the media in the waveguide. 

It should be noticed that the wave modes in the transverse direction are only 

determined by the geometry. Therefore, if there are no discontinuities in the 

geometry, and only with different ε, μ of the media in the waveguide, as shown in Fig. 
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4.2, there will be no coupling between two different modes. Thus we only need to 

match the same mode on both sides of the media interface. To simplify the writing of 

Eq. 4.1 - 4.4, we use the following formula to identify the  ,  modes either in 

rectangular or circular waveguide 

)(),(),,( 0
zikzik zz BeAez            (4.5) 

where 22
cz kk   . kc is determined by different modes in different types of 

waveguides. It is also the function of the property of the media (ε and μ) in the 

waveguide.  

 

Fig. 4. 2 The schematic of the discontinuity in the media interface 

The boundary conditions to match the TE mode in position Z1 are 
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Then we have 
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From Eq. 4.7, we can get the relationship between A1, A2, B1, and B2 in the form of 

matrix 
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where 2121 /,/  gkkf zz . 

The scattering matrix needs to satisfy 2112
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For TM mode, the boundary condition are 
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Then we have 
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The scattering matrix for TM modes can be obtained in the same way as the TE 

mode, as follows 
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where 12 /h . 
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The relationship between the A1, A2, B1, and B2 can be also written as the form of 

transfer matrix. For TE modes, 
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For TM modes, 
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In the calculation of the transmission of the block type window, the transfer matrix 

was used for it is easier to cascade than the scattering matrix. 

The basic schematic of a single-layer window is shown in Fig. 4.3. It contains two 

discontinuities in the dielectric constant. The transfer matrix of the whole structure 

can be calculated by cascading each transfer matrix of the discontinuities from right 

to left. And we have 

      










































1

1

2221

1211

1

1

1

1
12

3

3

B

A

MM

MM

B

A
M

B

A
MM

B

A
     (4.15) 

 

Fig. 4. 3 The schematic of the single-layer window 
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From paper [11], the reflection (Ref) and transmission (Tran) coefficient of the 

window can be written as 
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The S-parameters in dB scale can be written as 
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The performance of the window could be easily obtained and optimized. For the 

ceramic window from the given equations, we chose the relative permittivity as 9.7 

for 99.5% purity alumina ceramic and the relative permeability as 1. 

4.2.1.2  Rectangular window 

To design a rectangular window for the input/output coupler, the size of the 

rectangular waveguide was a = 2.00 mm, b = 1.30 mm, which is the same size as the 

input/output coupler in chapter 3. The operating frequency range is 84 - 104 GHz. 

The optimized dimension and the reflection of the window for TE10 mode is shown 

in Fig. 4.4. 

The single-layer window is narrow band, which is about 5% bandwidth with a 90% 

transmission (-10 dB). It can not fulfill the requirement of the gyro-BWO. 
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Fig. 4. 4 The optimum result of the single-layer ceramic window and its size. 

To get a better performance, some iris pieces can be inserted into the window to 

compensate the reflection in some frequencies therefore make it a multi-layer 

window. To find such geometry, different types of window with one and two irises 

were investigated. The simulation of multi-layer window is similar with the 

single-layer window. The only difference is that more transfer matrices need to be 

cascaded. The inserted iris material was chosen as quartz, whose relative dielectric 

constant was chosen as 3.683. 

Genetic algorithm was used to optimize the parameters. The evaluation function for 

genetic algorithm was chosen as 

 
N

F
nefn FLLRLLf 2

11 ]0),,...,([),...,(        (4. 18) 

where L1,…Ln are the parameters to be optimized. F is the frequency index in the 

calculated frequency range. N is the number of frequencies to be calculated. In the 

calculation, it is 2001. Ref is the reflection coefficient of the window. 
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The parameter range of the ceramic and quartz pieces was chosen as [0.05, 3.00] mm, 

and the length of the vacuum gap was chosen as [0.05, 6.00] mm. 

There are four cases for the two-layer window, as shown in Fig. 4.5. The optimized 

dimensions and the reflection of the optimized dimension are shown in Fig. 4.6.  

 

Fig. 4. 5 Different cases of the two-layer window. 

(V=Vacuum, C=Ceramic, Q=quartz.) 

The two-layer window still can not achieve -10 dB reflection over the whole 

frequency band. Case 1 and case 2, case 3 and case 4 have close optimum results, 

that is because the reciprocity of the geometry which has S11 = S22. When considering 

the reciprocity, and taking out the cases that could degenerate into a two-layer 

window, there were five cases in all for a three-layer window, as shown in Fig. 4.7. 

The optimum results and geometries are shown in Fig. 4.8. Case 3 and 5 can reach a 

-10 dB (10% in power) reflection over the desired frequency band. 
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Fig. 4. 6 The optimum results of the two-layer window and the optimum sizes. 

 

Fig. 4. 7 Different cases of the three-layer window. 

(V=Vacuum, C=Ceramic, Q=quartz.) 
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Fig. 4. 8 The optimum results of the three-layer windows and the optimum sizes. 

4.2.1.3  Circular window 

A circular window is required at the end of the interaction region of the gyro-BWO 

where the connected circular waveguide is with radius of 7.50 mm. In the simulation, 

the TE11 mode is considered and the windows in single-layer, two-layer, and 

three-layer cases are optimized. The results and the parameters of the geometries are 

shown in Fig. 4.9, 4.10 and 4.11, respectively. The three-layer window could reach a 

reflection lower than -25 dB over the frequency band in case 3 and 4. 

Another optimization was done on the three-layer window on case 4, which is for the 

W-band gyro-TWA whose frequency band is 90-100 GHz. The desired reflection 

was aimed to less than -40 dB. The optimum result and geometry was shown in 

Fig. 4.12. 
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Fig. 4. 9 The optimum result of the single-layer ceramic window and its size. 

 

Fig. 4. 10 The optimum results of the two-layer ceramic window and their sizes. 
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Fig. 4. 11 The optimum results of the three-layer ceramic window and their sizes. 

 

Fig. 4. 12 The optimum results of the three-layer ceramic window for W-band 

gyro-TWA. 
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4.2.2 Pillbox type window 

The other type is the pillbox type window, as shown in Fig. 4.1 (b). This type of 

window has the advantages of broad band, high power capability, and easy to 

fabricate due to the large size. Several papers have been published in calculating this 

type of window, including the equivalent circuit method [13, 14] and the method of 

moment [15]. 

In our study, the mode-matching technology was used to achieve a full model 

analysis of the pillbox type window based on the results of E. K. Duerr’s thesis [16], 

and reference [11].  

When we look into the geometry, it can be divided into several basic components 

cascading together, as shown in Fig. 4.13 (a). From left to right, they are rectangular 

waveguide with size a1, b1 and length Lpre, rectangular to circular waveguide step 

(rectangular waveguide with size a1, b1 into a larger circular waveguide with radius 

R), empty circular waveguide (radius R and length L1), the vacuum to ceramic step 

(the discontinuity in the dielectric constant), the ceramic piece (radius R and length 

Lc), the ceramic to vacuum step, empty circular waveguide (radius R and length L2), 

the circular to rectangular waveguide step (from radius R to rectangular waveguide 

with size a2, b2), and finally with a empty rectangular waveguide (size a2, b2 and 

length Lpos). The connection of the components is shown in Fig. 4.13 (b). 

 

(a) 
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(b) 

Fig. 4. 13 (a) 3D view of the pillbox type window (b) the connection of the 

components. 

Among all these components, the scattering matrix of the empty waveguide and the 

ceramic piece is given in Eq. 3.39. The scattering matrix for the discontinuity in the 

material has been discussed in section 4.2.1. The only scattering matrices still 

unknown are the rectangular to circular waveguide and the circular to rectangular 

waveguide steps. Fortunately, several papers have reported on the calculation of 

small rectangular to larger circular waveguide step [16 - 19]. In [17], the basic notion 

of how to use mode-matching method for this kind of component is introduced. 

However, no detail is given on the overlap integrals between rectangular and circular 

eigenmodes, which is the most important step in the calculation. Reference [19] 

gives part of the results but mistakes in the formula are found in later study. In E. K. 

Duerr’s thesis, the full process of getting the scattering matrix of the rectangular to 

circular step is discussed in detail, and the results are used in our calculation of the 

pillbox type window. Only a brief summary is given in this section.  

The scattering matrix for the rectangular to circular step is 









2221

1211

SS

SS
S , where 
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In Eq. 4.19,  ZZ , is the resistance matrix of the rectangular and circular waveguide, 

respectively, as defined in Eq. 3.30. The M matrix is determined by the geometry of 

the circular waveguide (with radius R), and the rectangular waveguide (size a, b and 

offset to the centre x1, y1, as shown in Fig. 4.14). The formula on calculating matrix 

M is given in section 2.2.4 in E. K. Duerr’s thesis in detail. 

The scattering matrix of a larger circular waveguide to smaller rectangular 

waveguide step can be obtained from the rectangular to circular step. The two 

matrices have the following relationship 













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             (4.20) 

 

Fig. 4. 14 The cross-section view of the rectangular to circular step. 

The scattering matrix of the whole pillbox window can be obtained by cascading all 

the scattering matrices of the components from left to right. It should be noticed that 

the scattering matrices of the empty waveguide, the ceramic piece, and the media 
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discontinuity are diagonal. Thus when cascading these components, the matrix 

multiply operation can be degenerated into a vector multiply operation, and 

significantly reduce the calculation time. And also, the rectangular waveguide in both 

ends only affect the phase of the S parameters. If only the amplitudes of the S 

parameters are desired, there is no need to include these two components in the 

calculation. Therefore, the connection of the components can be simplified as 

Fig. 4.15. 

 

Fig. 4. 15 The simplified connection of the components. 

A demonstration code was created in MATLAB environment and the convergence of 

different calculation modes was compared. As suggested in [19], if the calculated TE 

mode in the rectangular waveguide was N, then the TM mode was chosen as N/2. 

The TE mode in the circular waveguide was chosen as N
ab

R
M

2
 , and the TM 

mode was M/2.  

For a W-band pillbox window with the geometry parameters a1=a2=2.54 mm, 

b1=b2=1.27 mm, x1=x2=y1=y2=0, R=2.44 mm, L1=L2=3.00 mm, and Lc=0.71 mm, 

Fig. 4.16 shows the absolute S11 (TE10 to TE10) value in different TE mode numbers. 

The calculation result converges when 14N . The result was compared with CST 

microwave studio in Fig. 4.17 and the computing times for both of the codes are 

listed in table 4.1. The calculation was executed on a 4-core, 2.8 GHz PC and 

windows sever 2008 operating system. 
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Fig. 4. 16 Convergence of the scattering parameter for TE10 mode. 

Table 4. 1 Comparison of the computing time of the MATLAB code and the CST 

microwave studio. 

N Frequency points / cell 

number 

CPU time 

(minutes) 

14 1001 points 1.65 

16 1001 points 2.37 

 

 

MATLAB code 

18 1001 points 3.29 

 1.11 million cells 141.8 CST microwave 

studio  1.88 million cells 354.0 
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Fig. 4. 17 Comparison of the simulation results of the MATLAB code and CST 

microwave studio. 

In our design, the dimensions of the rectangular waveguide in the left side were 

a1 =2.00 mm and b1=1.30 mm. As the rectangular waveguide in the right side needs 

to connect with a standard WR-10 waveguide (a=2.54 mm, b=1.27 mm), its sizes 

were set as a2 =2.00 mm, b2=1.27 mm. The reason that did not directly use the 

dimension of WR-10 waveguide to the rectangular waveguide in the right side was 

no good transmission over the frequency band could be obtained in the optimization. 

The offsets of the rectangular waveguide to the centre were chosen as x1 = y1 = x2 = 

y2 = 0 mm. To find a window structure with the optimum transmission over the 

frequency band, the genetic algorithm [20] was used to optimize the parameters of 

the geometry, which were R, L1, L2, and Lc. The evaluation function for the genetic 

algorithm was 
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where F is the frequency index in the calculated frequency range, N is the number of 

frequencies to be calculated. S11 is the absolute value of S11 (TE10 to TE10) of the 

pillbox window. 

The optimum geometry was R=2.44 mm, L1=L2=3.00 mm, and Lc=0.72 mm, and the 

reflection is shown in Fig. 4.18. It could reach a -10 dB reflection at most of the 

frequency band, but still had spikes in some frequency points. Each spike had nearly 

20 MHz frequency band. The CST microwave studio could not capture such small 

frequency gap, and the result was smooth over the frequency range. As 20 MHz was 

only 0.1% of the whole 20 GHz frequency band, this kind of sharp spikes were 

acceptable in the practical applications. 

 

Fig. 4. 18 The optimum result of the pillbox window. 
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4.3  Manufacture and measurement results 

4.3.1 Three-layer window 

When manufacturing the three-layer window, it is very difficult to avoid geometry 

discontinuities either due to the brazing process or the physical connection. As from 

the optimization result in section 4.1, to achieve a high reflection over the operating 

frequency band, the thickness of the dielectric pieces such as the ceramic piece and 

the quartz pieces need to be very small. It is a tricky task to braze the ceramic piece 

and to hold the quartz pieces. Form the brazing requirement, the ceramic need to 

have a step in radius against the copper tube, as shown in Fig. 4.19. And also, there 

are geometry steps required for the quartz pieces as to hold them in the right position. 

 

Fig. 4. 19 The geometry discontinuities of the three layer window. 

However, as from the simulation, the geometry discontinuities are harmful to the 

performance. A small geometry discontinuity will cause a large reflection in a certain 

frequency to produce a spike in the figure of transmission coefficient. It can be 

simply explained by the impedance changing at the discontinuous position causing 

an impedance mismatching resulting in a large reflection. And a larger discontinuity 

has more serious effect. These spikes are acceptable for the experiment of the 
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gyro-BWO. However, they are not desired for the gyro-TWA experiments, as it 

requires a -40 dB reflection over the frequency band from 90 - 100 GHz. Therefore, 

another optimization based on the method described in section 4.1 was carried out 

with consider the practical restriction and the frequency band of 90 - 100 GHz. In the 

optimization, a minimum thickness of the ceramic piece of 2.0 mm was chosen to be 

thick enough for sufficient mechanical strength to hold vacuum. A discontinuity of 

4.0 mm in diameter between the copper tube and the ceramic piece was set according 

to the technician's requirement to do the brazing job. To reduce the effect of the 

geometry discontinuities, the diameter of the window was chosen as 19.0 mm, which 

is much larger than the discontinuity. The practical three-layer window under the 

machining and brazing restrictions will not have a performance as good as the 

simulation results in section 4.2. However, the optimization routing can still provide 

the optimal solution under these restrictions. To connect the beam tube with the 

three-layer window, a long circular taper is required. The CAD drawing and the 

photo of the three-layer window are shown in Fig. 4.20. 

 

(a) CAD drawing of the three-layer window. 
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(b) The photograph of the three-layer window. 

Fig. 4. 20 The CAD drawing and the photo of the three-layer window. 

One port measurement was used when measuring the performance of the three-layer 

window. The setup is shown in Fig. 4.21(a). The measurement shows the 

performance of the three-layer window is very sensitive to the gap between the 

ceramic and the quartz pieces, as previously predicted from the simulation. Also, the 

tolerance from machining also makes the performance a little worse than the design, 

as seen from the comparison between the simulation results of the designed and 

measured dimensions from the manufactured window shown in Fig. 4.21(b). The 

first measurement is not as good a performance as expected, as shown in Fig. 4.21(b). 

The simulation result of the gaps of the ceramic disk and the quartz disks of 0.30 mm 

and 0.24 mm together with the real machined dimensions was found which agrees 

well with the experimental measurement. While in the design, the gaps are both 

0.16 mm. A further adjustment on the gap between the ceramic disk and the quartz 

disks can be done by tightening or loosing the screws on the flanges. The best 

measurement result achieved is shown in Fig. 4.21(c). Better than -10 dB reflections 

can be obtained over the frequency band from 84 - 104 GHz and better than -15 dB 

can be achieved in frequency band 90 - 100 GHz. 
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(a) The measurement setup of the three-layer window; 

 

 (b) The first measurement; 
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(c) The best measurement result; 

Fig. 4. 21 The measurement of the three-layer window. 

4.3.2 Pillbox window 

In the practical manufacture of the pillbox window, the ceramic piece was desired to 

have a large thickness to achieve high mechanical strength and also to make it have 

large brazing area which can reduce the possibility of vacuum leakage. In the 

previous optimization described in section 4.2, the ceramic thickness is 0.72 mm. It 

was suggested by the technician that it would be safer to increase the thickness to be 

thicker than 1.5 mm. Further more, to give consideration to the gyro-TWA 

experiments whose operating frequency band is 90 - 100 GHz, in the optimization 

routing, the performance in the frequency range was applied for larger weight. The 

optimization geometry by using the method described in section 4.2 under these 

restrictions is shown in Fig. 4.22(a). The final thickness of the ceramic piece is 
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1.82 mm, the diameter of the circular cavities is 4.93 mm and the lengths are 

2.30 mm. The rectangular waveguides which connect to the circular waveguides are 

with dimensions of 2.29 mm and 1.50 mm, and finally connect to the rectangular 

waveguide one to the input coupler and the other to the standard waveguide. The 

simulation result is shown in Fig. 4.22(c). The optimized geometry has a very good 

performance in the frequency band 90 - 100 GHz according to the simulation, which 

can reach more than -30 dB reflection. However, it has worse performance in the 

other frequency bands than the one optimized for the whole frequency range 

84 - 104 GHz.  

The pillbox window is composed from different parts, including the ceramic piece, 

the circular cavities, the waveguide taper, as well as the flange with a standard 

W-band rectangular waveguide. The ceramic disk was firstly brazed on the side edge 

to a Titanium tube that has a slot inside to avoid the discontinuity. Then the Titanium 

tube was brazed with a copper tube to produce the circular cavities. The reason to do 

this is the Titanium has similar thermal expansion as the ceramic which enables the 

vacuum seal to be made by melting the braze material to join the titanium sleeve to 

the ceramic. The waveguide taper was machined with the matching step using the 

spark erosion technique to produce a "cap" to hold the copper tube. All these 

machined parts are shown in Fig. 4.22(b), and finally they are brazed together as a 

single component after the measurement and vacuum leakage test. 

 

(a) The model of the pillbox window; 
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(b) Photographs of the machined parts; 

 

(c) The simulation result of the pillbox window; 

Fig. 4. 22 The pillbox window. 

However, the measurement results were found quite different with the simulated 

result. Based on the experience on testing the three-layer window, the difference 

could be caused by the following reason, the dielectric constant of the ceramic piece, 

the tolerance of the machining, and the braze material that was left on the ceramic 

surface.  
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Several tests were carried out to investigate the mismatch between the simulation and 

the measurement. The dielectric constant of the ceramic piece was tested by the 

simplified structure, as shown in Fig. 4.23(a). When the dielectric constant was 9.52, 

the simulation result agrees well with the measurements as shown in Fig. 4.23(b). 

The dielectric constant value is slightly lower than the designed value 9.7. And the 

comparison between the simulation and the measurement also shows the ceramic 

disk has a large loss tangent up to 0.001. 

 

 

(a) The setup to measure the dielectric constant of the ceramic disk; 

 

(b) The simulation and measurement results of the reflection; 
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(c) The simulation and measurement results of the transmission (the 

rectangular-to-circular convertor has extra 1 dB loss); 

Fig. 4. 23 The measurement of the dielectric constant of the ceramic disk. 

The copper "caps" had large machining tolerances, some dimensions were with more 

than 0.1 mm tolerance. More over, the rectangular steps did not align well with each 

other and had a 5 degree angle with respect to the axis. Their performance was tested 

by inserting a smooth waveguide between them, as shown in Fig. 4.24(a). It was 

found that accumulative tolerances resulted in an additional 1.5 dB loss as compared 

with the simulation results, and also a much larger loss in the lower frequency band. 

However, the simulation and measurements of the reflection did not match well in 

the high frequency range. This could be caused by poor machining of the copper 

"cap", resulting in misalignment of the matching section and the taper which was 

confirmed by measurement using a vernier caliper. Another reason may be a cavity 

effect. As there is a big discontinuity between the circular cavities, a part of the 
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energy could be trapped between the copper "caps" in a sort of oscillation, which 

finally cause a large reflection.  

 

 

(a) The measurement setup of the copper "cap"; 

 

(b) The measurement and simulation of the transmission; 
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(c) The measurement and simulation of the reflection; 

Fig. 4. 24 The measurement of the dielectric constant of the ceramic disk. 

Several attempts were carried out to improve the performance of the pillbox window, 

such as adjusting the cavity lengths and using nitride acid to clean the surface of the 

ceramic disk to remove the undesired braze material. However, it only had a slight 

improvement and the machining problem was still the dominant reason. The final 

measurements and the original predicted simulation results are shown in Fig. 4.25. 

Although the reflection result is still much worse than the design, it still can achieve 

an average -10 dB reflection in frequency range of 89 - 104 GHz. 

Later measurements of the input coupler with this pillbox window, which is 

described in chapter 3, confirm the problems of the misalignments. After brazing the 

input coupler with the pillbox window, the reflection of the whole device is lower 

than the pillbox window itself before brazing. It should be not possible that multiple 
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components cascading together could achieve a lower reflection than a single 

component. However, after brazing the pillbox window with the input coupler, the 

connections of the pillbox window fill with brazing material which is conductor to 

avoid the small gaps. The cavity effects were therefore avoided. Furthermore, the 

pillbox window becomes one single piece after brazing then the misalignment 

problem was solved. As the pillbox window achieves a much lower reflection after 

brazing, it is possible for the input coupler with pillbox window to achieve better 

result than the pillbox window before brazing. 

 

Fig. 4. 25 The measurement of pillbox window. 

4.4  Conclusion 

In summary, from the previous simulation, the block type window could achieve an 

excellent transmission when the number of the layers was more than three. The 
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pillbox type window can achieve a better transmission than the block type window if 

the number of the layers was less than three. 

Comparison with the fabrication, a rectangular ceramic piece is much more difficult 

to machine than a circular one, and also there are a lot of technical difficulties to 

braze such a small ceramic piece (2.00 mm1.30 mm). Therefore, we chose the 

pillbox type window for the coupler, and a three-layer block-type circular window at 

the end of the interaction section. 

A three-layer window and a pillbox window were particularly designed for the 

gyro-BWO and the performance was measured using a VNA. The three-layer 

window achieved an average reflection less than -10 dB over the frequency range 

from 84 - 104 GHz and less than -15 dB in the 90 - 100 GHz frequency range. The 

pillbox window can achieve an average -10 dB over the 89 - 104 GHz frequency 

range. However, the performance was still worse than expected, which is mainly 

caused by the machining difficulty of the W-band microwave components due to the 

small size and critical tolerance limitation. 
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Chapter 5 

Depressed Collector 

5.1  The principle of depressed collector 

In beam-type microwave tubes, the electrons are always emitted from a cathode and 

stopped at a collector, as shown in Fig. 5.1. In conventional design, the collector 

shares the same potential with the microwave tube which is grounded. The spent 

beam strikes on the surface of the collector and dissipates their kinetic energy into 

heat. Depressed collectors are a bit different from conventional design. “Depressed” 

here means the collector has a depressed potential as compared with the main body 

of the tube. 

 

Fig. 5. 1 Schematic diagram of a beam-type microwave tube. 

The principle of how the depressed collector works can be examined from the view 

of the electric circuit [1]. As seem from Fig. 5.2 (a), in this conventional microwave 

tube, a power equal to P=V0I0 is supplied to the cathode, and a microwave power of 

Pmw is generated. To make it simple, we assume that the whole circuit has no loss 

and there is no other power supply except the power supply between the cathode and 

beam tube. Then the overall efficiency of the microwave device can be written as 
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The rest power of P- Pmw in the spent beam will be dissipated into heat finally. Then 

if we apply another power supply between the collector and the cathode, and the 

microwave tube can still produce an output power of Pmw as we do not change any 

other parameters of the microwave structure, it can be seen that the power supply by 

the circuit loop is 

1
''

00 1
IVIVP                 (5.2) 

Then the overall efficiency can be written as 
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Suppose most of the electrons pass through the microwave structure, which is 

reasonable for most of the microwave devices, then we have 01
'
0  ,0 III  . The 

overall efficiency then becomes 
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(a) Conventional microwave tube; 
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(b) Microwave tube with voltage depression; 

Fig. 5. 2 Power supplies of the microwave device. 

Comparing Eq. 5.1 with Eq. 5.4, the overall efficiency improves if '
0 1

VV  is 

satisfied. In general, there are two explanations of the term 0
'

0 )(
1

IVV  . For power 

supply engineers, the depressed collector was regarded as a technology to reduce the 

input power from V0I0 to 0
'

1
IV . And the physics community considers the depressed 

collectors as passive converters that can transfer the kinetic energy of the spent 

electrons into potential electric energy. In this view, the electrons are accelerated 

between the cathode and microwave tube and contain an average kinetic energy of 

eV0 when they travel out of the microwave tube. Then the electrons pass through the 

retarding electrostatic field between the microwave tube and the depressed collector. 

In this process, a proportion of the overall input power with the value of )( '
0 1

VVe  is 

converted into electric power. In this paper, we use “recovery” from the view of 

physics process. 

Another conclusion from Eq. 5.4 is that to increase the overall efficiency, '

1
V should 

be as small as possible. However, the depressed electric field between the beam tube 

and the collector should not exceed the kinetic energy of the spent beam or the 

electron beam will return back to the interaction region and cause undesired effect. 

The ideal depressed collector is aimed to sort all the electrons landing on the 
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collector with zero kinetic energy. As we know from electron cyclotron maser 

instability, the electrons interact with the electromagnetic field in different phases. 

Some are accelerated while the others are decelerated by the electromagnetic field. 

The spent electron beam has an energy spread when they enter the collection region. 

All the electrons can not be well sorted by a single electrode, and multi-stage 

depressed collector with multiple electrodes, shown in Fig. 5.3, was then developed 

to solve this problem soon after the single depressed collector was brought forward. 

The collected power or the reduced part of the input power can be written as 





N

i
iicol IVP

1

       (5.5) 

 

Fig. 5. 3 Schematic of multi-stage depressed collector. 

Depressed collectors are important for high power microwave devices because they 

have following advantages: 

1. By using the depressed collector, the DC power supply of the microwave 

tubes can be reduced, thus improve the overall efficiency. If we can recover 

the power from the spent electrons and double the overall efficiency, that 

means approximate half the cost of the power supply is required. For the 

applications that high power microwave tubes are used, such as high energy 
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accelerators and controlled thermonuclear fusion, a lot of money can be 

saved if the depressed collectors can be successfully applied.  

2. The spent electrons lost a large proportion of their kinetic energy before 

landing on the surface of the depressed collector. Therefore, the heat 

dissipated on the electrodes can be reduced. In high power microwave 

devices, the cost of the cooling system can also be reduced. In medium 

power microwave devices, air cooling systems may be sufficient to make 

the whole device more compact.  

3. The reducing of kinetic energy of the spent electrons also results in lower 

X-ray emission. It provides extra safety and reduces the shielding 

requirements around the microwave tubes. 

5.2  The derivation of depressed collector 

The earliest concept of depressed collectors started in the 1940s [2]. In the late 1950s, 

the theoretical calculation of the electron trajectories neglecting space charge in a 

crossed-field region was developed [3]. A two-stage depressed collector was used to 

improve the efficiency of a traveling wave tube (TWT) and achieved a collection 

efficiency of 56% [4]. However, when the number of the stages exceeded two, a 

tremendous amount of backstreaming was detected. The science of depressed 

collectors was first studied in more depth at the end of the 1960s [4]. It was based on 

full understanding of the mechanism of the electron beam collection. Several models 

of electrostatic or electromagnetic field were developed at the beginning of the 1970s 

[15, 21, 25]. After that, multistage collectors were successfully applied in many 

applications without the deleterious effects of the backstreaming. A ten-stage 

electrostatic depressed collector was tested on a klystron with 1 kW continuous wave 

(CW) output at 750 MHz and achieved a collection efficiency of 70% [5]. A 

four-stage depressed collector achieved a collection efficiency of 81% and 83% was 

tested on a dual band TWT [6]. Computers were then employed to simulate the 
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trajectories of the spent electrons to predict the performance of depressed collectors 

in linear beam devices in late 1970’s [7]. 

In 1980s, research on gyrotrons proved the great potential in the applications of 

nuclear fusion and advanced accelerators [52]. These large projects need a large 

number of high power gyrotrons and the efficiency of gyrotrons is extremely 

important. However, it is much more difficult for depressed collectors to achieve 

high collection efficiency in gyrotron devices compared with those linear beam 

devices. The depressed collectors developed for the linear beam devices can only 

recover the energy associated with axial motion. However, in gyrotrons, most of the 

kinetic energy is in rotational motion. To achieve high collection efficiency, the 

rotational energy needs to be converted into axial motion. Moreover, the magnetic 

field in gyrotron devices is larger than in the linear beam tubes. The magnetic field 

needs to be reduced to a reasonable value otherwise the electrons would be focused 

in a small region and unable to be well sorted. The research on depressed collector 

for gyro-devices was first reported in the late 1980s [8]. In the University of 

Maryland, a double magnetic cusp gyrotron with a two-stage depressed collector was 

developed. The first cusp provided a large rotational velocity to the electrons after 

they were emitted from the cathode, and the second cusp was used to unwind the axis 

encircling electrons before proceeding towards the depressed collector [8, 9]. The 

unwinding cusp magnetic field provides a possible solution to sort the spent electrons 

in the gyrotron. 

In recent years, various particle-in-cell (PIC) codes were developed to obtain a detail 

study on the design of the microwave tubes, and some of them were developed to 

simulate the multistage depressed collectors, such as GUN3D [10], LKOBRA [11], 

and so on. There were also some PIC codes specifically designed for simulating the 

depressed collectors, such as COCA [12] and MICHELLE [13]. 
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Gyro-BWOs obtained great interest in recent years for their wide frequency tuning 

range. However, they are inheritably low efficiency. A depressed collector can 

significantly improve the performance if high collection efficiency can be achieved. 

It is more difficult to employ depressed collectors on gyro-BWOs than the other gyro 

devices. For gyrotrons and cavity-coupled TWTs, the operation frequency is rather 

narrow, and the depressed collector can always achieve optimum collection 

efficiency once it is designed. For a broadband helix TWT, the parameters of the 

spent beam only have small variations in the operating frequency band. Therefore, 

the depressed collector can achieve a high efficiency. However, for gyro-BWOs, the 

output microwave power changes when tuning the operating frequency. Therefore, 

the parameters of the spent electron beam are also changing and the depressed 

collector can no longer keep the optimum collection efficiency if the geometry and 

the potentials on the electrodes are unchangeable. To achieve a high performance 

over the frequency tuning range, the potentials on the electrodes of the depressed 

collector should be adjustable. 

5.3  Different types of depressed collector 

The depressed collectors were firstly applied to the linear microwave tubes, such as 

klystrons and TWTs. In 1970s, several types of collectors were designed and tested, 

such as electrostatic symmetric and asymmetric structures and electromagnetic 

asymmetric structures. In this section, the principle of these types of depressed 

collectors and the experimental results are introduced [14]. 

5.3.1 Cylindrical tubes [4] 

The first experiment of the depressed collector was carried out in the late 1950s, 

where a two-stage depressed collector was applied to a low-efficiency helix TWT. 

The collector was composed by two cylindrical tubes, as shown in Fig. 5.4. The two 

cylindrical tubes were insulated from each other by mica and shielded from the 
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focusing magnetic field by a magnetic shield. The electrons travelled through the 

helix TWT waveguide and were finally collected by the cylindrical tubes. For the 

tested low-power, low-efficiency device, the radial and axial velocity spread were 

small, and almost all the spent electrons were collected by the back collector. 

Therefore, a significant improvement in overall efficiency could be obtained. 

However, the collection efficiency in the experiment was still far less than the 

theoretical maximum because of the backstreaming electrons including the secondary 

electrons and the reflected primary electrons. Furthermore, when looking into the 

electric field between the front and back collectors, it was clear that the boundary of 

the electrodes did not coincide with the equipotential surface. A fringing field with 

lens effect was formed and prevented the electrons with low energy to be collected 

and produced large backstreaming.  

 

Fig. 5. 4 Schematic diagram of the depressed collector with cylindrical tubes [4]. 

For high-power microwave tubes with large velocity spread, the depressed collectors 

with cylindrical tubes were not successfully applied. As the development of the 

“scientific” depressed collectors based on better understanding of the mechanism of 

the electron collection, depressed collectors of this type were no longer used. 
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5.3.2 Electrostatic symmetric structure 

The electrostatic symmetric structure employs a defocusing field to sort the spent 

electrons. The defocusing field is defined as those whose 2nd derivation of the 

potential is negative. That is 
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In the defocusing field, the equipotentials are concave surfaces. A parabolic 

defocusing fields is defined as 
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where A is a constant, V is the equipotential value, V0 is the beam voltage, and x and 

y indicate the coordinates. The beam trajectories in such an electric field and the 

equipotentials are shown in Fig. 5.5. 

 

Fig. 5. 5 Beam trajectories of the electrons in the defocusing field. 

The parabolic defocusing fields can be implemented by a long symmetric spike with 

negative potential as shown in Fig. 5.6. The spent electrons are deflected from the 

axial direction and move towards the electrodes after they propagate down from the 

apex of the trajectories, as shown in Fig. 5.6. The electrostatic symmetric structure is 
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efficient in sorting the off-axis electrons. However, on-axis electrons will become 

backstreaming when their kinetic energies are less than the energy of the depressed 

electric field [15, 16]. 

 

Fig. 5. 6 Sketch of electrostatic symmetric structure and the beam trajectories [15]. 

Most of the spent electrons are off-axis in gyro-devices, therefore, the depressed 

collectors with a symmetric structure in gyro devices may not cause serious 

backstreaming.  

The symmetric multistage depressed collectors have been designed and tested in 

several gyrotron devices. A three-stage depressed collector with an efficiency of 76% 

was designed to improve a gyro-klystron from an electronic efficiency of 30% to an 

overall efficiency of 64% [9]. A two-stage depressed collector with collection 

efficiency of 60% was designed for a 110 GHz, 1 MW gyrotron. An overall 

efficiency of 60% was achieved and the heat dissipated on the collectors was lowered 

from 1.67 to 0.67 MW at an output power of 1 MW [17, 18]. A compact two-stage 

depressed collector was designed for a 1.5 MW coaxial cavity gyrotron operating at 
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165 GHz in the transverse electric TE31, 17 mode by FZK, Karlsruhe, Germany. A 

collection efficiency of 73% was achieved resulting in an increase of the overall 

efficiency from 36.5% to 62.5% [19]. A Ku-band gyro-BWO with a single-stage 

depressed collector was reported in [20]. However, there is no paper on the 

experimental results of a gyro-BWO with a multi-stage depressed collector.  

5.3.3  Electrostatic asymmetric structure 

Another structure for a depressed collector uses an asymmetric focusing field. A 

focusing field is defined as those whose 2nd derivation of the potential is positive. 

That is  
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In the focusing field, the equipotentials are convex surfaces. One of the example is 

the two-dimensional hyperbolic focusing field 
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where A, B are constants, V0 is the beam voltage and x and y are the coordinates. The 

electron trajectories in such a focusing field are shown in Fig. 5.7 [21].  

The asymmetric structure has the advantage of reducing the probability of the 

backstreaming. Moreover, a well designed asymmetric structure has higher 

efficiency than a symmetric structure with the same number of stages, for the 

asymmetric structure is not as sensitive as symmetric structure to the angular spread 

of the spent electrons. However, the asymmetric structure is much more complicate 

than the symmetric one so that it is harder to manufacture. 
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Fig. 5. 7 Beam trajectories of the electrons in focusing field [21]. 

Experiments on a three-stage asymmetry depressed collector were carried out by 

Litton Industries in 1976. The depressed collector was applied on a high-power 

dual-mode TWT for electronic countermeasure (ECM) applications [22, 23]. The 

cross section of the structure and the beam trajectories are shown in Fig. 5.8(b). In 

the real experimental setup, the curved surfaces in the ideal electrode geometry, 

shown in Fig. 5.8(b), were approximated by planar electrodes to simplify the 

manufacture. The 1st and 2nd electrodes were made from copper while the 3rd stage 

was fabricated from molybdenum wire mesh. The space between the 3rd electrode 

and the back wall was used to trap the secondary electrons. The potentials on the 

electrodes were 0.5V0, 0.75V0, and V0, respectively. 

The collection efficiencies for the tested three-stage depressed collector on a dual 

mode TWT theoretically were 71% in the high mode and 79% in the low mode. In 

experiment, 71.1% efficiency in high mode and 75.6% efficiency in low mode were 

achieved. 
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(a)           (b) 

Fig. 5. 8 (a) Cross section of a 3-stage asymmetric structure and (b) electron 

trajectories [22]. 

5.3.4 Tilted electric field (TEF) structure 

The other depressed collector is the tilted electric field (TEF) collector whose 

structure is also asymmetric. However, it is an electromagnetic collector for not only 

an electric field but also a magnetic field is employed to sort the spent electrons.  

The idea of using a transverse magnetic field to sort the electron velocities in 

collectors was firstly published in 1959 [3]. In this paper, a cross field composed by a 

transverse electric field in the y axis and a magnetic field in x axis was used to sort 

the electrons to different electrodes as shown in Fig. 5.9 (Here suppose the electrons 

travelled in the z axis). The motion of the spent electrons follows the equations 
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From Eq. 5.10, the decrease of the kinetic energy of the spent electrons in the z axis 

is determined by the magnetic field By. The electrons did not lose much of their 

kinetic energies as the kinetic energies converted from the z component to y 

component. This type of collector was discounted after reports of such depressed 

collectors in the “scientific” press. 

 

(a) 

 

(b) 

Fig. 5. 9 Electron trajectory in cross field (a), cross section of depressed collection 

using cross field (b) [3]. 

The tilted electric field collector contains a magnetic field parallel to the original 

beam axis throughout the collector volume as well as a set of plane parallel 

electrodes inclined at an angle with respect to the beam axis as shown in 

Fig. 5.10 [24, 25].  
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(a) 

 

(b) 

Fig. 5. 10 (a) Schematic of the field configuration of tilted electric field structure, (b) 

the electron trajectories in a practical design [24]. 

The equations of the motion of an electron in the electromagnetic field are 
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where Ez and Bz are the electric and magnetic field in the z axis, respectively. θ is the 

tilt angle of the electric field with respect to the z axis. Suppose the initial conditions 

for time t=0 are 0 and ,0 vzzyxzyx   . 

The solution of Eq. 5.10 becomes 
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where ω=eBz/m is the angular cyclotron frequency corresponding to Bz. In Eq. 5.12, 

the electron is uniformly decelerated in the z axis, thus it is possible to achieve a 

soft-landing collection. In the x axis, the moment is composed by a uniform drift 

with the speed of Eztanθ/Bz and there is a small cyclotron motion in x-y plane. The 

trajectories of electrons with different incident energies in the x-z plane of the 

collection region are shown in fig. 5.10 (b).  

The advantage of the TEF collector is it completely eliminates the problems 

associated with electron backstreaming. When secondary electron emitted from the 

surface of the electrode, it will drift further in the x direction due to the uniform drift 

velocity in the x axis and never go back to the interaction region. The disadvantage 

of the TEF collector is its asymmetric structure and the requirement of a magnetic 

field. Moreover, a large axial magnetic field is required because the drift velocity in 

the x axis is inversely proportion to the magnitude of the magnetic field. A small 

magnetic field will cause a large radius of the collector. 

An experiment of a five-stage TEF collector was carried out on a medium-power 

periodic-field type TWT. The overall efficiency of the microwave tube was 

improved from 19% to 46% [3].  
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5.4  The effect of secondary electron emission 

5.4.1  The effect of secondary emission 

Although the retarded electric field in the collection region can significantly reduce 

the kinetic energy of the spent electron beam, the rest kinetic energy is still large. 

When the spent electrons strike on the surface of the electrodes, the incident energy 

is large enough to produce the secondary electrons. A simple schematic of a primary 

electron with energy 0E impacting with the material of the electrode and generating 

the secondary electrons with energy nEE ~1 is shown in Fig. 5.11. 

 

Fig. 5. 11 Schematic of the generation of secondary electrons 

The secondary emission is an important issue in the design of multistage depressed 

collectors. The collection efficiency can be approximately 10% lower when the 

secondaries are taken into account. In reference [26], the collection efficiency of a 

two-stage depressed collector for 1-MW CW gyrotrons varied from 68% to 60% 

when the secondaries were considered. 
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The secondary electrons have several negative effects on high power microwave 

devices. First of all, secondary electrons carrying velocities with opposite direction to 

the primaries will be accelerated by the electrostatic field in the collection region and 

some of them will become backstreaming. The secondary electrons absorb energy 

from the electrostatic field and decrease the collection efficiency. Secondly, the 

backstreaming entered into the RF interaction region, which will generate noise on 

the microwave output and decrease the performance of the microwave tube. Thirdly, 

in high average power devices, the backstreaming may contribute an additional 

thermal power on the thermally stressed waveguide structure [27]. And also, 

multipacting caused by the secondary electrons may lead to RF breakdown in  

multihundred kW microwave devices [53]. Thus in depressed collectors, it is 

essential to reduce the current of secondary electrons to be as low as possible. 

This section introduces the basic concept on the secondary emission and the physical 

models of the true secondary electrons and the scattered electrons. The simulation 

results of the depressed collector with the secondary electron emission will be 

represented in chapter 6. 

5.4.2 Models of secondary electron emission 

Secondary electrons are generally divided into three classes [28]. The first class is 

the true secondary electrons (TSEs) which are knocked out from the surface of the 

material due to the bombardment of the primary electrons. The true secondaries are 

always with energy less than a few tens of electronvolts, normally regarded as 50 eV. 

The second class is the rediffused electrons. The primary electron impacts with one 

or more atoms inside the material then is reflected back out. The collision is inelastic 

and the energy of the rediffused secondaries can be any value from a few tens of 

electronvolts to the incident energy. The other class is the backscattered elastic 

electrons in which the incident electron is reflected back without losing its kinetic 

energy. In the simulation, the rediffused electrons and the backscattered elastic 
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electrons were treated by a uniform model for they had the same physical nature. The 

term of "backscattered electron" (BSEs) was used to indicate these two types of 

secondary electrons. Fig. 5.12 shows an example of the contribution of the three 

components when an incident electron beam of energy of E bombards on a stainless 

steel surface. 

 

Fig. 5. 12 The emitted-energy spectrum of the secondary electron energy. 

The secondary electrons play an important role to the performance of the depressed 

collector. Therefore, these models of the secondary electron emission should be 

applied in the simulation of the depressed collector using 3D PIC code MAGIC. 

5.4.2. 1 Simulation of TSEs 

In MAGIC, the numbers, the energies and the angles of the emitted TSEs were 

sampled from the probability function of the yield, the energy distribution and the 

angular distribution by using Monte Carlo algorithm. Therefore the true secondary 

yield, the emitted angular distribution and the emitted-energy spectrum are 

considered as important quantities in the simulation. The original data of the 
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secondary electron yield (SEY), the emitted angle distribution and the 

emitted-energy spectrum can be obtained from experiments, and several 

semiempirical formulas have been developed to fit the experimental data. 

5.4.2. 2 TSE yield 

The secondary electron yield (SEY) represents the number of secondary electrons 

emitted per incident particle, which is 

  Ts II 0/                (5.13) 

where I0 is the incident electron beam current and Is is the secondary current. SEY is 

composed by the true secondary yield T and the backscatter coefficient . 

The true secondary yield T can be calculated using the Eq. 5.13 because the 

secondary electron yield and the backscatter coefficient were measured by various 

parties and semi empirical formulas were obtained. 

The first semi empirical model of the secondary electrons was published by Salow in 

1940 [29]. It assumed that the SEY could be written as 
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where ),( 0Exn  is the number of secondary electrons produced at a distance of 

x from the surface by a primary electron of energy 0E . And a further assumption is 

that it is proportional to the energy loss per unit path length, which is 

dxKdEExn /),( 0                (5.15) 

where K/1  represents the energy required to produce a secondary electron. )(xf is 

the probability that a secondary electron produced at x reaches and escapes from the 
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surface, and it is generally accepted that it follows Lenard absorption law [30] and 

has the expression 

axexf )(                 (5.16) 

where a/1  is the effective range of the secondaries in the material. 

Various forms of ),( 0Exn  have been suggested where the first one assumed the 

energy loss was governed by the Thomson-Whiddington law [31], which was 
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Braoody deduced the expression of SEY by using Thomson-Whiddington law in 

1950, which was [32] 
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where m was the maximum yield occurring for a primary electron with energy mE0 , 

0E was the energy of the incident primary electron. 

However, it was found that Eq. 5.18 did not agree with the data obtained in Young’s 

experiment on aluminum oxide films. Then it was suggested that the energy loss was 

not given by a simple inverse relationship, but by some power law as [33] 
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The SEY in the assumption of power law of the energy loss had the expression 
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where mz  was the value of z for which )(zg n  reached its maximum. Young 

suggested n to be 0.35 from the experimental data, and thus mz and )(zg n  could be 

solved as 
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The SEY in Eq. 5.20 can be rewritten as 
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Eq. 5.22 agreed well with the secondary electron emission over a limited range of 

primary energy; however, it was less accurate at high primary energy according to 

experimental data in paper [34]. When mEE 00  , Eq. 5.22 became 

35.0
00 )/(11.1  mm EE              (5.23) 

In 1983, Seiler [35] modified Eq. 5.23 by using the experimental data from Ono and 

Kanaya [36] 
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When choosing 1.2k  then the SEY for high primary energy became 

35.0
0

35.1 )keV/(11.1  Em             (5.25) 



 147 

It is similar to Eq. 5.23 but with a correction factor of m . In 1984, Thomas 

introduced another formula of the true SEY with the following form [37], and it 

becomes the build-in SEY model in MAGIC. 
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However, a formula widely used for SEY was by Vaughan in 1993 [38, 39]. It 

followed 
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where δ0m was the maximum SEY. )/()( min0min0 EEEEv m  . E0 was the 

energy of the incident primary electron. Emin was the minimum primary energy that 

could generate the secondary electrons, which was commonly accepted as 12.5eV. 

E0m was the energy of the incident primary electron producing the maximum SEY. 

The value of parameter k was suggested as 
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Vaughan compared Eq. 5.22 and Eq. 5.27 with the experimental data on a BeO 

surface used in cold-cathode CFA’s, and proved that his formula fits the 

experimental data better than Young’s. 

Besides the incident primary energy E0, the incident angle is another important 

parameter of the secondary electron emission yield. The angular dependent SEY in 

Vaughan’s formula was 
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where θ was the incident angle and 0 ≤ θ < π/2. δ0m(0) was the maximum SEY 

normal to the surface. ksE and ksδ were the smooth factors for E0m(0) and δ0m(0), 

respectively. They were normally set at a default value of 1.0 to represent the surface 

of the tube. 

In 2002, Furman suggested another semi empirical formula based on a probability 

model and the experimental data from the large hadron collider (LHC) for the low 

primary energy part (E0<1kV) of the electrons [40], and it is given by Eq. 5.30. 

s
m

m

m EEs

EEs

)/(1

)/(

00

00

0 




              (5.30) 

where s is a constant and s > 1. 

The SEY with consideration of the incident angle in Furman’s formula based on the 

experimental results obtained at the LHC was 
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where t1, t2, t3, and t4 were coefficients varying for different materials. Fig. 5.13 

shows the SEY as a function of the incident energy of the primary electrons obtained 

by different researchers since 1950 [32 - 40].  

The backscatter coefficient could be evaluated by the Hunger-Kuchler formula which 

was obtained by fitting the experimental data in the energy range of 4 ~ 40 keV [41]. 
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where Z was the atomic number of the material. The angular dependence of the 

backscatter coefficient can be evaluated by Eq. 5.33 [42]. 
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Fig. 5. 13 The relation between SEY and the incident primary energy in different 

models for copper where δ0m=1.3, E0m=580eV and s=1.44. 

The TSE yield function in MAGIC is based on a formula derived by Thomas [37]. 

However, MAGIC also allows users to define their own SEY functions and the 

energy distribution function for true secondary electrons by using the command 

“EMISSION SECONDARY”. In the simulation Vaughan and Furman’s SEY 

formulas and the backscatter coefficient calculated from Eq. 5.32 were used to 

evaluate the true secondary yield as they have been proved to be in good agreement 

with the experimental data [38, 40]. 

Several particle-in-cell (PIC) codes have been developed with the model of 

secondary electron emission. The BSCAT [43], 3D PIC code MICHELLE [44] and 

LKOBRA [45] all employed the formula from Vaughan for the secondary electrons, 

and BSCAT employed a modified formula from Eq. 5.32 for backscattered electrons, 

which was 
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The simulation code ESRAY used to simulate the depressed collector for the 

gyrotron and was also capable of modeling the secondary electrons. The theoretical 

model was based on the probabilistic description of the Furman’s formulas [46].  

5.4.2. 3 Energy spectrum and angular distribution of the TSEs 

It was found that the incident angle and energy of the primary electrons did not affect 

the energy distribution of the true secondary electrons [47]. Therefore in the 

simulation, the secondary energy distribution of the TSEs was assumed to have a 

peak at 7.5 eV with a full-width at half-maximum of 10 eV. While in 

MICHELLE [44], a normalized Maxwellian probability distribution function was 

suggested with the expression 

)/(2 )/()( pkEE

pk eEEEf


              (5.35) 

where Epk is the empirical energy peak which is regarded as 3.3 eV for copper 

material. In BSCAT code [43], a probability distribution function of  

42 )/(6)( uEEuEf                (5.36) 

was used, where u is the work function of the material (4.7 eV for copper). Because 

the kinetic energy of the true secondary (always less than 50 eV) is much smaller 

than the electric potential difference between the electrodes of the designed 

depressed collector (larger than 10 kV), the differences caused by using these 

different energy distribution functions could be neglected. 
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The angular distribution of TSEs was chosen to be homogeneous in the MAGIC 

simulation, which is 

]2/,2/[   ,/1)(  f             (5.37) 

While a more accurate distribution was suggested to follow the cosine 

distribution [44] 

]2/,2/[   ,2/cos)(  f           (5.38) 

5.4.3 Multiple scattering models for the BSEs 

The way to deal with the BSEs was different from the TSEs in MAGIC. In the 

process of producing TSEs, the microcosmic interaction between the incident 

electrons and the target material was treated as a “black box”. However, in the 

process of producing BSEs, a real multiple scattering model between the incident 

electrons and the target material was used in the simulation. In the simulation, the 

traces of the electrons were divided into a sequence of random moves and interaction 

events that the electrons changed their directions and energies. The energy loss 

straggling (including collision energy-loss straggling and radiative energy-loss 

straggling) and angular deflection for each step were sampled from a multiple 

scattering distribution. The parameters for the multiple scattering models were the 

energy and angle of the incident electrons, as well as the properties of the target 

material. The backscatter coefficient, the emitted energy spectrum and angular 

distribution of the BSEs are obtained from the statistical results of a large number of 

interaction events in the multiple scattering process. 

The research on the multiple scattering models began in the 1940’s by Goudsmit [48]. 

Several useful codes based on the Monte Carlo algorithm and multiple scattering 

models together with the experimental data, such as EGS4, GRANT, ETRAN, ITS, 

MCNP, PENELOPE, et al, have been developed and widely used in the study of the 



 152 

transportation of the electrons and photons in various media. Reference [49], [50] are 

good review papers on the multiple scattering models and the electron-photon Monte 

Carlo calculations. 

The scattering process in MAGIC was carried out by ITS (The integrated TIGER 

Series of Coupled Electron/Photon Monte Carlo Transport Codes) code and it has 

been proved that the simulation results of the ITS code were in good agreement with 

the experiments [51]. “BACKSCATTER” option in MAGIC allows ITS to be 

invoked automatically to simulate the emission of both the rediffused and 

backscattered elastic electrons. 

5.5  Conclusion 

In this chapter, the principle and the literature of the depressed collector are 

introduced in the first two sections. A detail description of the different types of 

depressed collectors is given in section 5.3. Section 5.4 gives a detail discussion on 

the SEE models, which is one of the most important issues in the designing of the 

depressed collector.  

To design a depressed collector with higher efficiency, the following problems 

should be considered. 

a) Microwave coupler. It has been discussed in chapter 3. 

b) Decision of the potentials and the geometry of the electrodes to reach 

optimum collection efficiency. Different potentials on the electrodes result 

in different equipotential distributions in the collection region. To achieve 

high collection efficiency, the potentials on the electrodes should be chosen 

carefully. 

c) Secondary electrons. It was the motivation of the development of different 

types of depressed collectors in early 1970s. As the backstreaming could 

seriously affect the performance of the microwave tubes if it returned back 
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to the interaction region, it should be limited as small as possible. 

d) Heat dissipation on the electrodes. When the electrons strike on the surface 

of the electrodes, the rest kinetic energy converts to heat energy and deposits 

on the electrodes. If the energy is not removed in time, the temperature of 

the surface will rise and may cause damage to the electrode, which is called 

“hot spot”. To avoid the “hot spot”, the maximum power density and 

average power density on the electrode needs to be examined. 

e) Power supply system. The role of a depressed collector is to recover a 

proportion of the kinetic energy of the spent beam. Thus the power supply 

system should have the ability to reach this goal. Moreover, the 

requirements of a power supply system for a depressed collector are high 

performance, high reliability and low cost. 
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Chapter 6 

Simulation of the Depressed Collector 
 

The design of depressed collector is a challenging work. It contains several problems 

such as how to choose the optimum potentials on the electrodes as well as the 

geometries of the electrodes. In this chapter, MAGIC and a genetic algorithm are 

employed to simulate the multi-stage depressed collector. Section 6.1 represents the 

simulation results of the gyro-BWO using a helically corrugated waveguide. Section 

6.2 gives the particle-in-cell (PIC) simulation results after applying the Bragg 

reflector which is used to separate the radiation and the spent electron beam. In 

section 6.3, the optimum potentials on the electrodes are calculated and section 6.4 

gives a detail description on the optimization of the depressed collector. Section 6.5 

simulates the heat power distribution on the electrodes. And a brief conclusion was 

represented at the end of this chapter. 

6.1  Simulation of gyro-BWO using MAGIC 

A gyro-BWO with a helically corrugated waveguide has been demonstrated to allow 

a wide frequency tunability as well as pure frequency component due to large group 

velocity in the region of small axial wave number and the asymmetric geometry of 

the interaction region which ensures the electron beam can only interact with the 

wave in one direction [1]. An W-band (84 - 104 GHz) gyro-BWO based on threefold 

helically corrugated waveguide currently been built at the University of Strathclyde 

was predicted to achieve frequency tuning range of 20% and an electronic efficiency 

of 16.7% by using an axis-encircling large-orbit electron beam. The threefold helical 
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waveguide structure provided effective resonant coupling between the TE11 and TE21 

mode [2]. 

The 3D PIC code MAGIC was used to simulate the electron beam trajectories, 

beam-wave interaction in the three-fold helically corrugated waveguide. MAGIC is a 

user-configurable code that solves Maxwell's equations together with Lorentz 

particle motion. The numerical calculations use the finite difference method to 

simulate the physical processes evolving in time and space from an initial specified 

state. From this initial specified state, time is advanced adding a single time step. At 

each new value of time, Maxwell’s equations are solved throughout space to advance 

the electromagnetic fields in time. Using these new fields, the Lorentz equation is 

solved to advance the momentum and co-ordinates of all the electrons in the 

simulation. The continuity equation is then solved to map charge and current 

densities on to the grids which are then used as sources for Maxwell’s equations on 

the next time step. This provides a self-consistent model of the interaction between 

the fields and particles [12]. 

The MAGIC tool suite includes MAGIC2D which is a 2.5 dimensional code (2D 

fields and 3D particle kinematics), MAGIC3D which is a fully three-dimensional 

code, and ReView which is a general-purpose post-processor [13].  

MAGIC provides configuration control based upon the MAGIC Command Language 

(MCL). MCL is a sophisticated scripting language with many powerful features. It 

allows the user to choose algorithms and define variable to create reusable 

configurations. 

The configuration of the gyro-BWO in the 3D PIC code MAGIC is shown in Fig. 6.1. 

The waveguide was composed by 34 periods of helical length. According to the 

discussion in paper [3, 4], the electronic efficiency can be improved by using tapered 

magnetic field or tapered wall radius of the waveguide instead of the constant field or 

waveguide radius. Thus the waveguide in the simulation contains 3 periods of 
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tapered radius at both sides, as well as the amplitude of magnetic field tapered at the 

end of the interaction region. 

 

(a) 

 

(b) 

Fig. 6. 1 (a) Geometry of the helically corrugated waveguide and (b) the model in 3D 

PIC code MAGIC. 

The radiation of the gyro-BWO can be coupled out either from an output coupler at 

the upstream side of the waveguide or through an output window at the downstream 

side. However, when considering the applications of a depressed collector at the end 

of the waveguide, coupling the radiation through the window at the downstream side 

will increase the difficulty in separating the radiation from the spent electron beam. 

Thus to use the output coupler is a more practical method. A short at the end of the 

microwave system was used to reflect the microwaves back upstream. To measure 
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the power of the radiation, a conductance was used to absorb the radiation without 

disturbing the prorogation of the electron beam, as shown in Fig. 6.1. 

In the MAGIC simulation, an electron beam with energy 40 keV, current 1.5 A, and 

beam alpha 1.6 achieved an output power about 10 kW in a magnetic field of 1.90 T. 

A typical simulated output spectrum, mode pattern and beam trajectory are shown in 

Fig. 6.2. 

 

(a) 

 

(b) 
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(c) 

Fig. 6. 2 (a) MAGIC simulation results of the output spectrum of 96.83 GHz, (b) 

mode pattern of TE11 mode and (c) beam trajectory. 

The simulated output frequencies and powers of the gyro-BWO by the electron beam 

with the same energy, current and pitch angle as a function of the tuning cavity 

magnetic fields are given in Fig. 6.3. Also the frequency tuning characteristic of the 

gyro-BWO using beam voltage as a tuning parameter at fixed cavity magnetic field 

of 1.90 T was simulated and the results are presented in Fig. 6.4. 
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Fig. 6. 3 Simulated output frequency and power of the gyro-BWO as a function of 

tuning cavity magnetic field. 

 

Fig. 6. 4 Simulated output frequency and power of the gyro-BWO as a function of 

tuning electron beam voltage when the magnetic field is 1.90 T. 

6.2  Simulation results with Bragg reflectors 

To allow the spent electrons passing through the interaction region and entering into 

the collection region, a Bragg reflector which is designed in chapter 3 can be used to 

take the place of the waveguide short in Fig. 6.1.  

Another factor which affects the dimension of the Bragg reflector is the magnetic 

field in the interaction region. In the simulation of the W-band gyro-BWO, the 

electron beam was guided by a cylindrically symmetric magnetic field and the 

amplitude gradually reduced downstream. When the electrons travelled from a 

stronger magnetic field region into a weaker one, their Larmor radii become larger 

while the magnetic moment is kept constant [5, 6].  

The Larmor radius for a gyrating electron in the magnetic field is defined as 
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                 (6.1) 

where m and e are the mass and the charge of the electron, respectively. B is the 

magnetic field along the z direction and v is the velocity perpendicular to B. 

The magnetic moment is defined by 
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Combing Eq. 6.1 and Eq. 6.2 then have 
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As a conclusion of Eq. 6.3, the relationship between the Larmor radius of the spent 

electrons and the magnetic field follows 

2112
2

112 // BBRBRBR              (6.4) 

In the simulation, the maximum radius of the hollow axis-encircling electron beam 

was about 0.44 mm, as marked in Fig. 6.2 (c). If we set B1 as the maximum magnetic 

field in the interaction region, and R1 as the maximum radius of the electron beam, B2 

as the magnetic profile along the axis direction, then we can get the maximum beam 

radius at different axial positions.  

To avoid the spent electrons striking on the inner surface of the Bragg reflector, the 

maximum Larmor radius of the spent electrons inside the Bragg reflector should be 

less than the radius of the corrugated sections. As calculated from Eq. 6.4, the profile 

of the maximum beam radius at B1=1.90 T is shown in Fig. 6.5. A similar profile can 

be obtained when sweeping B1 from 1.55 T to 2.10 T. 
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When optimizing the Bragg reflector, the ranges of the radii of the corrugated 

sections whose distance is less than 45 mm to the beginning position are set as 

[1.3 mm, 2.0 mm]. The range of the radii of the corrugated sections whose distance is 

larger than 45 mm to the beginning position is set as [2.0 mm, 3.0 mm]. The range of 

the length of the corrugated sections is set as [2.0 mm, 5.5 mm]. The detail of the 

optimum result was discussed in chapter 3. The cross section view of the helically 

corrugated waveguide with the corrugated section is shown in Fig. 6.5. The radius of 

the waveguide is larger than the maximum trajectory radius of the spent electron 

beam, so that the spent electrons can pass the Bragg reflector without landing on it . 

From the numerical simulations, the average microwave output power was about 

10 kW while the power observed at the end of the reflector was 80 W under the 

conditions of electron beam voltage of 40 kV, beam current 1.5 A and beam alpha 

1.6 where beam alpha is the ratio of the azimuthal velocity to the axial velocity of the 

electrons beam. The cavity magnetic field is 1.75 T. About 99% 

(1 - 80W/10kW = 99.2%) of the microwave power was reflected back into the 

beam-wave interaction region. The simulated powers are shown in Fig. 6.6.  

 

Fig. 6. 5 The overall magnetic field in the microwave tube. 



 168 

 

(a) 

 

(b) 
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(c) 

Fig. 6. 6 Simulated structure using the 3D PIC code MAGIC (a) the trajectory of the 

electron beam, (b) Output microwave power, (c) Lost microwave power. 

6.3  Collection efficiency 

After the reflector, the spent electrons then entered into the depressed collector. The 

electrons lost their kinetic energy when passing through the retarding electrostatic 

field and finally landed on the collector surface with a significant reduction of their 

kinetic energy. They produced a loop current which results in a power recovery from 

the spent electrons. 

The power recovered by depressed collectors is defined as 


n

nn IVPcol                 (6.5) 

Here n  is the number of stages and nn IV , are the potentials and collected current 

on the nth-stage electrode, respectively. For a given energy distribution of the spent 

electrons, increasing the number of stages resulted in more power be collected. 
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However, the design of the depressed collectors becomes more complex and the cost 

increases as the number of stages increases. 

The electronic efficiency for a microwave tube is defined as 

bmwe PP /                  (6.6) 

where mwP is the generated microwave power and the beam power bP can be 

expressed as bbb IUP  , where bU  is the beam voltage and bI is the beam current. 

The remaining power of the spent beam is given by mwbbeamspent PPP _ if other 

power losses such as the Ohmic wall loss from the beam loading are neglected. 

The collection efficiency col for a depressed collector is defined as 

beamspentcolcol PP _/                (6.7) 

Due to the intrinsic RF losses such as Ohmic wall losses and stray radiation, the 

output microwave power is determined by the generated microwave power and the 

output efficiency out . 

outmwout PP                 (6.8) 

It is suggested that the RF losses are between 10% and 15%, which means 

9.0~85.0out . 

By introducing a depressed collector with a collection efficiency of col , the overall 

efficiency of the microwave tube tot with an electronic efficiency e  can be 

calculated using 

)1(1 ecol

eout

colb

out
tot

PP

P










            (6.9) 
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Fig. 6. 7 Overall device efficiency as a function of collector efficiency at different 

electronic efficiency. 

The relation between overall efficiency and collection efficiency is plotted in Fig. 6.7 

at 9.0out . For those inherently low efficiency high power microwave devices, 

depressed collectors with efficiency higher than 80% can significantly improve the 

overall efficiency. For a moderately efficient source with an electronic and collection 

efficiency of 30% and 80%, respectively, with the use of depressed collection the 

overall efficiency could be increased to 61.4%, increasing the overall efficiency by a 

factor of ~2 [7].  

In the design of the energy recovery system, at the end of the Bragg reflector, the 

energy distribution of the electron beam was exported from the simulation of the 

gyro-BWO which was carried out using the MAGIC. The electrons in the export port 

with a time scale of 2 ns were selected to be the sample of the spent beam and used 

for the 3D PIC simulations of the depressed collector. Fig. 6.8 shows the spent beam 

distribution under the conditions of beam voltage 40 kV, beam current 1.5A and 

beam alpha 1.6. The cavity magnetic field is 1.75 T. Table 6.1 shows the optimum 
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potentials and the collection efficiency when a different number of stages are used 

[8]. In this calculation, it was assumed that all the electrons were collected on the 

electrodes without consideration of secondary emissions. The minimum electrode 

potential was set to be the minimum energy of electrons to avoid backstreaming and 

the maximum potential was set to be the electron beam voltage which was 40 kV in 

the gyro-BWO device. It was found that when the number of stages increased 

beyond four, the collection efficiency did not significantly increase. Four stages were 

therefore chosen as a compromise between the collection efficiency and complexity 

of the system. 

 

(a) 
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(b) 

Fig. 6. 8 (a) Energy distribution of the spent beam, (b) recovered energy from the 

spent electrons, under the condition of 40 kV electron beam voltage, 1.5 A beam 

current, beam alpha of 1.6 and a cavity magnetic field of 1.75 T. 

Table 6. 1 Collection efficiency for different number of stages. 

No. Potentials on electrodes (kV) 

(relative to ground voltage) 

Collection 

efficiency 

1 -9.24 ----- ----- ----- ----- ----- ----- 28.8% 

2 -9.24 -25.70 ----- ----- ----- ----- ----- 63.6% 

3 -9.24 -22.14 -36.57 ----- ----- ----- ----- 75.7% 

4 -9.24 -19.55 -27.31 -40.00 ----- ----- ----- 82.5% 

5 -9.24 -18.86 -24.96 -30.78 -40.00 ----- ----- 85.7% 

6 -9.24 -16.98 -22.14 -27.22 -32.66 -40.00 ----- 87.5% 

7 -9.24 -16.82 -21.33 -25.47 -29.53 -34.23 -40.00 88.7% 
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To keep the electrodes at the designed potentials, high voltage DC power supplies 

should be used. The spent electrons landing on the electrodes can be considered as 

the loads of the DC power sources. Fluctuations of the collected beam currents 

would give rise to the change of the potentials due to limited output impedances of 

the supplies and cause the collection efficiency to change. The collection efficiency 

influenced by potential fluctuation on the electrodes was also calculated and the 

results are shown in Fig. 6.9. When the potential fluctuation was limited to a ±20% 

range, the change in collection efficiency was less than 5%. In the experiment, less 

sensitivity of the collection efficiency caused by the fluctuation of the potentials on 

the electrodes is preferred. 

 

Fig. 6. 9 Collection efficiency as a function of potential fluctuation on each 

electrode. 
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6.4  Simulation of depressed collector 

As shown in section 6.1, MAGIC was used to simulate the gyro-BWO with a 

helically corrugated waveguide because of the asymmetric structure, therefore the 

parameters of the spent electrons exported from the simulation of the gyro-BWO 

using 3D. MAGIC was also used to simulate the depressed collector. Simulation in 

3D would also allow for the design of asymmetrical electrodes for the reduction of 

the possible backstreaming electrons. 

The collection efficiency calculated in section 6.3 assumed that all the spent 

electrons were sorted by the electric and magnetic field in the collection region. In 

practice, the distribution of the electric field is determined by the geometry of the 

electrodes. Proper design of the electrode geometry not only acts to sort the electrons 

with different kinetic energies, but also to decrease the possibility of secondary 

emission and to avoid the backstreaming of the electrons in the collector. 

One way to choose a good geometry is to use a searching algorithm such as a random 

walk and genetic algorithm to optimize the parameters [9]. An optimization program 

based on the MIT GAlib was developed as mentioned in chapter 2. The optimization 

program firstly created an input file by inserting the new set of parameters to the 

template input file for MAGIC. Then MAGIC was invoked to simulate the new 

geometry and the result was read by the optimization program to evaluate the 

parameters. 

6.4.1 Structure of the electrodes 

The difficulty in the flow chart of the simulation was to design the template input file 

for MAGIC. The input file was required to have the capability to accept any sets of 

parameters produced by genetic algorithm and create the appropriate geometry. In 

this simulation, a basic geometry for each electrode was defined and parameterized. 
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The basic geometry of an electrode is shown in Fig. 6.10. It is determined completely 

by 4 parameters, the length of the electrode (Li), the height of the electrode (Hi), the 

offset from the Z axis (Oi) and the tilt angle (Ai). There should be 16 parameters in a 

4-stage collector. However, the outer radius of the depressed collector was restricted 

to 60 mm, and the overall length was restricted to be 150 mm. Thus 14 parameters 

were to be optimized. Before the optimization, many simulations were carried out to 

find a proper range for each parameter to ensure the searching range was as small as 

possible. For example, the Oi for the first electrode was set from 5.0 mm to 15.0 mm 

and the genome length was 6 bit using a binary code. The accuracy of each 

parameter was chosen to be consistent with the grid size in the MAGIC code. 

 

Fig. 6. 10 The basic geometry of an electrode. 

6.4.2 Simulation results of the 4-stage depressed collector 

The full geometry of the 4-stage depressed collector is shown in Fig. 6.11. A gap of 

10 mm between the end of the collection region and the first stage of the collector 

was left to isolate the high voltage between them. The electrode shapes were 

modified as shown in S1, S2, S3 and S4 to avoid potential distortion in the 

simulation when the electric field was applied to the electrodes. 
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Fig. 6. 11 Full geometry of 4-stage depressed collector. 

The potentials on each electrode were consistent with Table 6.1. After each 

simulation, the average current collected by each collector was read from a MAGIC 

output data file. Then the collected power was calculated from Eq. 6.5. The average 

power of the spent beam was calculated by counting all the energy from the spent 

electrons. The collection efficiency calculated by the collected power and power of 

the spent beam was used to evaluate the optimum geometric parameters. The 

crossover probability, mutation probability, and population size of the genetic 

algorithm were set to be 0.85, 0.05 and 12, respectively. The evaluation function is 

backcoleva W                (6.10) 

where back  was the percentage of the backstreaming electrons, and W was the 

weight. In our calculation, W was chosen as 1.5. The optimization was run with the  

magnetic field of 1.75 T. After 756 iterations, an optimum collection efficiency of 

78.7% was achieved. It was 3.8% lower than the ideal collection efficiency 

calculated in the preceding section which assumed all the spent electrons were sorted 

perfectly. That was because not all the electrons were recovered by the optimum 

electrode and a small proportion were observed to backstream in the simulation. The 

trajectories of the spent electrons are also shown in Fig. 6.11. 

Fig. 6.12 shows the optimum collection efficiency versus the number of the iterations. 

There is only a slight improvement in the collection efficiency after 408 iterations, 
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which means 34 generations in the genetic algorithm. A good convergence in 

searching for the parameters was achieved by using the genetic algorithm. 

The emitted current in the simulation was 1.40 A, and the emitted power was about 

48 kW. They all slightly changed for different simulations caused by a slight change 

in the size of the mesh grid. The top five collection efficiencies with collected current 

are shown in Table 6.2. It should be noticed that there was 4.5% of the current not 

collected which could stream back into the interaction region. 

 

Fig. 6. 12 Collection efficiency versus iteration number. 

The electronic efficiency of the W-band gyro-BWO was about 

%7.61
A 5.1kV 40

kW 10.0



eη             (6.11) 

Without energy recovery, the overall efficiency of the microwave tube was  

%0.15167.09.0  eouttot ηεη         (6.12) 
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By applying the optimum depressed collector using the data in iteration 604, the 

overall efficiency was 

%6.43
)167.01(787.01

15.0



totη          (6.13) 

The overall efficiency was greatly improved by using the energy recovery system. 

Table 6. 2 Collected currents and collection efficiencies 

No. 

Pall 

(kW) 

I1 

(A) 

I2 

(A) 

I3 

(A) 

I4 

(A) 

Pcol 
Collection 

efficiency 

Backward 

percentage 

Evaluated 

value 

604 48.11 -0.017 -0.44 -0.48 -0.40 37.87 78.7% 4.5% 72.0% 

588 48.10 -0.016 -0.43 -0.47 -0.41 37.79 78.6% 5.3% 70.7% 

653 47.98 -0.005 -0.41 -0.48 -0.42 37.97 79.1% 6.1% 70.0% 

723 47.91 -0.002 -0.37 -0.53 -0.40 37.73 78.8% 7.0% 68.3% 

683 48.11 -0.002 -0.37 -0.53 -0.40 37.73 78.4% 7.0% 67.9% 

 

6.4.3 Simulation results for different magnetic fields 

In different magnetic fields, the data could be dealt with in the same process, and the 

optimum potentials on the electrodes were also studied, as shown in Table 6.3 and 

Table 6.4. 
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Table 6. 3 The optimum potential on the electrodes 

Potentials on the electrodes (kV) 

(Comparing with ground voltage) 

Magnetic 

field (T) 

1st stage 2nd stage 3rd stage 4th stage 

Collection 

efficiency 

1.55 -8.61 -19.43 -28.22 -40.00 82.9% 

1.65 -8.61 -20.06 -28.44 -39.92 82.7% 

1.75 -9.24 -19.55 -27.31 -39.99 82.5% 

1.85 -9.70 -19.97 -28.63 -40.00 82.3% 

1.95 -11.10 -21.88 -29.69 -39.99 83.4% 

2.05 -12.33 -21.28 -29.01 -38.62 83.7% 

 

Table 6. 4 The collected currents and the collection efficiencies 

Magnetic 

field (T) 

Iall 

(A) 

Pall 

(kW) 

I1 

(A) 

I2 

(A) 

I3 

(A) 

I4 

(A) 

Pcol 
Collection 

efficiency 

Backward 

percentage 

1.55 -1.40 48.32 -0.029 -0.34 -0.41 -0.53 39.63 82.0% 6.5% 

1.65 -1.42 47.96 -0.037 -0.41 -0.43 -0.44 38.33 79.9% 7.3% 

1.75 -1.40 48.11 -0.017 -0.44 -0.48 -0.40 37.87 78.7% 4.5% 

1.85 -1.37 47.24 -0.016 -0.43 -0.45 -0.39 37.22 78.8% 6.1% 

1.95 -1.53 53.67 -0.029 -0.46 -0.44 -0.46 41.85 78.0% 9.2% 

2.05 -1.44 50.72 -0.01 -0.43 -0.37 -0.53 40.48 79.8% 6.9% 
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6.5  Simulation with secondary electron emission 

6.5.1 Material property for the depressed collector 

Copper is the most common material used for the electrodes of multi-stage depressed 

collectors due to its high thermal and electrical conductivity as well as its ease of 

fabrication. However, the biggest disadvantage of the untreated copper is its 

relatively high secondary electron emission characteristics making it a poor choice as 

the electrodes of a high performance depressed collector [10]. Table 6.5 lists the 

secondary electron yields of different materials. 

Table 6. 5 The secondary electron yield of different materials 

Material )0(0mE  )0(0m  

Copper 500 1.3 

Copper (sooted) 500 0.33 

Texture carbon on copper 300 0.26 

POCO Graphite (ion textured) 300 0.20 

One of the approaches to lower the secondary emission level is to coat titanium 

carbide to the copper substrate. 

6.5.2 Simulation results 

The optimization simulation was run once again with the secondary electrons 

considered. Copper was chosen as the material of the electrodes. The collected power 

taking account of the secondary electrons was revised as [11] 
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where n is the number of stages 
ii IV ,  are the potentials and the collected primary 

current on the ith-stage electrode, respectively. Iij is the current of the secondary 

electrons emitted from the ith-stage electrode and collected on the jth-stage electrode. 

IBi is the backstreaming current by the secondary electrons emitted from the ith-stage  

electrode.  

In the previous optimum geometry without considering the secondary electrons, a 

collection efficiency of 78.7% was obtained in the conditions of beam current of 

1.5 A, beam voltage of 40 kV, magnetic field of 1.75 T, and the operation frequency 

of 91.4 GHz. The spent electron beam imported into the collector region had 1.4 A 

average current and approximately 48 kW average power. When taking the 

secondary electron emission into account, the collection efficiency reduced from 

78.7% to 69.2% and the backstreaming increased from 4.5% to 9.4%. Vaughan’s 

formula was used to simulate the true secondary electron emission. The trajectories 

of the primary electrons and the secondary electrons are shown in Fig. 6.13. The 

backstreaming was large thus modifications in the geometry were required. 

In Fig. 6.13, many secondary electrons were accelerated by the electric field in the z 

axis and returned to the interaction region. This backstreaming could be reduced if an 

acceleration field exists in the radial direction which is strong enough to push the 

secondary electrons back to the electrode surface. It could be improved by changing 

the tilt angle and the height of the spike in the fourth electrode. Together with the 14 

parameters used in the previous geometry, the depressed collector was now 

completely determined by 16 parameters if we wanted to optimize the dimensions of 

the spike. 
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(a) Trajectories of the primary electrons; 

 

(b) Trajectories of the true secondary electrons; 

 

(c) Trajectories of the backscattered electrons; 

Fig. 6. 13 Trajectories of the primary electrons and the secondary electrons in the 

optimized geometry. 

With the same parameter setting in the genetic algorithm, after 552 iterations, an 

optimum collection efficiency of 69.0% was achieved when using Vaughan’s true 

secondary emission model. The collection efficiency and the backstreaming 
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percentage were shown in Table 6.6. It only had slightly changed in the collection 

efficiency as compared with the previous geometry. However, the backstreaming 

was reduced from 9.4% to 4.9%. Table 6.7 presents the collection efficiencies and 

the percentages of the backstreaming currents in different cases. From the simulation 

results, by carefully designing the geometry of the depressed collector, the 

backstreaming could be reduced to a relatively low level. 

Table 6. 6 The collected currents and the collection efficiencies. 

No. 
Pall 

(kW) 

I1 

(A) 

I2 

(A) 

I3 

(A) 

I4 

(A) 
Pcol 

Collection  

efficiency 

Backward 

percentage 

444 48.84 9.47E-05 0.49 0.39 0.41 69.0% 4.9% 61.7% 

418 48.84 6.27E-05 0.49 0.39 0.41 68.1% 4.9% 60.8% 

293 48.84 8.71E-05 0.49 0.40 0.41 68.1% 4.7% 61.1% 

275 48.84 2.22E-04 0.53 0.35 0.41 67.5% 4.8% 60.3% 

326 48.84 6.91E-05 0.48 0.41 0.42 66.7% 4.6% 59.8% 

 

Table 6. 7 The collection efficiency and the backstreaming rate in different cases. 

Cases True SEE 

model 

Collection 

efficiency 

Percentage of 

backstreaming 

without TSEs, without BSEs --- 75.7% 4.79% 

Vaughan 71.1% 4.79% 

Furman 68.9% 4.80% 

 

with TSEs, without BSEs 

Thomas 73.0% 4.80% 

without TSEs, with BSEs --- 73.9% 4.89% 

Vaughan 69.0% 4.89% 

Furman 66.8% 4.91% 

 

with TSEs, with BSEs 

Thomas 71.0% 4.90% 
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From the simulation results, the backstreaming caused by the primary electrons was 

4.79%, while TSEs and BSEs only contributed about 0.1%. Between BSEs and TSEs, 

the backstreaming was mostly composed by BSEs, as the BSEs had a higher energy 

than the TSEs thus they were better able to overcome the radial electric field and 

return to the interaction region. Fig. 6.14 shows the trajectories of the primary 

electrons, the true secondary electrons and the backscattered electrons in the 

designed depressed collector when using Vaughan's formula. 

The reduction of the collection efficiency caused by the three different models of true 

secondary emission yield did not show a great difference and was about 4%. Each 

secondary emission model generated a different number of the true secondary 

electrons and impacted the second and third terms of Eq. 6.14. The second term was 

much smaller than the first term since Vi-Vj was much smaller than Vi. In the 

simulation, the potentials on each electrode were -9.24 kV, -19.55 kV, -27.31 kV, 

-40.00 kV, respectively. From the trajectories of the true secondary electrons in 

Fig. 6.14(b), most of the true secondary electrons emitted from the fourth, third and 

second electrodes were collected by the third, second, and first electrode, 

respectively. That made the second term of Eq. 6.14 a small value. Since the 

difference between the collection efficiency and backstreaming rate associated with 

the different true secondary emission models were found to be small, in subsequent 

calculations, we only used Vaughan's formula because it has been widely accepted in 

the literature. 
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(a) Trajectories of the primary electrons; 

 

(b) Trajectories of the true secondary electrons; 

 

(c) Trajectories of the backscattered electrons; 

Fig. 6. 14 Trajectories of the electrons in the depressed collector (using Vaughan’s 

formulas) 

The output frequency of the W-band gyro-BWO can be tuned by adjusting the 

amplitude of the cavity magnetic field. However the spent beam parameters were 
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also affected by this tuning. The collection efficiencies and the backstreaming rate of 

the W-band gyro-BWO were therefore simulated in the whole frequency tuning 

range for the optimized configuration of the four-stage depressed collector and the 

results are shown in Fig. 6.15. The collection efficiencies achieved were simulated to 

be about 70% and the backstreaming rate was lower than 7% in the working 

frequency band. 

 

Fig. 6. 15 The collection efficiencies and the backstreaming rates over the frequency 

tuning range of the gyro-BWO. 

6.6  Heat power density distribution on the collector 

The heat power dissipation on the electrodes is another important issue in designing 

the depressed collector. Although the kinetic energy of the spent electrons reduced 

significantly when they passed through the retarded electric field, the heat due to the 

power of the remaining kinetic energy of the spent electrons when they struck the 

surface of the electrodes was still large, for our case, it could be up to 20 keV. The 

spent electrons with such high kinetic energy could damage the surface of electrodes 
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in the form of a "hot spot" and could reach the thermal stress threshold of the 

collector material. 

To design an effective cooling system for the collector electrodes, the distribution of 

the heat power dissipated on the surface of the electrodes needs to be evaluated. In 

MAGIC, there is no way to obtain the heat power on the electrodes directly. 

However, it provides a command "OBSERVE COLLECTED POWER" to monitor 

the overall heat dissipation on a conductor. To obtain the heat power distribution on 

the surface of the electrodes, the four electrodes were divided into a large number of 

small conductors both in the azimuthal direction and the z direction and the heat 

power dissipated in each of these conductors was individually recorded, thus an 

approximate heat power distribution was obtained. The greater the number of 

conductors, the higher the resolution of the heat power distribution that could be 

achieved. The heat power densities on the conductors could be calculated by dividing 

the heat power by the area of the conductors' surface. There are two types of 

conductor surface, as shown in Fig. 6.16. 

 

Fig. 6. 16 Two types of conductor surfaces. 

A schematic of a single conductor in the electrode in case (a) is shown in Fig. 6.17.  
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Fig. 6. 17 Schematic of the conductors in case (a). 

In this case, the area of a single conductor has the following equation 

1
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1
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2 



rr

h
rrS              (6.15) 

The relation of the inner radius 1r and outer radius 2r is 

tan12 hrr                 (6.16) 

Thus we have 

 2
1 tan1)tan2(  hhrS            (6.17) 

In the simulation, h is the length of the electrode slice, a is the angle of the tilt part of 

each electrode, and 0 degree for the flat part. 

A schematic of the electrode and a single conductor in case (b) are shown in 

Fig. 6.18. The area in this case follows 

 )(
2

1 2
1

2
2 rrS               (6.18) 

where in the simulation, 12/  is a constant. 
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Fig. 6. 18 Schematic of the conductors in case (b). 

The maximum value of the heat power densities in the azimuthal direction as a 

function of the axial position z was recorded and is shown in Fig. 6.19 when the 

magnetic field is 1.75 T and the beam voltage and current are 40 kV and 1.5 A, 

respectively. The average heat power density in the azimuthal direction as a function 

of the axial position z was recorded and shown. The largest heat power density was  

~220/cm2. Fig. 6.20 shows the maximum heat density in the designed depressed 

collector when different magnetic fields are applied. The maximum heat density was 

~240W/cm2. It is lower than the thermal stress threshold of the copper material thus 

the generation of "hot spots" can be avoided and no extra cooling system is required. 
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Fig. 6. 19 The average and maximum heat power density as a function of the axial 

position in the depressed collector. 

 

Fig. 6. 20 The maximum heat power density and maximum average power density in 

different magnetic fields. 
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6.7  CAD model of the depressed collector 

 

(a) The 3D view; 

 

(b) The cross section view; 

Fig. 6. 21 The 3D view (a) and the cross-section view (b) of the depressed collector. 



 193 

The optimized geometry in MAGIC then was transferred to an AutoCAD drawing, as 

shown in Fig. 6.21. It contains the ceramic pieces which are used to isolate the high 

voltage between the electrodes, the electrodes, the power feedthroughs which are 

used to feed power from the power supply to the electrodes. To hold the high 

vacuum, the whole structure was connected by several flanges and the joined parts 

are welded together. A ceramic tube was used to hold the electrodes as well as to 

isolate the voltage between the electrodes and the outside shell. Small holes on the 

side of the ceramic tube were used to help pump the vacuum faster. 

To avoid the voltage breakdown in the vacuum, the electric field strength inside the 

depressed collector was simulated using the CST studio. The calculation result of the 

original model is shown in Fig. 6.22. The maximum electric field inside the 

depressed collector was ~13.5 kV/mm. However, the vacuum breakdown electric 

field was ~10 kV/mm. The strong electric field mainly caused by the sharp spike and 

the sharp edge of the electrodes, and the power feedthroughs. 

 

(a) The electric field distribution inside the depressed collector; 
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(b) The electric field distribution inside the electrodes; 

Fig. 6. 22 The electric field distribution inside the depressed collector (a) and inside 

the electrodes (b) 

The electric field around and between the input power feedthrough and the outside 

shell can be calculated using the following formula. 

)(     ,
1

)/ln(
21

12

rrr
rrr

U
E             (6.19) 

where U is the potential between the feedthrough and the outside shell. r2 and r1 are 

the radius of the feedthrough and the outside shell. The maximum electric field 

appears when r = r1. The maximum electric fields of the four power feedthroughs 

when the magnetic field is 1.75T are listed as Table 6.8. 

Applying round corners on the spike and the electrodes can significantly reduce the 

electric field strength. The maximum electric fields on different radii of the round 

corners were also simulated to make sure the electric field was at a reasonably low 

level. Fig. 6.23 shows the simulated result when a round corner with radius of 
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2.2 mm on the spike, 2.0 mm on the first, second and third electrodes and 4.0 mm on 

the fourth electrode. The maximum electric field in the collector region was 5.4 

kV/mm, which is acceptable for practical usage. 

Table 6. 8 The maximum electric fields of the four power feedthroughs 

No. U (kV) r2 (mm) r1 (mm) E (kV/mm) 

1 9.24 7.9 1.2 4.1 

2 19.55 7.9 3.0 6.7 

3 27.31 17.5 3.0 5.2 

4 40.00 17.5 5.0 6.4 

 

Fig. 6. 23 The electric field distribution inside the depressed collector. 

6.8  Conclusion 

In this chapter, the simulation results of the W-band Gyro-BWO were introduced and 

an energy recovery system containing a Bragg reflector and a four-stage depressed 

collector was designed. MAGIC and a genetic algorithm were used to simulate and 

optimize the geometry of the electrodes. In the simulation, 99% microwave power 
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was reflected back upstream by the Bragg reflector and 82.5% collection efficiency 

was achieved when the magnetic field was 1.75T.  

Secondary electron emissions were simulated and a few emission models were 

compared to investigate their effects on the overall recovery efficiency and the 

backstreaming rate for the multistage collector. The optimization of the shape and 

dimensions of each stage of the collector using a genetic algorithm achieved an 

overall recovery efficiency of about 70%, with a minimized backstreaming rate of 

4.9%. The backscattered electrons played a more important role than the true 

secondary electrons when understanding the backstreaming of electrons back into the 

beam wave interaction region. The heat distribution on the collector was calculated 

and the maximum heat density on the electrodes was 240 W/cm2 and the generation 

of "hot spots" could be avoided. The electric field distribution inside the depressed 

collector was calculated and the electrode corners rounded to avoid the voltage 

breakdown in vacuum. 
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Chapter 7 

Experimental setup and results 

7.1  Experiment setup for W-band gyro-BWO 

The whole experimental setup for the W-band gyro-BWO is a complicated system. 

Fig. 7.1 is a schematic drawing of the preliminary experimental setup. In this setup, 

the microwave radiation was extracted out after the interaction region by a narrow 

band sapphire window. No depressed collector and output coupler were used. The 

experiments on the depressed collector is based on the current setup. 

The whole system contains the cusp electron gun, the cavity solenoid and reverse 

coil, the high current DC power supply for solenoids, the beam-wave interaction 

waveguide, the vacuum system, the safety interlock system, the cooling water system, 

the electron beam diagnostic system, the microwave radiation detector and the power 

supply for accelerating the electron beam. Fig. 7.2 shows the gyro-BWO 

experimental bay and the electron beam device. A brief introduction to each 

component will be given in this section.  
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Fig. 7. 1 The schematic drawing of the experimental setup (Figure drawn by Craig 

Donoladson). 
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(a) The picture of the gyro-BWO experiment; 

 

(b) the electron beam device; 

Fig. 7. 2 The setup of the gyro-BWO experiments. 
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The cusp electron gun is designed to generate an annular-shaped, axis-encircling 

electron beam with 1.5 A current, and a adjustable beam alpha which is the ratio of 

the azimuthal velocity to the axial velocity of the electrons beam up to 3 at a beam 

voltage of 40 kV, as shown in Fig. 7.3 [1, 2]. The measurement of the generated 

electron beam shows a 0.37 mm in the mean radius, It matches well with the 

simulation, where the beam had an inner and an outer radius of 0.23 and 0.42 mm, at 

the central magnetic field of 1.82 T. 

 

(a ) A photograph of the cathode (RED part is the emitting surface); 

 

(b) The simulated and measured electron beam of the cusp electron gun; 
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(c) The beam alpha in different magnetic fields at the cathode; 

Fig. 7. 3 the properties of the cusp electron gun. 

The cusp magnetic field is produced by two solenoids with opposite current direction. 

The reverse solenoid produces magnetic field with maximum value of ~68 mT at a 

current of 200 A. It has 4 layer and 10 turns per layer, as shown in Fig. 7.4. The 

cavity solenoid generates a magnetic field with opposite direction to form a cusp 

magnetic field for the electron gun, and also, it keeps an uniform magnetic field 

inside the interaction region. It contains 14 layers (each of 103 turns) and 2 extra 

layers (each of 15 turns) to compensate the magnetic field drop at both ends, as 

shown in Fig. 7.5. The resistance of the cavity solenoid is about 1Ω. The cavity 

solenoid can achieve a maximum magnetic field strength of 2.1 T at a current of 

270 A. The power consumption of the solenoid is about 65 kW and a water cooling 

system is required. The cooling water is operating at a pressure of 4 bar to ensure a 

high flow rate to take away the heat power from the 0.5 mm gap between the 

solenoid layers. 



 204 

 

Fig. 7. 4 A photograph of the reverse coil. 

 

(a) A photograph of the first cavity solenoid; 

 

(b) A photograph of the second cavity solenoid. 

Fig. 7. 5 Photographs of the cavity solenoids. 
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The magnetic field as the function of positions z on the axis generated by a 

single-layer solenoid of finite length L with a centre position of z = 0 can be written 

as 
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where μ0 is the magnetic constant, n is the turns number of the solenoid, I is the 

current in the solenoid, d is the wire dimension, L is the length of the solenoid and R 

is the mean radius of the solenoid. For a multiple-layer solenoid, the magnetic field 

can be calculated by summing all the magnetic fields generated by all the layers. 

The magnetic field profile of the reverse coil was measured by an axial Hall detector 

and the result is shown in Fig. 7.6. The measurement is taken at a driving current of 

100 A. As seen from Fig. 7.6, the measurement result agrees well with the simulation 

result at 101.3 A. 

 

Fig. 7. 6 The simulation and measurement results of the reverse coil. 
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The magnetic field profile of the cavity coil was measured in the same way as the 

reverse coil and the result is shown in Fig. 7.7. The measurement of the first coil was 

taken at a driving current of 70.0 A. As seen from Fig. 7.7(a), the measurement 

agrees well with the simulation result at a current of 69.5 A on the left hand side. 

However, the measurement is slightly smaller than the designed magnetic field on 

the right hand side. Later it was found that the last extra layer in the right side was 

wound in the wrong direction. Thus the magnetic field created by the two extra 

layers on the right hand side cancelled each other to produce a lower magnetic field. 

The result of the verified simulation with 2 extra layers on the left hand side and 0 

layers in the right hand side agrees well with the measurement and confirms the 

mistake when wiring the last extra layer in the right hand side. 

The second cavity coil was then wound to correct the mistake in the first coil, and the 

measurement which was taken at a driven current of 55.0 A is shown in Fig. 7.7(b). 

It agrees well with the simulation result with a current of 53.8 A. 

 

(a) The results of the first cavity solenoid; 
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(b) The results of the second cavity solenoid; 

Fig. 7. 7 The simulation and measurement results of the cavity solenoid. 

The power of the cavity solenoid was supplied by NADA high current power sources. 

Each NADA unit could provide 70 V maximum output voltage and 300 A maximum 

output current. As the resistance of the cavity solenoid was about 1Ω at room 

temperature, 5 units connected in series can provide enough voltage to generate the 

desired magnetic field for the interaction region. Fig. 7.8 shows a single unit of the 

NADA power supply. The reverse solenoid was powered by a Farnell power supply 

which can provide 30 V maximum output voltage and 200 A outputs current, as 

shown in Fig. 7. 9. 
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Fig. 7. 8 The NADA power supply (one unit). 

 

Fig. 7. 9 The Farnell power supply for reverse coil. 

The vacuum system consisted of a mechanical scroll pump, a turbo-molecular pump, 

an ion pump, and two gauges to monitor the vacuum at both the high vacuum part 

and the lower vacuum part of the system. The mechanical scroll pump can obtain a 

vacuum with a pressure of 10-3 mBar; the turbo-molecular pump can reach a vacuum 

of 10-6 mBar; and the ion pump can finally get a vacuum down to 10-9 mBar. 

The interlock system is connected with all the power supplies, the temperature 

monitor of the cavity solenoid and the door of the experiment bay. All the devices 

share the same ground plate for security purpose. 
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7.2  Construction of the depressed collector 

The components of the depressed collector contain the outside shell of the depressed 

collector, the connectors, the electrodes, the ceramic tubes and ceramic insulators, 

and the power feedthroughs. The photo of each component is shown in Fig. 7.10. 

The outside shell of the depressed collector was welded by several standard flange 

half nipples, so as to reduce the machining complexity as well as the cost. The 

disadvantage is the thickness of the flanges is large and adds weight to the system. 

Several flange connection ports were left for the power feeding through and the 

vacuum pumping. The whole structure was sealed by a flange and copper gasket in 

order to obtain high vacuum with a pressure of 10-7 mBar. 

The electrodes had the same inner shapes as the simulated results. They were 

machined in the copper and the holes on them were left as a vacuum pumping path. 

The ceramic tube and insulators are made of machinable ceramic. The long ceramic 

tube with holes on the side was used to contain the electrodes and the insulators 

inside, while the insulators were used to insulate the high voltages between the 

electrodes, as well as the voltages between the electrodes and the outside shell which 

was at ground potential. 

The high potential on the electrodes were fed into the depressed collector by the 

power feedthroughs from outside. The smallest one as shown in Fig. 7.10(c) can 

insulate 20 kV between the copper lead and the flange. The middle one can insulate 

30 kV and the biggest one can insulate up to 40 kV. 
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(a) The outside shell of the depressed collector; 

 

(b) The electrodes of the depressed collector; 
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(c) The ceramic tube, insulators and the power feedthroughes; 

 

(d) The assembly of the depressed collector; 

Fig. 7. 10 The construction of the depressed collector. 
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7.3  Power supply 

7.3.1 Double Blumlein line 

The power for accelerating the electron beam in the W-band gyro-BWO is provided 

by a double Blumlein line pulser. The principle of the double Blumlein line is based 

on the pulse forming line (PFL). 

The schematic of the pulse forming line is shown in Fig. 7.11. The transmission line 

with characteristic impedance 0Z  is charged by a voltage V with the charging 

current limit LimRV /  when the switch is open at the beginning. Then if the switch is 

closed rapidly, the transmission line will output a pulse with length vL /2  and 

amplitude of 

V
ZZ

Z
V

L

L
out

0
                (7.2) 

 

Fig. 7. 11 The schematic circuit of a pulse forming line. 

where L is the length of the coaxial cable and v  is the speed of the electromagnetic 

wave inside of the coaxial cable. The drawback of the pulse forming line is the 

output voltage can never exceed the charging voltage, as it is very clear from the 

equation. One way to double the output voltage without increasing the charging 

voltage is to use the Blumlein line [4], as shown in Fig. 7.12. The principle of the 

Blumlein is similar to the PFL, but two coaxial cables with the same lengths are 
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connected in series and charged at the same time. When the switch closes, the 

coaxial cables will discharge at the same time, and make the voltage between the two 

cables become twice as large as the single PFL if the load impedance is much larger 

than the characteristics impendence of the coaxial cable. The output voltage of the 

Blumlein line considering the impedance can be written as 

V
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               (7.3) 

 

Fig. 7. 12 The schematic of a single Blumlein line. 

With the same method, more coaxial cables can be charged in series and discharged 

in parallel to produce higher voltage. A schematic of the double Blumlein line is 

shown in Fig. 7.13. It is made by four cables. When the switch is open, the four 

cables were charged in series to voltageV . Once the switch is closed, a normal 

output voltage of V2 will be produced between b, c, and e, d from the principle of 

the Blumlein line. If we connect c, e together, then a voltage of V4 will be obtained 

between b and d. The output voltage of the double Blumlein line can be written as 
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Fig. 7. 13 The schematic diagram of a double cable Blumlein line. 

Although it is possible to produce triple Blumlein line, four Blumlein line, as many 

as it is needed to produce higher voltage, however, when looking into the equation of 

the output voltage, it can also be written in the following form 
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suppose all the coaxial cables are with equal characteristic impedances, then we have 
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if the impedance of the load is not large enough, increasing the cable number will not 

significantly increase the output voltage, but make the whole power system complex 

and difficult to make. In our experiment, a double Blumlein line was used to produce 

either a V4 or V4 pulse, as shown in Fig. 7.14. To produce a -40 kV output, the 

charging voltage needs to be around -10 kV. 
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Fig. 7. 14 The schematic diagram of the double cable Blumlein in the experiments. 

A spark-gap switch [5] was used to switch the double cable Blumlein pulser. The 

spark-gap switch normally consisted of an arrangement of two conducting electrodes 

separated by a gap usually filled with gas such as air, N2, Argon or SF6. A 

two-electrode spark-gap switch can only work on self-break-down mode. When the 

voltage between the two electrodes exceeded the break-down voltage in the gap, the 

switch would be closed and conducting. The drawback is the output voltage is 

completely determined by the maximum voltage that the switch can hold. If a higher 

or lower output pulse is required, adjustment on the gap distance or the pressure of 

the filled gas needs to done, which is rather inconvenient. And also, the break-down 

voltage of the switch may change shot by shot, and the output voltage is not stable. 

A three-electrode spark-gap switch is commonly used in practice, as shown in 

Fig. 7.15. It contains an extra trigger electrode between the main and ground 

electrodes. It can both operate on trigger and self-break-down mode. The mechanism 

of the trigger mode is: Firstly, the desired output voltage is applied on the main and 

ground electrodes. The switch does not conduct because the distance of the gaps is 

large enough. Then a fast and short trigger pulse is applied to the trigger electrode. If 

the electric field caused by the trigger voltage added to the one caused by the 

previous high voltage is high enough to break down a partial gap, for example, the 

gap between the trigger and ground electrode, this part of the switch will close first 
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forcing the trigger electrode to be the same potential as the ground electrode. As the 

gap between the trigger and the main electrodes is much narrower, the electric field 

in the gap will be large enough to break down the rest of the gap. Then the whole 

switch will be conducting. The mechanism of the self-break-down mode is similar to 

that of  the triggered mode. The only difference is a voltage divider is applied to the 

three electrodes, when the high voltage is applied to the main and ground electrodes, 

the trigger electrode will also be charged to a certain potential which acts like the 

external trigger pulse. 

The state of the three-electrode switch is mainly determined by the potential on the 

trigger electrode, which can be adjusted by the external trigger pulse or changing the 

resistance ratio of the voltage divider. The output voltage is determined by the 

applied high voltage which can be freely adjusted as long as it is high enough to 

break down the rest part of the gap and make it much easier to produce a suitable 

pulse used to drive the cusp electron gun. 

The spark-gap switch used in the experiment is shown in Fig. 7.15, the resistors of 

the voltage divider are R1=250 MΩ, and R2=200 MΩ. This gap switch was operated 

without a trigger pulse in a self-break down mode. 

  

Fig. 7. 15 The schematic of the three-electrode spark-gap switch and the picture of 

the one used in the experiment. 
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The overall diagram of the power supply system for accelerating the electron beam is 

shown in Fig. 7.16. An adjustable DC power supply which could provide up to 

70 kV output voltage with 20 mA current was used to charge the double Blumlein 

line. 

 

Fig. 7. 16 The schematic drawing of the power supply for the cathode. 

7.3.2 Voltage dividers 

The potentials on the electrodes for different stages of the depressed collector are 

different. Also, from the simulation results in chapter 6, the optimized potentials on 

the electrodes change when applying different cavity magnetic fields. The required 

range of the voltages on the electrodes is shown in table 7.1. 

Table 7. 1 The minimum and maximum potentials on the electrodes 

Electrode No. Minimum potentials (kV) Maximum potentials (kV) 

1 -8.61 -12.33 

2 -19.43 -21.88 

3 -27.31 -29.69 

4 -38.62 -40.00 
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To produce the required voltages from the double Blumlein line pulser, voltage 

dividers are necessary. The simplest schematic circuit of the voltage divider for the 

depressed collector is shown in Fig. 7.17. 

 

Fig. 7. 17 The schematic of the voltage divider for the depressed collector. 

The potential on the electrode can be written as 
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In the experiment, the power should be applied to the depressed collector before 

applying the accelerating voltage to the electron gun. Thus initially, there is no spent 

electron beam collected by the electrode, and the potential on the electrode is 

completely determined by the output voltage from the double Blumlein line pulser 

and the resistance ratio 21 / RR of the voltage divider. Properly choosing the ratio 

will produce the optimized electric field inside of the depressed collector. Then the 

collected current on the electrode increases and makes the voltage unable to stay at 

its optimized value. Chapter 6 also analyzes the effect caused by the changed 

potentials on the electrodes. As from the calculation, 20% variation of the potential 

on the electrode will cause about 5% difference in the collection efficiency. If we 

want to minimize the effect, the relation cIRRV  )/( 21 needs to be satisfied. As 

from the simulation, the collected current of each electrode is 0.037 A, 0.46 A, 0.48A 
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and 0.53 A, respectively. If cIRRV 5)/( 21  was chosen, the voltage dividers need 

to provide current of the values 0.20 A, 2.30 A, 2.4 A, and 2.65 A, respectively. The 

resistors 21, RR of the voltage dividers can therefore be calculated from these 

currents. It is surely better to make the currents in the voltage dividers as high as 

possible, however, the overall current on the dividers can not exceed the capability 

that the cable pulser can provide. 

The voltage dividers need to have the capability to output adjustable voltages 

between minimum and maximum values. In the design, there are 20 stages which are 

implemented by a lot of resistors with small values connecting in serial. 

A full schematic circuit of the voltage divider that can fulfill the requirements is 

shown in Fig. 7.18, and the picture is shown in Fig. 7.19. All the resistors are chosen 

as the available standard values. 

 

Fig. 7. 18 A photograph of the voltage dividers. 
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Fig. 7. 19 The schematic circuit of the voltage divider. 

7.3.3 Measurement of the voltages and currents 

In the experiment of the depressed collector, it is necessary to measure the high 

voltages applied to the collector electrodes as well as the collected currents from the 

spent electron beam on the electrodes. 

The voltage signals applied to the electrodes are too high for the measuring 

instrument and they can be measured by the voltage dividers, as discussed in the last 

section. A precision resistor with a small resistance, such as 50 ohm, is connected in 

series into the circuit. The potential on the electrode can be easily calculated from the 

measured result and the resistor ratio between the precision resistor and the resistor 

parallel to the collector electrode. 
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It should be noted that, the calculation in last section assumes that the resistors are 

pure resistive. However, there are always stray capacitances and inductances existing 

either in the circuit. These distribution parameters, such as the stray capacitances will 

affect the rise time of measured waveform, and they should be reduced to as small as 

possible. When making the voltage divider, non-inductive, high frequency power 

resistors are chosen, and the resistors are soldered well to reduce the stray 

capacitances. 

There are several methods that can be used to measure the electric current, such as 

magnetic probe method [6], Faraday cup [7] method and a current shunt [8]. A 

current shunt is a non-inductive resistor connected into the circuit, where the current 

to be measured is passed through the resistor. A standard resistor used for the voltage 

divider can also act as a current shunt. The current can be calculated from the 

measured voltage on the resistor. A Faraday cup normally captures the electrons, and 

it is a destructive method to measure the electron beam current. It is not suitable to 

measure the collected currents on the electrodes of the depressed collector although it 

can measure at both high and low frequencies. The Faraday cup is used to measure 

the beam current into the interaction region of the gyro-BWO when testing the 

performance of the cusp electron gun. 

 

Fig. 7. 20 Basic schematic circuit of magnetic probe. 
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The magnetic probe method is accomplished by processing the signal from a pickup 

loop which is used to couple the magnetic field of the electron current. The pickup 

loop is also called a B-dot probe, which is shown in Fig. 7.20. A typical B-dot probe 

consists of N multiple turns of wire around a former which has an area of A in cross 

section. The B-dot probe produces an output voltage proportional to the time rate of 

change of the magnetic field component parallel to the axis of the coil. The voltage 

signal induced by the probe is given by Faraday’s law in the form of 

dt

di
nM

dt

dB
nAV n                (7.8) 

where n is the turns of the probe, nB is the component of the magnetic field parallel 

to the probe normal direction, and M is the mutual inductance. In general, it is hard 

to calculate M because the shape of the probe is usually non-uniform. A practical 

way to get the value is from experiments. 

The current can be obtained by integrating the pickup voltage from the equation. A 

RC integrator is usually used to accomplish that in a practical circuit. The schematic 

of the electrical circuit is shown in Fig. 7.21. From the circuit, we can get 
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Initially IRVi /4  , and the voltage picked-up on the capacitor is 
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Substitute Eq. 7.10 into Eq. 7.9, and suppose the pulse width is much less than the 

value of CRI , we can get the relation between the current and the picked-up voltage 

M
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I                  (7.11) 
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Fig. 7. 21 Magnetic probe method to measure the current. 

The magnetic probe method has the advantage that it is electrically isolated from the 

monitored current and also it can have very small dimensions. 

A typical example of the magnetic probe is the Rogowski coil [9]. A Rogowski coil 

is an air-cored coil placed around the conductor in a toroidal fashion. It is sensitive to 

flux changes created only by the current passing through the aperture of the coil, 

while the general B-dot probe is sensitive to the position with the electric current. A 

picture of the Rogowski coil is shown in Fig. 7.22. The Rogowski coil has the 

advantage of having a wide bandwidth, good linearity due to the absence of magnetic 

material and is capable of measuring large current. Rogowski coils are very suitable 

to measure high frequency current signals. 

 

Fig. 7. 22 The Rogowski coil. 
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A typical output waveform from the double Blumlein cable pulser is shown in 

Fig. 7.23. 

 

Fig. 7. 23 The typical traces of the measured beam voltage and beam current. 

7.4  Experimental results of the microwave signal 

The W-band gyro-BWO was tested in pulse mode of operation in the experiment, 

although it was designed with the capability of working continuously. There is no 

physics differences between the two modes, while operating in pulsed mode will 

greatly reduce the requirement of the power supply. The power supply for 

accelerating the electron beam was a 40 kV pulse with a width of ~370 ns seconds 

produced by a stacked double Blumlein line pulser. In the experiment, the 

microwave radiation was extracted out by a narrow band sapphire window and the 

radiation was measured by a crystal detector whose setup is shown in Fig. 7.24. 
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Fig. 7. 24 The setup of the microwave detector. 

The microwave detector consists of a rectangular horn to collect the generated 

microwave signal, an attenuator to reduce the strength of the signal, a crystal detector 

to convert the microwave signal into a voltage signal. In the experiment, the 

microwave signal was observed when the cavity solenoid was driven by a current in 

the range of 230 - 245 A, which corresponds to the cavity magnetic field from 1.79 - 

1.91 T. The frequency of the radiation can be approximately evaluated from the 

dispersion curve of the helically corrugated waveguide, which shows the frequency 

range of the radiation from 91 - 100 GHz. To verify the radiation frequency range, 

cut-off filters were connected after the microwave horn. For example, cut-off filters 

with diameters of 1.83 mm (with a cut-off frequency of 96.0 GHz) and 1.79 mm 

(with a cut-off frequency of 98.2 GHz) was used to verify the microwave signal with 

a predicted frequency of 96 GHz from the theory. The experimental frequency range 
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was found to be consistent with the theoretical prediction. A precise frequency 

measurement will be done using a microwave mixer. 

Figure 7.25 shows the first measured microwave signal and the cathode voltage pulse. 

It was found that the microwave radiation was sensitive to the beam voltage. The 

microwave radiation appears at a beam voltage about -30 kV, and the power 

increased as the increment of the beam voltage was increased. The maximum power 

was observed at a beam voltage of about 35 kV. The microwave power was predicted 

to be about 370 W. 

 

Fig. 7. 25 The measured voltage and microwave signal. 

Further experiments that measure the precise microwave frequency and power will 

be carried out with a new updated designed three-layer output window and a W-band 

mixer. 

The experiment of the depressed collector is based on the gyro-BWO experimental 

setup. Thus it can only be tested on pulse mode. However, as it was discussed before, 

the main purpose of the depressed collector is to reduce the heat dissipation and the 

power consumption, and these problems are only significant in CW operating. The 
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experiment of the depressed collector in pulse mode is not sufficient to exam all the 

performance but it will give results to prove the principle and the design. If there is 

no problem in the design, it will be no problem for the depressed collector to work in 

CW mode if the DC power supply for accelerating electron beam is available. 
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Chapter 8 

Conclusions and future work 

8.1  Introduction 

The work represented in this thesis describes the analytic study, numerical simulation, 

optimization, and experimental measurement of the various components in the 

energy recovery system for the W-band gyro-BWO which is currently been built at 

the University of Strathclyde. These components include the Bragg reflector, and 

input/output side-wall coupler in chapter 3, the pillbox type and the multi-layer type 

microwave windows discussed in chapter 4, the four-stage depressed collector which 

takes into account secondary electrons described in chapter 6. The experimental 

setup and results are presented in chapter 7. 

Chapter 8 will combine the results and conclusions from the previous chapters. This 

chapter also introduces the future work of the research on the energy recovery system 

for the W-band gyro-BWO. 

8.2  Conclusions and future work 

8.2.1 Conclusions 

1 An optimization program based on the genetic algorithm package named 

MIT GAlib was developed to optimize the microwave components as well as the 

geometry of the multi-stage depressed collector by using the CST microwave 

studio, the Mician Wave wizard as well as MAGIC. The other genetic 

algorithm packet Direct Search Toolbox in MATLAB was used to optimize the 
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Bragg reflector and the microwave window which were simulated by the 

mode-matching method implemented by MATLAB programming language. 

2 A side-wall circular-to-rectangular coupler was designed and optimized to 

achieve a high transmission coefficient over the frequency range of 84 - 104 GHz. In 

the design, a Bragg reflector was used to replace the cut-off waveguide section for 

transportation of the electron beam to the interaction region without reducing the 

radius of the beam tunnel while avoiding the electromagnetic wave from propagating 

to the cathode region. The designed side-wall coupler achieved -1.0 dB transmission 

coefficient with a bandwidth of 19.5 GHz in the simulation. The measurement result 

of the Bragg reflectors agree well with the simulation results, and the input coupler 

achieves an average -13 dB reflection over the designed frequency band. 

3 A pillbox window and a three-layer window were designed, fabricated and 

measured. The pillbox window was able to achieve an average -10 dB reflection in 

the operating frequency range and the three-layer window was able to achieve an 

average -15 dB reflection in the operating frequency range. 

4 A four-stage depressed collector was designed to recover the energy from the 

spent electron beam. In 3D PIC code MAGIC, 99% microwave power was reflected 

back upstream by a 17-section Bragg reflector and 82.5% collection efficiency was 

achieved by the depressed collector when the magnetic field was 1.75T without 

considering the secondary electrons. Secondary electron emissions were also 

simulated and a few emission models were compared to investigate their effects on 

the overall recovery efficiency and the backstreaming rate for the multistage 

collector. The optimization of the shape and dimensions of each stage of the collector 

using a genetic algorithm achieved an overall recovery efficiency of about 70%, with 

a minimized backstreaming rate of 4.9%. The heat distribution on the collector was 

calculated and the maximum heat density on the electrodes was 240W/cm2 hence the 

parameter space was discovered which could avoid the generation of “hot spots”. 
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The electric field distribution inside the depressed collector was calculated using 

CST EM studio to avoid the voltage breakdown in the vacuum. 

8.2.2 Future work 

The research of the energy recovery system in this thesis does not contain every 

aspect and there is much future work that would provide interesting research 

opportunities.  

1 The experimental measurements of the collected currents on the electrodes have 

not been finished due to the poisoning of the cathode. A new cathode needs to be 

installed and the electron beam measurement carried out, and then measurement of 

the microwave power and frequency to get the electronic efficiency. Finally the 

collected currents can be measured to get the collection efficiency and the overall 

efficiency. 

2 The depressed collector itself still has the potential to be improved. The previous 

design has the disadvantage of weighing, about 20 kg which is still within the limit 

of being able to be lifted by one person nevertheless it would be possible to reduce 

the weight of future depressed collectors. A 20 kg depressed collector required 

additional precautions in the machining and assembly process. A better configuration 

could be employed, such as using thin electrodes, a smaller and thinner cavity to 

reduce the weight of the outside shell. 

3 The gyro-BWO currently can only operate on pulse mode due to the limitation 

of the power supply. The depressed collector also has such limitation. To explore the 

full function of the depressed collector, an alternative power supply system that 

works either on CW mode or on a pulsed mode with a high duty factor is necessary. 

Further more, the power supply should be controllable within a fast switching time 

The traditional switches, such as Thyratron, spark-gap switches are not sufficient due 

to either slow switching time or low repetition rate. A better option is to use solid 
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state switches, such as the insulated gate bipolar transistors (IGBT) [1], the metal 

oxide semiconductor field effect transistors (MOSFETs) [2, 3], and the 

photoconductive semiconductor switches (PCSSes) [4]. However, IGBTs can only 

achieve a rise time of tens of nanosecond. A single MOSFET is limited by the 

maximum voltage that it can hold, which is about 1500 V. That means more than 30 

MOSFETs are required to operate in series. This would affect the jitter of the 

switching time. For PCSS, although the electric circuit is relative simple, a laser is 

required to turn it on therefore the whole system would be very expensive. 

4 Another ongoing project on the same experimental platform is the W-band 

gyro-TWA. From the design, it is predicted to have a gain of 40 dB, with output 

power of 5 kW. A depressed collector for the gyro-TWA is also required when the 

gyro-TWA is operating in CW or high duty pulsed mode to improve the overall 

efficiency as well as reduce the heat dissipation. When inserting a depressed 

collector into the gyro-TWA system, it will be unavoidable to have some 

discontinuous in the geometry, such as the gap between the electrodes. These will 

cause some reflection. As the gyro-TWA is designed to have a gain of 40 dB, which 

also means the reflection caused by the depressed collector needs to be less than 

-30 dB if a -10 dB reflection from upstream input coupler is assumed. That is 

unrealistic in current experimental setup. An alterative method that may be used is 

based on Gaussian beam technology. A mode convertor [5] that converts the 

radiation mode from the gyro-TWA to a quasi-optical beam can be used before the 

depressed collector. The Gaussian beam has the advantage that it is not affected by 

the geometry if the waveguide is larger enough. Relevant research on the Gaussians 

beam mode converter has also been carried out in our group [6, 7]. 
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Appendix I Multi-mode Coupling 
Wave Theory 

 

The equation of the helical profile of the inner surface in a cylindrical coordinate 

system (r, Ө, z) can be written as 

)/2cos(),( 10 dzmRRzr B      (1) 

where R0 is the mean radius of the circular waveguide, R1 is the corrugation depth, 

mB is the fold number, and d is the axial period of the corrugation. When the 

corrugation depth is not zero, two modes will couple when their axial and azimuthal 

wave numbers satisfy the synchronism conditions 

Bmmmdhh  2121     ,/2     (2) 

where h1 and h2 are the axial wavenumbers of modes 1 and 2, and m1 and m2 are the 

azimuthal indices of modes 1 and 2, respectively. 

In three-fold helically corrugated waveguide, the TE21 mode would couple with the 

TE11 circularly polarized mode of opposite rotation and generate an operating 

eigenwave, as shown in Fig. 1. From the synchronism condition, coupling between 

higher modes requires larger fold number mB. However, with larger mB more modes 

would satisfy the synchronism condition and they would couple with each other and 

hence contribute to the dispersion characteristic.  
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Fig. 1 The coupling between the TE21 mode and the spatial harmonic TE11 mode in a 

three-fold helical waveguide. 

 A. The Coupling Coefficients 

The coupling coefficient is the basis of the coupled wave theory as it indicates how 

strong the coupling between two modes is. In this paper, we start from the general 

equations of the coupling coefficients between two TE modes, two TM modes and 

one TE (mode m) to one TM (mode j) modes as shown in (3). The derivation of these 

equations can be found in [1], which contains a detailed introduction to the coupled 

mode theory. 
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where v(s) is the function to describe the difference between the perturbed 

non-uniform waveguide and the uniform waveguide. When v(s)=0, there is no 

coupling between the two modes. hj, hm are the axial wave numbers of the coupled 

modes and k is the free-space wave number. αj, αm are the transverse wave numbers 

of modes j and m. Ψ, φ are the transverse eigenfunctions of the TE and TM modes of 

the unperturbed regular waveguide. n is the normal vector directed towards the 

waveguide wall. s is chosen so that the axes n, s, z form a right-handed co-ordinate 

system. 

In circular waveguide, the transverse wave number and eigenfunction in a cylindrical 

coordinate system are in the form of 
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where ξnq is the qth zero of the derivation of Jn and J is the first kind of Bessel 

function. ςnq is the qth root of Jn. In practical applications, the operating mode in the 

helically corrugated waveguide always satisfies n ≠ 0. As the radial number q in the 

modes does not contribute to the following derivation, symbols j and m are used to 

denote the azimuthal number of the two coupling modes for simplicity. 

The difference between the helically corrugated cross section and the circular 

waveguide at position z = 0 can be written as )sin()( 1 BB mRmsv  . For a small 
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corrugation, we have v(s)<<R0. As v(s) is in terms of the first-order derivation of the 

mean radius, if only the first-order approximation of the coupling coefficient is taken 

into account then only the zero-order approximation of the other terms in (3) needs to 

be considered. In polar coordinates, we can simply make rdds   and drdn  . 

Substituting these into (3), we can get a simpler form of the coupling coefficients, as 
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In the helically corrugated waveguide, only the modes that satisfy the synchronism 

conditions can couple with each other. Thus we have j-m=mB. It should be noted that, 

in the practical application, m is always chosen as a negative value indicating an 

opposite rotating mode and hence hm also is a negative value. The integral in this 

equation will become unity if we apply the synchronism condition. Then the final 

coupling coefficients for the helically corrugated waveguide become 
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Eq. (7) has the same form as the ones in [2], while the coupling coefficient in [2] has 

been normalized to hjhm. 
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B. The Coupled Mode Equations 

Although the coupling coefficient indicates the strength of the coupling between two 

modes, it is useful to know the strength of the coupling modes in the resultant 

eigenwave. They can be solved from the coupled mode equations [1] and the 

coupling coefficient, as 
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where Vm, Vj are the normalized voltages of mode m and j in the helically corrugated 

waveguide, respectively, and  
z

mjmj dzh
0 //  is the phase of mode j or m in the 

waveguide, and dhh mjmj )(   is the phase difference between the two 

coupled modes in the waveguide with the length of one period d.   becomes 2 if 

the synchronism conditions are applied. 

The normalized voltages of mode m and j in the helically corrugated waveguide can 

be solved as 
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where 4/1/2 2  jmmj Shh . 

They are completely determined by   which is dependent on the axial 

wavenumbers of the coupling modes and the coupling coefficient. 

 C. The Dispersion Curve Function 
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The new dispersion curve caused by two-mode coupling will satisfy the following 

equation 

22222 )()( jmmjmj Shhhfhf            (10) 

where fj, fm are the dispersion relations of the coupling modes which are functions of 

the axial wavenumber h. For a TE/TM mode in the circular waveguide, the 

dispersion relation can be written as 

2222 )( hkhf jj             (11) 

Because mode m is the negative spatial harmonic wave, the dispersion curve is 

shifted to the left by 2π/d to produce the following dispersion relation 

2222 )/2()( dhkhf mm         (12) 

Eq. (10) is a 4th order linear equation. Given a wave number k, we can get four 

eigenvalues by solving the equation. However, only two of them have practical 

physical meaning, and they are named as the upper coupled mode Wupper and the 

lower coupled mode Wlower. If there is no coupling between the two modes, that is 

Sjm=0, the eigenfunction will degenerate into two separate dispersion curve functions, 

i.e. ,0)(2 hf j  and 0)(2 hfm . The Wupper and Wlower will degenerate into the 

previous uncoupled partial eigenwaves. 

There is no straightforward dispersion curve equation available that can take into 

account all of the considered modes. However, from the dispersion diagram, it is 

clear that the coupling frequencies between any two modes, as shown in Fig. 2 which 

shows the five-fold helical waveguide case, are different. Thus an alternative method 

is to calculate the coupled eigenwaves in sequence by using the two-mode coupling 

equation, either from the lower frequency to the higher frequency, or vice versa. 
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Here the sequence from higher to lower frequencies is used. Firstly, two eigenwaves 

Wupper1 and Wlower1 can be resolved from (10), (11) and (12). Then eigenwave Wupper1 

does not have an intersection with the next mode, thus it is saved as an eigenwave 

(W1 in Fig. 2). Eigenwave Wlower1 couples with the next mode to generate Wupper2 (W2 

in Fig. 2) and Wlower2 by using (10), while here fm(h) refers to the eigencurve Wlower1 

and hj, hm are the axial wavenumbers in the intersection of mode Wlower1 and the next 

coupled mode. By repeating this process, all the eigenwaves caused by the mode 

coupling in the helically corrugated waveguide can be obtained. 

 

Fig. 2 The coupling modes in a five-fold helical waveguide. 

D. Comparison between the calculation and the experiment 

The five-fold helically corrugated waveguide was measured with dimensions of 

R0=32.84 mm, R1=2.43 mm and d=33.26 mm. The dispersion curve was also 

measured using a 65 GHz vector network analyzer (VNA) (Anritsu 37397A). The 

experimental setup is shown in Fig. 3. From left to right, a rectangular to circular 

mode converter (○1  in Fig. 3) was first used to convert the fundamental TE10 mode 
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in rectangular waveguide to a linearly polarized TE11 mode in the circular waveguide. 

This is followed by an elliptical polarizer (○2  in Fig. 3) that converts the linearly 

polarized TE11 mode into a left hand rotating TE11 wave. A four-fold helical mode 

converter (○3  in Fig. 3) was then used to convert the circularly polarized TE11 mode 

into a circularly polarized TE31 mode. The mode convertor was designed to have a 

>90% conversion efficiency in the frequency range of 8.75 ~ 10.0 GHz. Finally a 

five-fold helical taper (○4  in Fig. 3)  was used before introducing the TE31 mode 

into the five-fold helically corrugated waveguide (○5  in Fig. 3)  to make sure the 

TE31 mode smoothly converted to the operating eigenwave without reflection. On the 

other side of the helical waveguide, the same configuration was used. 

 

Fig. 3 Experimental setup for measuring the dispersion curve of the five-fold helical 

waveguide. 

Fig. 4 shows the dispersion curves calculated from the coupled mode theory, 

simulated from the eigensolver in CST Microwave Studio as well as measured by the 

VNA. From the coupled mode calculation, there are four eigenwaves resulting from 

the mode coupling between the TE31 and the TE21, the TM21, and the TE22 modes. 

Eigenwave 2 is the operating eigenwave for compression of the microwave pulse. 

The dispersion curves from coupled mode theory, simulation using CST Microwave 

Studio and measurement using a VNA agree well with each other in the frequency 

range 8.75 ~ 10.0 GHz, as shown in Fig. 4. 

However the measured dispersion at the lower frequency band (7.6 ~ 8.75 GHz) 

underwent a change of trend. This is due to the fact that the frequency is out of the 
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operating band of the TE11-to-TE31 mode convertor. The dominant power in the 

helically corrugated waveguide is still in the TE11 mode in this lower frequency band. 

If the measured result in this frequency range is shifted by a factor of 2πN/L, where N 

is an integer, and L is the length of the helically corrugated waveguide in the 

measurement, it agrees well with the dispersion curve of the TE11 mode, as shown in 

Fig. 4. At a frequency of 8.6 ~ 8.8 GHz a small content of the TE31 mode exists in 

the helical waveguide in conjunction with the TE11 mode, this causes the measured 

dispersion result in this frequency range to be spiky as it is the mixed phase 

information of the two modes. 

 

Fig. 4 The dispersion curve from coupled mode theory, CST Microwave Studio 

simulation and the VNA measurement. 
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Appendix II The Optimization 
Program 

 

The optimization program contains a GUI (graphic user interface) that makes it 

easily to be used, as shown in Fig. A1.1. The users can choose and set the optimizers 

and the simulators in the dialog, pause/continue or stop the optimization process, and 

change the thread number during the optimization. 

 

Fig. A1.1 The GUI of the optimization program 
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The architecture of the optimization program is well defined, as shown in Fig. A1.2, 

to produce a general solution of the optimization routing, and also make the program 

with good extendibility for more optimizers and simulators. 

 

Fig. A1.2 The architecture of the program 

The main object is the controller, it uses objects including: 

(1) The dispatcher which is used to assign tasks for the threads. 

(2) The monitor which is used to monitor the status of the simulations. 

(3) The optimizers which contains all the optimization algorithms. Currently only 

single object and multiple object genetic algorithms are implemented, and particle 

swan optimization is under tested. 

The setting for the single object genetic algorithm is shown in Fig. A1.3. In this 

dialog, one can set the parameters for the optimization, such as the parameter number, 

the population size, the generation size, the crossover and mutation possibilities and 

so on. And also, one can give different genome length for each parameter to reduce 

the searching space. 
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Fig. A1.3 The setting for single object genetic algorithm 

The setting of the multiple object genetic algorithm is similar to the single object one. 

The difference is the user need to set the object number for the problem to be solved, 

as shown in Fig. A1.4. 

 

Fig. A1.4 The setting for multiple object genetic algorithm 
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(4) The simulators which is used to run the simulation of the problem to be solved 

and read the results from the result files. Currently, simulation programs such as CST 

microwave studio, the 3D PIC code MAGIC, and the Mician uWave are supported. It 

should be noticed that, besides MAGIC, the other programs all contain their own 

optimizers. However, the optimizer for CST microwave studio does not work 

perfectly because once it occurs some problem in an iteration then the whole 

optimization routing will stop and waste all the previous simulations. The developed 

optimizer can continue the optimization process even if there are errors when 

evaluating some bad individuals. The GUI of the uWave is not full functional for 

optimization. It is not allowed to optimize an arbitrary geometry. While in the early 

stage of the research, a full investigation on the parameter space is desired to get a 

full understand of the problem. The developed program can freely define the problem 

and create the simulation file more powerful than the GUI provided by uWave. 

Fig. A1.5 shows the specifically setting for different simulation programs. There is 

no specific setting for CST microwave studio. 

 

(a) the setting for MAGIC 
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(b) the setting for uWave 

Fig. A1.5 The specific setting for MAGIC and uWave 

The problem definition is the most import part of the program. A flexible mapping 

rule that maps the initial parameter range [0 1] to an arbitrary users’ parameter space 

is developed. The mapping rule supports complicate equations between the new 

parameter space and the old parameter space. Besides the inbuilt functions like +, -, 

*, /, ^, sin, cos, tan, ctan, asin, acos, log, et, al, functions max, min, sum, mean are 

also provided to a vector result to a scale result. 
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Fig. A1.6 The problem setting 

Before the optimization routing, the program will generate a setting file for the 

problem to be solved. It records all the setting for the problem. The user can also 

write their own configure file without the need of the interface. In the following is a 

sample setting file for a problem.  

To execute the simulations, one need to set the program that use to execute the 

simulation input file and the template file. Several keywords and wildcard matching 

are predefined when creating the simulation files from the template file, such as 

"#ITERATION#"           // the iteration number that runs 

"#RESULTFILENAME#"          // the path and name of the result file 

"#PROJECTNAME#"           // the project's name 
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"#FILENAME#"            // design name, sometimes used for CST, HFSS 

"#DESIGNAME#"        // the design name, the same as project name 

"#SUBPARANUM#"       // the number of parameters 

"#BLOCKPARAS#"    // set block parameters in the format: PARAS0 = ..; 

"#BLOCKPARASNOCOMMA#"    // set block parameters in the format: PARAS0 = .. 

"#BLOCKPARAS_CST#"      // set block parameters using vbs format:  

                                  Const PARAS0 = .. 

"#PARAS0", "#PARAS1"     // the parameters 

//here A, B are in double type, C, D are in string type, maybe will add more in the future. 

"#IFGREATER(A,B,C,D)#"     // means if A>B, then C else D, and C,D should not  

                                 contains any "," 

"#IFLESS(A,B,C,D)#"         //means if A<B, then C else D, and C,D should not  

                                 contains any "," 

"#IFEQUAL(A,B,C,D)#"        //means if A=B, then C else D, and C,D should not  

                                contains any "," 
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Appendix III Non-uniform waveguide 
 

The first study on the non-uniform waveguide with smooth variations on cross 

section along the axis was by Solymar in 1959. In this paper, the non-uniform 

waveguide was regarded as a system of coupled transmission lines, where the 

coupling coefficients were functions of the z axis. The field intensities in the 

non-uniform waveguide were represented by equivalent voltages and currents. And 

the differential equation for these voltages and currents was known as the 

generalized telegraphist’s equation. 
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where i and p denote arbitrary modes; Vi, and Ii are the equivalent voltage and current 

for mode i. i  is the propagation coefficient, and iK  is the wave impedance. ipT  

and piT  represent the voltage and current transfer coefficients. 

Introduce new variables 
iA  and 

iA which respectively represent the amplitudes of 

the forward travelling waves and backward travelling waves, and make the relations 

between them and the equivalent voltages and current to be 
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The generalised telegraphist’s equation rewritten as the functions of 
iA  and 

iA  is 
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From Eq. A.3, the mode coupling has two sources. One is the reflection by the 

changing of impedance in the waveguide and the amplitude is indicated in the second 

term of the right-hand side of Eq. A.3. The other is the wall current in the waveguide 

and the coupling happens between any two modes. 


ipS  and 

ipS  are the forward and backward coupling coefficient arisen by the wall 

current, respectively. They are functions of transfer coefficients and the wave 

impedance. 
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
ipS  can be expressed in terms of line integrals of the waveguide modes around the 

boundary of the waveguide. If the interaction is specialized to a single wave with 

forward and backward components, the subscripts i can be dropped, the sum over p 

vanishes and the coupling coefficient becomes 
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where   is the wave function. The relationship between s, n and   is shown in 

Fig. A.1. 
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Fig. A.1 The relationship between s, n and   

The wave function   for circular waveguide sections of radius a follows 
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where Jm is the first kind of Bessel function and xmn is the nth zero of Jm. '
mJ  is the 

derivative of Jm and '
mnx  is the nth zero of '

mJ . m, n are the azimuthal and radial 

mode indices, respectively. From Fig. A.1, we get the following equations 

)(
 

 







as

rn



















               (A.8) 

Substituting Eq. A.7 and Eq. A.8 into Eq. A.5 and Eq. A.6, the coupling coefficients 

becomes 
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For the waveguide with axisymmetric variations in the wall radius, the line integral is 

independent of the angular variable and the value is a2 . Thus Eq. A.9 and Eq. A.10 

can be evaluated as 
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The coupling coefficient caused by the impedance variation is 
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Substituting the waveguide dispersion relation into Eq. A.13, we get 
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The impedance change arises from the changing of the wall radius which converts a 

forward wave to a backward wave of the same transverse structure. By the definition 
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of , we have tan/ dzda . From Eq. A.11, Eq. A.12 and Eq. A.14, the generalised 

telegraphist’s equation is rewritten as 
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Eq. A.15 and Eq. A.16 can be written in a common form as 
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Here 
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Multi-Mode Coupling Wave Theory for Helically
Corrugated Waveguide

Liang Zhang, Wenlong He, Kevin Ronald, Alan D. R. Phelps, Colin G. Whyte, Craig W. Robertson,
Alan R. Young, Craig R. Donaldson, and Adrian W. Cross

Abstract—Helically corrugated waveguide has been used in
various applications such as gyro-backward wave oscillators,
gyro-traveling wave amplifier and microwave pulse compressor.
A fast prediction of the dispersion characteristic of the operating
eigenwave is very important when designing a helically corrugated
waveguide. In this paper, multi-mode coupling wave equations
were developed based on the perturbation method. This method
was then used to analyze a five-fold helically corrugated waveguide
used for X-band microwave compression. The calculated result
from this analysis was found to be in excellent agreement with the
results from numerical simulation using CST Microwave Studio
and vector network analyzer measurements.

Index Terms—Coupling coefficients, coupling wave theory
(CWT), dispersion curve, helically corrugated waveguide.

I. INTRODUCTION

S TRAIGHT hollow metal waveguides with uniform cross
section can only support modes whose phase velocity is

larger than the speed of light, while waveguides with periodic
corrugations can propagate modes with phase velocity less
than the speed of light and are suitable for particle beam-wave
interactions. Periodically corrugated waveguides have been
used in many applications, including slow-wave structures with
axial periodicity for conventional backward wave oscillators
(BWOs) and traveling wave tubes (TWTs)[1], and magnetrons
[2] with azimuthal periodicity. Corrugated waveguide struc-
tures have also been used as Bragg reflectors [3], [4]. The
helically corrugated waveguide, which contains both axial and
azimuthal periodicity, has attracted significant interest in the
last 10 years and has successfully found applications in the
gyrotron traveling wave amplifier (gyro-TWA) [5], [6], as a
dispersive medium for frequency-swept microwave pulse com-
pression[7], [8] and in the gyrotron backward wave oscillator
(gyro-BWO)[9], [10]. The electrodynamic properties of the
helically corrugated waveguide are important, as the dispersion
characteristic of the operating eigenwave can be changed by

Manuscript received March 28, 2011; revised September 13, 2011; accepted
September 20, 2011. Date of publication November 02, 2011; date of current
version December 30, 2011. This work was supported by the U.K. EPSRC Re-
search Grant EP/E058868/1. The work of L. Zhang was supported by SUPA and
SORSAS under the award of a SUPA prize research studentship.

The authors are with SUPA, Department of Physics, University of Strath-
clyde, Glasgow, G4 0NG, Scotland, U.K. (e-mail: liang.zhang@strath.ac.uk;
w.he@strath.ac.uk; k.ronald@strath.ac.uk; a.d.r.phelps@strath.ac.uk; colin.
whyte@strath.ac.uk; craig.robertson@strath.ac.uk; a.r.young@strath.ac.uk;
craig.donaldson@strath.ac.uk; a.w.cross@strath.ac.uk).

Color versions of one or more of the figures in this paper are available online
at http://ieeexplore.ieee.org.

Digital Object Identifier 10.1109/TMTT.2011.2170848

choosing different corrugation depths and corrugation periods
to meet the needs of different applications. In a gyro-TWA
or gyro-BWO, a constant group velocity in the operating
frequency range is desired, while in a microwave compressor,
a linearly varying group velocity in the frequency band is
preferred.

Several methods have been developed to investigate the dis-
persion characteristics of the helically corrugated waveguide by
analytical and numerical techniques. The simplest and fastest
method to calculate the dispersion curves is the coupled wave
theory based on the method of perturbation [11]–[13]. It as-
sumes that the change in the cross section is small and can be
treated as a first order derivative of a regular cross section. Ref-
erence [12] gives the dispersion relation between two TE modes
and [11] gives the results of the coupling coefficients between
two TE modes, two TM modes, and one TE mode with one TM
mode but no derivations were presented. It is found that when
the corrugation depth is less than 15% of the mean radius of the
waveguide, the coupled wave theory gives reasonably accurate
results. The coupled wave theory played an important role in the
preliminary design of the three-fold helical waveguide in which
the dispersion of the operating eigenwave is simply a result from
the coupling between two TE modes in the operating frequency
range, i.e., the spatial harmonic mode and mode.
However, the three-fold helical waveguide has limited power
capability. A helical waveguide working with a higher eigen-
wave mode can achieve higher power capability as a larger ra-
dius can be used. However operating with higher mode means
more modes would take part in the coupling and therefore the
resultant dispersion curve would be more complicated to cal-
culate. For example, in a five-fold helical waveguide the spatial
harmonic of the mode would couple with the , ,

and modes. The coupled mode equation, which
only considers two TE modes, would therefore not be accurate
in obtaining the dispersion characteristics of the five-fold helical
waveguide. Necessary modifications to include the coupling be-
tween TE and TM modes are required and will be presented in
this paper.

The dispersion curve of the helically corrugated waveguide
can also be numerically simulated by using some computer
codes, such as the finite-element method (FEM), the eigensolver
in CST Microwave Studio, the electromagnetic field solver
in the particle-in-cell (PIC) code MAGIC and the transient
solver in CST Microwave Studio, which use a finite-difference
time-domain method (FDTD) [14]. By using these codes, ac-
curate results can be obtained if the mesh grid is dense enough.
However, these 3-D simulations have the disadvantage of re-
quiring long computational times to complete the simulations,

0018-9480/$26.00 © 2011 IEEE
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for example, two or three days on a powerful desktop PC using
a reasonably dense mesh grid and they are therefore not suitable
for optimizing the dimensions of the helical waveguide for a
particular application.

It should be noticed that the helically corrugated waveguide
can also be regarded as a type of twisted waveguide. A helicoidal
coordinate transform can be employed to convert the twisted
waveguide into a straight uniform waveguide, thus downgrading
the 3-D problem into a 2-D one [15]. The price of using this
technique is the uniform material properties in the twisted wave-
guide will become non-uniform and position dependent. This
transformation method can greatly reduce the computing time
in resolving the eigenwave dispersion when applying the FEM
and FDTD methods in the 2-D geometries [16], [17]. It should
be noted that the dispersions of the coupled waves and those ini-
tial partial waves are all existing and calculated at the same time
when this method is used. The dispersion curves of these modes
would be interweaved and very close to each other, especially
when a higher modes are considered. Therefore the dispersion
curves of the operating eigenwaves of the helically corrugated
waveguide would be difficult to identify. The field patterns of
the eigenmodes can be helpful when identifying the operating
dispersion curve, however, it is very difficult to recognize by
computer automatically, thus it is not suitable for the optimiza-
tion routing. On the other hand, this operating eigenwave from
the transformation method can be easily identified by using the
calculated result from the coupled wave theory as a reference.

It is evident that the analytical calculation using the coupled
wave theory is very useful in the preliminary design of the he-
lically corrugated waveguide. It is also useful to accurately and
rapidly predict the dispersion of the eigenwave when used in
combination with the transformation method. In this paper, a de-
tailed description of the coupling coefficient between TE modes
and TM modes and the extended eigenwave equations caused
by multi-mode coupling are discussed in Section II. Dispersion
calculation of a five-fold helically corrugated waveguide is de-
scribed in Section III. The comparison between the theoretical
calculation and the experiment is presented in Section IV.

II. PRINCIPLE OF THE COUPLED WAVE THEORY

The equation of the helical profile of the inner surface in a
cylindrical coordinate system can be written as

(1)

where is the mean radius of the circular waveguide, is the
corrugation depth, is the fold number, and is the axial pe-
riod of the corrugation. When the corrugation depth is not zero,
two modes will couple when their axial and azimuthal wave
numbers satisfy the synchronism conditions

(2)

where and are the axial wavenumbers of modes 1 and 2,
and and are the azimuthal indices of modes 1 and 2,
respectively.

Fig. 1. Coupling between the �� mode and the spatial harmonic ��
mode in a three-fold helical waveguide.

In three-fold helically corrugated waveguide, the mode
would couple with the circularly polarized mode of op-
posite rotation and generate an operating eigenwave, as shown
in Fig. 1. From the synchronism condition, coupling between
higher modes requires larger fold number . However, with
larger more modes would satisfy the synchronism condition
and they would couple with each other and hence contribute to
the dispersion characteristic.

A. Coupling Coefficients

The coupling coefficient is the basis of the coupled wave
theory as it indicates how strong the coupling between two
modes is. In this paper, we start from the general equations
of the coupling coefficients between two TE modes, two TM
modes and one TE (mode ) to one TM (mode ) modes as
shown in (3). The derivation of these equations can be found
in [18], which contains a detailed introduction to the coupled
mode theory

(3)

where is the function to describe the difference between the
perturbed non-uniform waveguide and the uniform waveguide.
When , there is no coupling between the two modes.

, are the axial wave numbers of the coupled modes and
is the free-space wave number. , are the transverse wave
numbers of modes and . , are the transverse eigenfunc-
tions of the TE and TM modes of the unperturbed regular wave-
guide. is the normal vector directed towards the waveguide
wall. is chosen so that axes , , to form a right-handed co-
ordinate system.
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In circular waveguide, the transverse wave number and eigen-
function in a cylindrical coordinate system are in the form of

for TE mode

for TM mode
(4)

(5)

where is the zero of the derivation of and is the
first kind of Bessel function. is the root of . In prac-
tical applications, the operating mode in the helically corrugated
waveguide always satisfies . As the radial number in the
modes does not contribute to the following derivation, symbols

and are used to denote the azimuthal number of the two
coupling modes for simplicity.

The difference between the helically corrugated cross sec-
tion and the circular waveguide at position can be written
as . For a small corrugation, we have

. As is in terms of the first-order derivation of
the mean radius, if only the first-order approximation of the cou-
pling coefficient is taken into account then only the zero-order
approximation of the other terms in (3) needs to be consid-
ered. In polar coordinates, we can simply make and

. Substituting these into (3), we can get a simpler form
of the coupling coefficients, as

(6)

In the helically corrugated waveguide, only the modes that
satisfy the synchronism conditions can couple with each other.
Thus we have . It should be noted that, in the prac-

tical application, is always chosen as a negative value indi-
cating an opposite rotating mode and hence also is a nega-
tive value. The integral in this equation will become unity if we
apply the synchronism condition. Then the final coupling coef-
ficients for the helically corrugated waveguide become

(7)

Equation (7) has the same form as the ones in [11], while the
coupling coefficient in [11] has been normalized to .

B. Coupled Mode Equations

Although the coupling coefficient indicates the strength of the
coupling between two modes, it is useful to know the strength
of the coupling modes in the resultant eigenwave. They can be
solved from the coupled mode equations [18] and the coupling
coefficient, as

(8)

where , are the normalized voltages of mode and in
the helically corrugated waveguide, respectively, and

is the phase of mode or in the waveguide, and
is the phase difference between

the two coupled modes in the waveguide with the length of one
period . becomes if the synchronism conditions are ap-
plied.

The normalized voltages of mode and in the helically
corrugated waveguide can be solved as

(9)

where

They are completely determined by which is dependent on
the axial wavenumbers of the coupling modes and the coupling
coefficient.

C. Dispersion Curve Function

The new dispersion curve caused by two-mode coupling will
satisfy the following equation:

(10)

where , are the dispersion relations of the coupling modes
which are functions of the axial wavenumber . For a TE/TM
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Fig. 2. Coupling modes in a five-fold helical waveguide.

mode in the circular waveguide, the dispersion relation can be
written as

(11)

Because, as noted in Section II-A, mode is the negative
spatial harmonic wave, the dispersion curve is shifted to the left
by to produce the following dispersion relation:

(12)

Equation (10) is a fourth-order linear equation. Given a wave
number , we can get four eigenvalues by solving the equation.
However, only two of them have practical physical meaning,
and they are named as upper coupled mode and lower
coupled mode . If there is no coupling between the two
modes, that is , the eigenfunction will degenerate into
two separate dispersion curve functions, i.e., and

. The and will degenerate into the
previous uncoupled partial eigenwaves.

There is no straightforward dispersion curve equation avail-
able that can take into account all of the considered modes for
a helically corrugated waveguide operating in a higher mode.
However, from the dispersion diagram, it is clear that the cou-
pling frequencies between any two modes, as shown in Fig. 2
which shows the five-fold helical waveguide case, are different.
Thus an alternative method is to calculate the coupled eigen-
waves in sequence by using the two-mode coupling equation,
either from the lower frequency to the higher frequency, or vice
versa. Here the sequence from higher to lower frequencies is
used. First, two eigenwaves and can be re-
solved from (10)–(12). Then eigenwave does not have
an intersection with the next mode, thus it is saved as an eigen-
wave ( in Fig. 2). Eigenwave couples with the next
mode to generate ( in Fig. 2) and by using
(10), while here refers to the eigencurve and

, are the axial wavenumbers in the intersection of mode
and the next coupled mode. By repeating this process,

all the eigenwaves caused by the mode coupling in the helically
corrugated waveguide can be obtained.

Fig. 3. Schematic view of the five-fold helical waveguide.

III. DISPERSION CALCULATION OF A FIVE-FOLD HELICALLY

CORRUGATED WAVEGUIDE

One of the applications of the helically corrugated waveguide
is as a dispersive medium for pulse compression. A three-fold
corrugated waveguide operating in X-band was previously de-
signed and was used in an experiment that achieved a compres-
sion factor of 25 [19]. The maximum power capability of the
waveguide is about 1 MW. To pursue higher power capability
[20], a five-fold helically corrugated waveguide with larger ra-
dius operating in the same frequency range has been investi-
gated. A general schematic view of a five-fold helical wave-
guide is shown in Fig. 3. The desired coupled modes are the
spatial harmonic mode and the mode. As known
from the synchronism condition, besides the mode, the
possible modes that can couple with the are the and

modes in the lower frequency range and the effects need
to be investigated.

A fast prediction of the operating dispersion curve can be ob-
tained by using the multi-mode coupling method, as shown in
Fig. 2. The cut-off frequency of the mode is much smaller
than the and modes, thus it will not contribute to
the operating eigenwave in the frequency range of interest for
the microwave compressor. The choice of the mean radius of
the helically corrugated waveguide needs to balance the disper-
sion characteristic as well as the power capability. A smaller
has a larger cut-off frequency gap between the , and

modes, thus it is possible to reduce the effect caused by
the coupling between the and modes. However, a
small radius can also reduce the power capability, which is op-
posite to the original aim. The axial period of the helical wave-
guide determines the intersection points of the coupled modes,
and the corrugation depth greatly contributes to the coupling
coefficients, a larger corrugation depth results in stronger cou-
pling. An optimum set of parameters can be searched for simply
by parameter sweeping, or from an optimization algorithm to
find an optimum balance among the requirements, such as the
power capability, the operating frequency range, and the disper-
sion characteristic of the operating eigenwave.

IV. COMPARISON BETWEEN THE CALCULATION AND

THE EXPERIMENT

The five-fold helically corrugated waveguide was studied
with dimensions of 32.84 mm, 2.43 mm, and
33.26 mm. The dispersion curve was also measured using a
65 GHz vector network analyzer (VNA) (Anritsu 37397A).
The experimental setup is shown in Fig. 4. From left to right, a
rectangular to circular mode converter ( in Fig. 4) was first
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Fig. 4. Experimental setup for measuring the dispersion curve of the five-fold
helical waveguide.

Fig. 5. Dispersion curve from coupled mode theory, CST Microwave Studio
simulation, and the VNA measurement.

used to convert the fundamental mode in rectangular
waveguide to a linearly polarized mode in the circular
waveguide. This is followed by an elliptical polarizer ( in
Fig. 4) that converts the linearly polarized mode into a left
hand rotating wave. A four-fold helical mode converter
( in Fig. 4) was then used to convert the circularly polarized

mode into a circularly polarized mode. The mode
convertor was designed to have conversion efficiency
in the frequency range of 8.75 10.0 GHz. Finally a five-fold
helical taper ( in Fig. 4) was used before introducing the

mode into the five-fold helically corrugated waveguide
( in Fig. 4) to make sure the mode smoothly converted
to the operating eigenwave without reflection. On the other side
of the helical waveguide, the same configuration was used.

Fig. 5 shows the dispersion curves calculated from the cou-
pled mode theory, simulated from the eigensolver in CST Mi-
crowave Studio as well as measured by the VNA. From the cou-
pled mode calculation, there are four eigenwaves resulting from
the mode coupling between the and the , the ,
and the modes. Eigenwave 2 is the operating eigenwave
for microwave compression. The dispersion curves from cou-
pled mode theory, simulation using CST Microwave Studio and
measurement using a VNA agree well with each other in the fre-
quency range 8.75 10.0 GHz, as shown in Fig. 5.

However the measured dispersion at the lower frequency
band 7.6 8.75 GHz underwent a change of trend. This is
due to the fact that the frequency is out of the operating band
of the -to- mode convertor. The dominant power in
the helically corrugated waveguide is still in the mode
in this lower frequency band. If the measured result in this
frequency range is shifted by a factor of , where is

an integer, and is the length of the helically corrugated wave-
guide in the measurement, it agrees well with the dispersion
curve of the mode, as shown in Fig. 5. At a frequency
of 8.6 8.8 GHz a small content of the mode exists in
the helical waveguide in conjunction with the mode, this
causes the measured dispersion result in this frequency range to
be spiky as it is the mixed phase information of the two modes.

V. CONCLUSION

In this paper, a detailed description of the multi-mode cou-
pled wave theory for calculation of the dispersion characteristic
of helically corrugated waveguide is given and it is applied to an-
alyze a five-fold helical waveguide. This calculated result from
the theory was found to be in good agreement with the CST
Microwave Studio simulation result, as well as the VNA mea-
surements.
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Abstract: An energy recovery system using a four-stage depressed collector was simulated and designed to improve 
the overall efficiency of the W-band gyrotron backward wave oscillator (gyro-BWO) at the University of Strathclyde. 
The spent beam information was exported from the simulation of the gyro-BWO using the 3D PIC code MAGIC. 
The geometry of the depressed collector was optimized using a genetic algorithm to achieve the optimum overall 
recovery efficiency for specific parameters of the spent beam. Secondary electron emissions and their effects on the 
recovery efficiency and the backstreaming of the electrons from the collector region were simulated. The heat power 
distribution on the electrodes was also simulated to avoid the “hot spot”. 

Keywords: Gyro-BWO, Depressed collector, Energy recovery, Secondary electron emission. 

 

1. INTRODUCTION 

Gyro-BWOs are gyrodevices based on the electron cyclotron maser instability. They are with 
wide frequency tuneability and high power capability from the microwave to terahertz frequency 
range. The gyro-BWOs have attracted many interests for their potential applications such as radar, 
communication, and plasma diagnostics. Gyro-BWOs based on helically corrugated waveguides 
can achieve even wider frequency tuning range and higher efficiency. The helically corrugated 
waveguide couples two modes in the circular waveguide to generate a new operating eigen-mode 
which has large group velocity in low axial wavenumber range to make it less sensitive to the 
electron beam energy[4]. Gyro-BWOs based on helically corrugated waveguides have 
demonstrated excellent results in X-band and Ka-band [1-3]. A W-band gyro-BWO currently 
being built at the university of Strathclyde was predicted to have a 3 dB frequency bandwidth of 
84–104 GHz, output power of 10 kW with an electronic efficiency of 17% [5, 6].  

The gyro-BWOs suffer slightly lower interaction efficiency when comparing with the 
gyromonotron and gyroklystron. In gyro-BWOs, the amplitude of the RF field increases as the 
RF wave traveling to the entrance. In the entrance, the amplitude of RF field reaches its 
maximum and it causes an abrupt electron bunching, while the RF field is weak in the exit of the 
interaction region resulting in a weak beam-wave interaction. The electrons lose less energy to 
the wave and the efficiency is low. Several methods have been developed to improve the 
efficiency of beam-wave interaction. One is to change the profile of the waveguide, such as 
employing slot structure [7], helical structure [1-6] and slice structure [8]. The other way is using 
tapered magnetic field or tapered wall radius instead of the constant ones [9, 10]. However, once 
the electronic tube has been established, the electronic efficiency would be fixed too. Another 
way to increase the overall efficiency is to recover energy using single or multi-stage depressed 
collectors from the spent beam. It has been proved that it is an efficiency way to improve the 
overall efficiency of microwave tubes, such as conventional klystrons, BWOs and TWTs [11, 12]. 
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However, it is still a challenge to employ multi-stage depressed collectors in gyrotron devices as 
the electrons always have large transverse velocity which makes them hard to be sorted. 

In this paper, an energy recovery system using multi-stage depressed collectors to recover the 
energy from the spent beam was designed for a W-band gyro-BWO. This gyro-BWO was based 
on the helically corrugated waveguide and a cusp electron gun. The experimental setup and the 
schematic of the W-band gyro-BWO are shown in Fig. 1 and Fig. 2. The cusp electron gun was 
designed to produce an axis-encircling annular beam of 40 kV, 1.5 A with a beam alpha of 1.65 
[13-15]. The microwave radiation was generated in the helically corrugated interaction region 
and then the spent electron beam entered into the collection region. To extract the radiation out of 
the interaction region, a side-wall coupler that achieves a good transmission over the operating 
frequency range was designed and placed at the upstream of the interaction region. A Bragg 
reflector acting as a microwave short in the operating frequency range at the end of the helical 
waveguide, was used to reflect the radiation back into the interaction region.  

 

Fig. 1 The experimental setup of the W-band gyro-BWO. 

 

Fig. 2 The schematic of the W-band gyro-BWO. 

 

2. PRINCIPLE OF THE DEPRESSED COLLECTOR 

Depressed collectors are passive converters that can transfer the kinetic energy of the spent 
electrons into potential electric energy. “Depressed” means that the collector has a depressed 
potential as compared with the main body of the tube. The electrons lose their kinetic energy 
when passing through the retarding electrostatic field and finally land on the collector surface 
with a significant reduction in kinetic energy. They produce a loop current which results in a 
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power recovery from the spent electrons. The collected power by a depressed collector can be 
written as 

∑=
n

nncol IVP        (1) 

where n is the number of stages and Vn, In are potentials and collected current on the nth-stage 
electrode, respectively. By introducing a depressed collector with a collection efficiency of ηcol, 
the overall efficiency of the microwave tube ηtot with an electronic efficiency ηe can be calculated 
using 
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where outε  , the output efficiency, is the ratio of the output microwave power and generated 
microwave power in the cavity. For those inherently low efficiency high power microwave 
devices, depressed collectors with efficiencies higher than 80% can significantly improve the 
overall efficiencies. For a moderately efficient source with an electronic and collection efficiency 
of 30% and 80%, respectively, with the use of depressed collection the overall efficiency could 
be increased to 61.4% when  outε  = 0.9, increasing the overall efficiency by a factor of 2. 

 

3. SIMULATION OF THE DEPRESSED COLLECTOR 

The design of a depressed collector involves several issues like determining the potentials and 
the geometry of the electrodes to reach the optimum collection efficiency, the effect of the 
secondary electrons and the heat distribution on the electrodes. 

The collection efficiency of a depressed collector is mainly dependent on the potentials on the 
electrodes and the geometry of the electrodes. When specifying a stage number, the optimum 
potentials on the electrodes can be evaluated by the energy distribution of the spent electron beam 
which was exported from the simulation of the gyro-BWO using the 3D PIC code MAGIC. It 
should be noted that, in the calculation, it was assumed that all the electrons were collected on the 
electrodes without consideration of secondary emissions. To avoid backstreaming, the minimum 
electrode potential was set to be the minimum energy of electrons, and the maximum potential 
was set to be the electron beam voltage which was 40 kV in the considered W-band gyro-BWO. 
The energy distribution of the spent electron beam is shown as Fig. 3 and the collection 
efficiency at different stage number is shown in Table 1. 
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Fig. 3  The energy distribution of the spent electron beam 

Tab. 1 Collection efficiency at different stage number 

No. Potentials on electrodes (kV) 
(relative to ground voltage) 

Collection
efficiency 

1 -9.24 ----- ----- ----- ----- ----- ----- 28.8% 
2 -9.24 -25.70 ----- ----- ----- ----- ----- 63.6% 
3 -9.24 -22.14 -36.57 ----- ----- ----- ----- 75.7% 
4 -9.24 -19.55 -27.31 -40.00 ----- ----- ----- 82.5% 
5 -9.24 -18.86 -24.96 -30.78 -40.00 ----- ----- 85.7% 
6 -9.24 -16.98 -22.14 -27.22 -32.66 -40.00 ----- 87.5% 
7 -9.24 -16.82 -21.33 -25.47 -29.53 -34.23 -40.00 88.7% 

 

The depressed collectors with different geometries of the electrodes were simulated by 3D PIC 
code MAGIC and the parameters for the geometries were optimized by the genetic algorithm. A 
detail description of the simulation flow chart can be found in paper [16]. In the optimization, the 
evaluation function was chosen as 

backcoleva Wηηη −=        (3) 

where backη  was the percentage of the backstreaming electrons, and W was the weight. In the 
simulation, W was chosen as 1.5. The optimization was run with the magnetic field of 1.75 T and 
an optimum collection efficiency of 78.7% was achieved. It was 3.8% lower than the ideal 
collection efficiency which assumes all the spent electrons were sorted perfectly. That was 
because not all the electrons were collected by the electrodes and a small proportion were 
observed to become backstreaming in the simulation. The trajectories of the spent electrons are 
shown in Fig. 4. 
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Fig. 4 The trajectories of the spent electron beam. 

The secondary electrons have several negative effects on high power microwave devices. First 
of all, secondary electrons carrying velocities with opposite direction to the primaries will be 
accelerated by the electrostatic field in the collection region and some of them will become 
backstreaming. The secondary electrons absorb energy from the electrostatic field and decrease 
the collection efficiency. Secondly, the backstreaming entered into the RF interaction region, 
which will generate noise on the microwave output and decrease the performance of the 
microwave tube. Thirdly, in high average power devices, the backstreaming may contribute an 
additional thermal power on the thermally stressed waveguide structure. Thus in depressed 
collectors, it is essential to reduce the current of secondary electrons to be as low as possible. 
Secondary electrons are generally divided into two classes. The first class is the true secondary 
electrons (TSEs) which are knocked out from the surface of the material due to the bombardment 
of the primary electrons. The other class is the backscattered electrons (BSEs) including the re-
diffused electrons and the elastic scattering electrons. 

Secondary electron emission models were applied in the simulation of the depressed collector 
to investigate the effect of the secondary electrons. The TSE yield function in MAGIC is based 
on that by Thomas [17]. However, MAGIC also allows users to define their own SEY functions 
and the energy distribution function for TSEs by using the command “EMISSION 
SECONDARY.” In our simulation, different formulas were tested including the Vaughan’s [18], 
Furman’s [19] and Thomas’s equations and the effect on the collection efficiency was studied. 

The scattering process of the BSEs in MAGIC is carried out by the ITS code. The 
“BACKSCATTER”option in MAGIC allows ITS to be invoked automatically to simulate the 
emission of both the rediffiused and backscattered elastic electrons. The TSE and BSE models 
used in the MAGIC simulations were discussed in detail in the paper [20]. Table 2 is a summary 
of the simulation results with consider different TSE models and the BSEs. The optimum 
geometry of the four-stage depressed collector as well as the trajectories of the primary electron, 
true secondary electrons and the backscattered electrons is shown in Fig. 5. 

The collection efficiencies and the backstreaming rate of the W-band gyro-BWO were 
simulated in the whole frequency tuning range by the optimized configuration of the designed 
four-stage depressed collector. The collection efficiencies achieved were about 70% and the 
backstreaming rate was lower than 7% in the working frequency band. Thus an overall efficiency 
of 40% can be achieved. 
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Tab. 2 Collection efficiency at different stage number. 

Cases TSE model Collection efficiency Percentage of backstreaming 
without TSEs, without BSEs ----- 75.7% 4.79% 

 
with TSEs, without BSEs 

Vaughan 
Furman 
Thomas 

71.1% 
68.9% 
73.0% 

4.79% 
4.80% 
4.80% 

without TSEs, with BSEs ----- 73.9% 4.89% 
 

with TSEs, with BSEs 
Vaughan 
Furman 
Thomas 

69.0% 
66.8% 
71.0% 

4.89% 
4.91% 
4.90% 

 

 

(a) Trajectories of the primary electrons. 

 

(b) Trajectories of the true secondary electrons. 
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(c) Trajectories of the backscattered electrons. 

Fig. 5 Trajectories of the electrons in the depressed collector (using Vaughan’s formulas). 

The heat power dissipation on the electrodes is another important issue in designing the 
depressed collector. Although the kinetic energy of the spent electrons reduced significantly 
when they passed through the retarded electric field, the heat due to the power of the remaining 
kinetic energy of the spent electrons when they struck the surface of the electrodes was still large, 
for our case, it could be up to 20 keV. The spent electrons with such high kinetic energy could 
damage the surface of electrodes in the form of a “hot spot” and could reach the thermal stress 
threshold of the collector material. 

To design effective cooling system for the collector electrodes, the distribution of the heat 
power dissipated on the surface of the electrodes needs to be evaluated. In MAGIC, there is no 
straightforward way to get the heat power on the electrodes directly. However, it provides a 
command “OBSERVE COLLECTED POWER” to observe the overall heat dissipation on a 
conductor. To obtain the heat power distribution on the surface of the electrodes, the electrodes 
were divided into a large number of small conductors both in the azimuthal direction and the z 
direction and the heat power dissipated in each of these conductors was individually measured, 
thus an approximate heat power distribution was obtained. The heat power densities on the 
conductors calculated from the collected electric power and the area of the conductors.  In the 
simulation, the maximum heat density was ~240W/cm2. It is lower than the thermal stress 
threshold of the copper material thus the generation of “hot spots” can be avoided. 
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Design of an Energy Recovery System for a Gyrotron
Backward-Wave Oscillator

Liang Zhang, Wenlong He, Adrian W. Cross, Alan D. R. Phelps, Kevin Ronald, and Colin G. Whyte

Abstract—To realize the full potential of a gyrotron backward-
wave oscillator (gyro-BWO), an energy recovery system was de-
signed using Particle-In-Cell (PIC) simulations and optimized
using both a genetic algorithm and PIC simulations. Simulations
were carried out to optimize a periodic structure for separation
of the spent electron beam and the output radiation produced by a
gyro-BWO in the 8.0–9.5 GHz frequency range. The spent electron
beam can be collected using a multistage depressed collector. The
number and electric potentials of the electrodes were optimized to
achieve the best overall recovery efficiency for specific parameters
of the spent beam. The 3-D PIC code MAGIC was used to simulate
the electrons’ trajectories and a genetic algorithm was used to
refine the electrode shapes for optimum efficiency.

Index Terms—Depressed collector, energy recovery, genetic
algorithm, gyrotron backward-wave oscillator (gyro-BWO).

I. INTRODUCTION

GYROTRON backward-wave oscillators (gyro-BWOs)
are gyrodevices based on the electron cyclotron maser

instability [1]. They can be used in applications such as high-
resolution radar, plasma heating, high-energy accelerators,
and deep-space communication. The main advantage of gyro-
BWOs is their wide frequency tunability. They also promise
high-power capability in the millimeter and submillimeter
ranges.

Theoretical studies of the gyro-BWO first appeared in the
mid-1960s, and experiment results have been published. Gyro-
BWO operation in the Ka-band (26.5–40 GHz) at a maximum
power of 113 kW at ∼19% efficiency was demonstrated [2].
The experimental study of a Ku-band (12–18 GHz) gyro-BWO
with a single-stage depressed collector achieved a maximum
power of 48 kW with an efficiency of 21% [3].

Research of gyro-BWOs based on a helically corrugated
waveguide demonstrated excellent results in achieving high-
power and wide frequency tunability. As predicted in the study
of a W-band (75–110 GHz) gyro-BWO, it is possible to increase
the frequency-tuning band to more than 20% [4]. A Ka-band
gyro-BWO operating at the second cyclotron harmonic was
reported, with maximum output power of about 1 MW, 10%
efficiency, and 15% frequency-tuning range [5]. In 2005, an
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Fig. 1. Gyro-BWO experimental setup [5].

X-band (7–12.5 GHz) gyro-BWO, with a helically corrugated
interaction waveguide, achieved a frequency-tuning band of
17% and 16.5% electronic efficiency [6]. Two ways can be used
to improve the microwave tube efficiency. One is to improve
the electronic efficiency of the beam–wave interaction, such
as by introducing a tapered magnetic field [7]. Another way
is to recover the energy of the spent beam, which is lost in
processes such as heating of the walls of the collection region
[8], [9], using single- or multistage depressed collectors. To
increase the overall efficiency of a gyro-BWO device, an energy
recovery system using a depressed collector has been designed
to recover the energy of the spent electron beam, and this design
is presented in this paper. In this device, a solid axis-encircling
beam (so-called large-orbit beam) was used for the beam–wave
interaction. The design methodology of the depressed collector
could be applied to other gyrodevices, either using a large-orbit
beam or a beam produced by a magnetron injection gun.

The basic diagram of the X-band gyro-BWO experimental
setup is shown in Fig. 1. A reduced radius reflector, acting
as a microwave short at the output end of the device, can be
used to reflect the radiation back into the system; the back-
ward propagating microwaves can then be extracted using a
waveguide coupler. The spent electrons propagating in the op-
posite forward direction, on exiting the focusing solenoid field,
strike the waveguide surface and dissipate their kinetic energy
as heat.

To recover the energy from the spent beam of the X-band
gyro-BWO shown in Fig. 1, instead of using a short at the
output of the device, a Bragg reflector can be used to reflect
the microwave radiation back into the system, while the spent
electrons continue to propagate in the forward direction to
the collection region. After the Bragg reflector, a three-stage
depressed collector was designed to recover the energy from
the spent electrons. A genetic algorithm was used to optimize
the geometry to achieve optimum recovery efficiency.

II. BRAGG REFLECTOR

Extensive theoretical and experimental research indicated
that a near unity reflection could be achieved by a Bragg

0093-3813/$25.00 © 2009 IEEE
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Fig. 2. (a) Geometry of a six-period Bragg reflector. (b) Simulated S11

parameter.

reflector composed of a cylindrically symmetric corrugated
structure [10]. In this application, a high reflection was desired
in the gyro-BWO’s frequency-tuning range of 8.0–9.5 GHz.
The total length of the reflector should be as short as possible to
reduce the length and, hence, the driving power of the solenoid
required for beam–wave interaction.

A genetic algorithm was used to optimize the corrugated
depths of the reflector in a CST microwave studio. A Visual
Basic for Applications script was developed to control the sim-
ulation process, such as the determination of the dimensions,
simulation, and the evaluation of the S11 parameter for a given
geometry. The period of the reflectors was fixed at 12.4 mm, and
reflectors with a different number of periods were simulated.
The final geometry of the reflector and the corresponding S11

magnitude are shown in Fig. 2.
The Bragg reflector was then transferred to a MAGIC model

of an X-band helically corrugated gyro-BWO. From the numer-
ical simulation results, the average microwave output power
was 33.0 kW, while the power observed at the end of the
reflector was 0.4 kW under the condition of an electron beam
voltage of 185 kV, beam current of 3 A, and cavity magnetic
field of 0.20 T. About 98.8% of the microwave power was
reflected back into the beam–wave interaction region.

III. OPTIMUM POTENTIAL ON DEPRESSED COLLECTOR

After the reflector, the spent electrons then entered the de-
pressed collector. “Depressed” means that the collector has a
depressed potential compared with the main body of the tube.
The electrons lost their kinetic energy when passing through the
retarding electrostatic field and finally landed on the collector
surface, with a significant reduction in kinetic energy. They
produced a loop current which results in power recovery from
the spent electrons [11].

The power recovered by the depressed collectors is
defined as

Pcol =
∑

n

VnIn. (1)

Fig. 3. Overall device efficiency as a function of collector efficiency at
different electronic efficiencies.

Here, n is the number of stages, and Vn and In are the
potentials and collected current on the nth-stage electrode,
respectively. For a given energy distribution of the spent elec-
trons, increasing the number of stages resulted in the collection
of more power. However, the design of depressed collectors
becomes more complex, and the cost increases as the number
of stages increases.

The electronic efficiency for a microwave tube is defined as

ηe = Pmw/Pb (2)

where Pmw is the generated microwave power and the beam
power Pb can be expressed as Pb = UbIb, where Ub is the beam
voltage and Ib is the beam current. The remaining power of
the spent beam is given by Pspent_beam = Pb − Pmw if other
power losses, such as the ohmic wall loss from the beam
loading, are neglected.

The collection efficiency ηcol for a depressed collector is
defined as

ηcol = Pcol/Pspent_beam. (3)

Due to the intrinsic RF losses, such as the ohmic wall
losses and stray radiation, the output microwave power is
determined by the generated microwave power and the output
efficiency εout

Pout = Pmw · εout. (4)

It is suggested that the RF losses are between 10% and 15%,
which, in practice, means that εout = 0.85 ∼ 0.9.

By introducing a depressed collector with a collection effi-
ciency of ηcol, the overall efficiency of the microwave tube ηtot,
with an electronic efficiency ηe, can be calculated using

ηtot =
Pout

Pb − Pcol
=

εoutηe

1 − ηcol(1 − ηe)
. (5)

The relation between the overall efficiency and the collection
efficiency is shown in Fig. 3 (εout = 0.9). For those inher-
ently low efficiency high-power microwave devices, depressed
collectors with efficiency higher than 80% can significantly
improve the overall efficiency.

In the design of the energy recovery system, at the end of
the Bragg reflector, the energy distribution of the spent beam
was exported from the simulation of the gyro-BWO using the
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Fig. 4. Energy distribution of the spent electrons before entering into the
energy recovery system.

TABLE I
COLLECTION EFFICIENCY AT DIFFERENT STAGE NUMBERS

3-D PIC code MAGIC, as shown in Fig. 4. Table I shows the
optimum potentials and the collection efficiency when different
numbers of stages are used. In this calculation, it was assumed
that all the electrons were collected on the electrodes without
consideration of secondary emissions. The minimum electrode
potential was set to be the minimum energy of electrons to avoid
backstreaming, and the maximum potential was set to be the
electron beam voltage which was 185 kV in the gyro-BWO
device. It was found that when the stage number increased
beyond three stages, the collection efficiency did not signifi-
cantly increase. The number of stages was therefore chosen to
be three, as a compromise between the collection efficiency and
the complexity of the system.

To keep the electrodes at the designed potentials, high-
voltage dc power supplies should be used. The spent electrons
landing on the electrodes can be considered as the loads of the
dc power sources. Fluctuations of the collected beam currents
would give rise to the change of the potentials due to limited
output impedances of the supplies and cause the collection
efficiency to change. Fig. 5 shows the collector efficiency in-
fluenced by potential fluctuation on the electrodes in the three-
stage case. When the potential fluctuation was limited to the
±5% range, the change in collection efficiency was less than
3%. However, the collection efficiency decreased rapidly when
the potential fluctuation exceeded 5%, particularly on the first
electrode.

IV. OPTIMIZED ELECTRODE GEOMETRY

The collection efficiency calculated in Section III assumed
that all the spent electrons were sorted by the electric and
magnetic fields in the collection region. The electrode geometry
is important to the collection efficiency. Proper design of the

Fig. 5. Collection efficiency as a function of potential fluctuation on each
electrode.

Fig. 6. Flow diagram of the optimization program.

electrode geometry not only acts to sort electrons with differ-
ent kinetic energies, to decrease the possibility of secondary
emission, and to avoid the backstreaming of the electrons in
the collector. A 3-D PIC code was used to simulate the gyro-
BWO with a helically corrugated waveguide because of the
asymmetric structure. The parameters of the spent electrons
exported from the simulation of the gyro-BWO were used as
the input to the 3-D PIC code used to simulate the depressed
collector, and therefore, the simulation of the depressed collec-
tor was also in 3-D. Simulation in 3-D would also allow for
the design of asymmetrical electrodes for the reduction of the
possible backstreaming electrons. One way to choose a better
geometry is to use a searching algorithm, such as a random
walk, and a genetic algorithm to optimize the parameters [12].
An optimization program integrating a genetic algorithm was
developed to optimize the depressed geometry parameters by
controlling the 3-D PIC code MAGIC without the need to know
the source code. The optimization program first created an input
file by filling the new set of parameters to the template input file
for MAGIC. Then, MAGIC was invoked to simulate the new
geometry, and the result was read by the optimization program
to evaluate the parameters. The flow diagram of this process is
shown in Fig. 6.



ZHANG et al.: DESIGN OF AN ENERGY RECOVERY SYSTEM FOR A GYROTRON BACKWARD-WAVE OSCILLATOR 393

Fig. 7. Basic geometry of an electrode.

Fig. 8. Full geometry of a three-stage depressed collector.

The basic geometry of an electrode is shown in Fig. 7. It is
determined completely by four parameters, namely, the length
of the electrode (Li), the height of the electrode (Hi), the offset
from the Z-axis (Oi), and the tilt angle (Ai). There should be
12 parameters in a three-stage collector. However, the outer
radius of the depressed collector was restricted to be 200 mm,
and the overall length was restricted to be 400 mm. Thus,
ten parameters were to be optimized. Before the optimization,
many simulations were carried out to find a proper range for
each parameter to ensure that the searching range was as small
as possible. For example, the Oi for the first electrode was set
from 24 to 70, mm and the genome length was 5 b, using a
binary code. The accuracy of each parameter was chosen to be
consistent with the grid size in the MAGIC code.

The full geometry of the three-stage depressed collector is
shown in Fig. 8. A gap with a distance of 100 mm between the
Bragg reflector and the first stage of the collector was left to
allow the magnetic field to decrease to a small value. As the
magnetic field decreased in this gap, the angular momentum
decreased, as shown in Fig. 9. More than 70% of the angular
kinetic momentum was transferred to the axial momentum
in the gap for energy collection. Spent electrons with smaller
oscillating energy would be easier to sort. The electrode shape
was modified, as shown in S1, S2, and S3 in Fig. 8, to avoid
potential distortion when the electric field was applied to the
electrodes.

The potentials on each electrode were set to be the values
shown in Table I. After each simulation, the average current
collected by each collector was read from a MAGIC output
data file. Then, the collected power was calculated from (1).
The average power of the spent beam was calculated by
counting all the energy from the spent electrons. It was
implemented by extracting the energy of all the electrons in the

Fig. 9. Angular momentum of the spent electrons along the Z-direction.

TABLE II
COLLECTED CURRENT AND COLLECTION EFFICIENCY

3-D PIC code MAGIC. The collection efficiency calculated
by the collected power and power of the spent beam was used
to evaluate the optimum geometric parameters. The crossover
probability, mutation probability, and population size of the
genetic algorithm were set to be 0.9, 0.01, and 8, respectively.
After 560 iterations, an optimum collection efficiency of 90.4%
was achieved. It is 3% lower than the collection efficiency
calculated in Section III, which assumed that all the spent
electrons are sorted perfectly. It is because not all the electrons
were recovered by the electrode, and a small proportion was
observed to back stream in the simulation. The trajectories of
the spent electrons are shown in Fig. 8.

The top three collection efficiencies with the collected
current are shown in Table II. It should be noticed that there
was 2.9% of the current not collected, which could stream back
into the interaction region.

The electronic efficiency of the microwave tube is

ηe =
33.0 kW

185 kV × 3 A
= 5.9%.

Without energy recovery, the overall efficiency of the
microwave tube is

ηtot = εout · ηe = 0.9 × 0.059 = 5.3%.

By applying the optimum depressed collector designed in
this paper, the overall efficiency is

ηtot =
5.3%

1 − 0.904 × (1 − 0.059)
= 35.5%.

It is obvious that the overall efficiency is greatly improved
by using the energy recovery system.

V. CONCLUSION

An energy recovery system containing a Bragg reflector
and a three-stage depressed collector was designed. A genetic
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algorithm was used to optimize the geometry. In the 3-D PIC
code MAGIC, 98.8% of microwave power was reflected back
upstream by the Bragg reflector, and a 90.4% collection effi-
ciency was achieved. In the future work, we plan to construct an
energy recovery system with a three-stage depressed collector
with the structure optimized in the X-band (8.5–12.4 GHz).
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Numerical Optimization of a Multistage Depressed
Collector With Secondary Electron Emission

for an X-band Gyro-BWO
Liang Zhang, Wenlong He, Adrian W. Cross, Member, IEEE, Alan D. R. Phelps, Kevin Ronald, and Colin G. Whyte

Abstract—A three-stage depressed collector was previously de-
signed and simulated to recover the kinetic energy of the spent
electron beam in an X-band Gyrotron backward wave oscillator
(Gyro-BWO) by using the 3-D particle-in-cell code MAGIC. The
geometry of the depressed collector was optimized using a genetic
algorithm to achieve the optimum overall recovery efficiency for
specific parameters of the spent beam. In this paper, secondary
electron emissions were simulated, and a few emission models
were compared to investigate the effects of the secondary electrons
on the overall recovery efficiency and the backstreaming of the
electrons from the collector region. The optimization of the shape
and dimensions of each stage of the collector using a genetic
algorithm achieved an overall recovery efficiency of more than
80% over the entire operating regime of the Gyro-BWO, with
a minimized backstreaming of 1.4%. The heat distribution on
the collector was calculated, and the maximum heat density on
the electrodes was approximately 195 W/cm2, hence avoiding the
generation of “hot spots.”

Index Terms—Depressed collector, Gyrotron backward wave
oscillator (Gyro-BWO), heat distribution, secondary electron
emission.

I. INTRODUCTION

THE GYROTRON backward wave oscillator (Gyro-BWO)
is known as a source of frequency-tunable high-frequency

high-power coherent radiation and is based on the resonant
cyclotron interaction of electrons gyrating in the external mag-
netic field with an oppositely traveling electromagnetic wave
[1]. It can be used in applications such as high-resolution radar,
plasma heating, high-energy accelerators, electron spin reso-
nance spectroscopy, and deep-space communication. Research
of Gyro-BWOs based on a helically corrugated waveguide
demonstrated excellent results in achieving high-power and
wide-frequency tunability. An X-band Gyro-BWO, with a he-
lically corrugated interaction waveguide, which achieved a
maximum power of 62 kW, a frequency tuning band of 17%
(8.0–9.5 GHz), and an electronic efficiency of 16.5%, was
reported in 2005. The pulselength was approximately 1 μs

Manuscript received July 3, 2009; revised September 3, 2009. First published
November 3, 2009; current version published December 11, 2009. This work
was supported in part by the Scottish Universities Physics Alliance (SUPA) and
in part by the Overseas Research Students Awards Scheme (ORSAS).

The authors are with SUPA, Department of Physics, University of
Strathclyde, G4 0NG Glasgow, U.K. (e-mail: liang.zhang@strath.ac.uk; w.he@
strath.ac.uk; a.w.cross@strath.ac.uk; a.d.r.phelps@strath.ac.uk; k.ronald@
strath.ac.uk; colin.whyte@strath.ac.uk).

Color versions of one or more of the figures in this paper are available online
at http://ieeexplore.ieee.org.

Digital Object Identifier 10.1109/TPS.2009.2034164

[2]. The Gyro-BWO promises high-power capability in the
millimeter and submillimeter ranges.

Two ways can be used to improve microwave tube efficiency.
One is to improve the electronic efficiency of the beam-wave
interaction, such as introducing a tapered magnetic field [3].
Another way is to recover energy from the spent beam using
single- or multistage depressed collectors to recover the energy
of the spent beam that is lost in processes such as heating of the
walls of the collection region.

Depressed collectors are passive converters that can transfer
the kinetic energy of the spent electrons into potential electric
energy. “Depressed” means that the collector has a depressed
potential as compared with the main body of the tube. The
electrons lose their kinetic energy when passing through the
retarding electrostatic field and finally land on the collector
surface with a significant reduction in kinetic energy. They
produce a loop current which results in a power recovery
from the spent electrons [4]. The collection efficiency for a
depressed collector is defined by the ratio of the collected power
and the spent electron-beam power. Depressed collectors are
essential for megawatt Gyrotrons used as electron cyclotron
heating power sources for the international thermonuclear ex-
perimental reactor and in traveling-wave tubes (TWTs) utilized
in space communication [5], [6]. For Gyrotrons and cavity-
coupled TWTs, the operation frequency is rather narrow, and
the depressed collector can always achieve optimum collection
efficiency once the collector is designed. For a broadband
helix TWT, the parameter of its spent beam has rather small
variations in its operating frequency band. Therefore, its de-
pressed collector can be designed to high efficiency. However,
designing a depressed collector in a frequency tunable Gyro-
BWO is a much harder task because the parameters of the spent
electron beam are different over the frequency tuning range.
The structure of the depressed collector should have an overall
high performance in the frequency tuning range of operation.

In our previous work, a three-stage depressed collector was
designed by using the 3-D particle-in-cell (PIC) code MAGIC.
A genetic algorithm was used to optimize the geometry, and
90.4% collection efficiency was achieved without considering
the secondary electron emission [7]. The secondary emission
is an important issue in the design of multistage depressed
collectors. The collection efficiency can be approximately 10%
lower when the secondaries are taken into account. In [8],
the collection efficiency of a two-stage depressed collector
for 1-MW CW Gyrotrons varied from 68% to 60% when the
secondaries were considered.

0093-3813/$26.00 © 2009 IEEE
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In this paper, secondary-electron-emission models were sup-
plemented to the simulation to investigate the effect of the
secondary electrons. The collection efficiency of the designed
depressed collector among the frequency tuning band of the X-
band Gyro-BWO was simulated as well as the heat distribution
on the electrodes in order to avoid the generation of “hot spots.”

II. MODELS OF SECONDARY ELECTRON EMISSION

The secondary electrons have several negative effects on
high-power microwave devices. First of all, secondary electrons
carrying velocities with opposite direction to the primaries
will be accelerated by the electrostatic field in the collection
region, and some of them will be backstreamed. The secondary
electrons absorb energy from the electrostatic field and decrease
the collection efficiency. Second, the backstreaming entered
into the RF interaction region will generate noise on the mi-
crowave output and decrease the performance of the microwave
tube. Third, in high-average-power devices, the backstreaming
may contribute an additional thermal power on the thermally
stressed waveguide structure [9]. Thus, in depressed collectors,
it is essential to reduce the current of secondary electrons to be
as low as possible.

Secondary electrons are generally divided into three classes
[10]. The first class is the true secondary electrons (TSEs)
which are knocked out from the surface of the material due to
the bombardment of the primary electrons. The true secondaries
are always with energy less than a few tens of electronvolts,
normally regarded as 50 eV. The second class is the rediffused
electrons. The primary electron impacts with one or more atoms
inside the material and then is reflected back out. The collision
is inelastic, and the energy of the rediffused secondaries can be
any value from a few tens of electronvolts to the incident energy.
The other class is the backscattered elastic electrons in which
the incident electron is reflected back without losing its kinetic
energy. In our simulation, the rediffused electrons and the
backscattered elastic electrons were treated by a uniform model
for they had the same physical nature. The term “backscattered
electrons” (BSEs) was used to indicate these two types of
secondary electrons in this paper.

A. Simulation of TSEs

In the 3-D PIC code MAGIC, the numbers, the energies,
and the angles of the emitted TSEs were sampled from the
probability function of the yield, the energy distribution, and the
angular distribution by using the Monte Carlo algorithm. There-
fore, the true secondary yield, the emitted angular distribution,
and the emitted-energy spectrum are considered as important
quantities in the simulation. The original data of the secondary
electron yield (SEY), the emitted angle distribution, and the
emitted-energy spectrum can be obtained from experiments,
and several semiempirical formulas have been developed to fit
the experimental data.

1) TSE Yield: The SEY represents the number of secondary
electrons emitted per incident particle, which is

δ = Is/I0 = δT + η (1)

where I0 is the incident electron-beam current and Is is the
secondary current. SEY is composed by the true secondary
yield δT and the backscatter coefficient η.

The true secondary yield δT can be calculated using (1)
because the SEY and the backscatter coefficient were measured
by various parties and semiempirical formulas were obtained.

A formula widely used for SEY was by Vaughan in 1993
[11]. It followed

δ/δ0m = (ve1−v)k (2)

where δ0m was the maximum SEY

v = (E0 − Emin)/(E0m − Emin).

E0 was the energy of the incident primary electron. Emin was
the minimum primary energy that could generate the secondary
electrons, which was commonly accepted as 12.5 eV. E0m

was the energy of the incident primary electron producing the
maximum SEY. The value of parameter k was suggested as

k = k1 = 0.56, for v < 1

k = k2 = 0.25, for 1 < v ≤ 3.6

δ = 1.125δ0m/v0.35, for v > 3.6. (3)

Aside from the incident primary energy E0, the incident
angle is another important parameter of the secondary-electron-
emission yield. The angular dependent SEY in Vaughan’s for-
mula was

{
E0m(θ) = E0m(0)(1 + ksEθ2/2π)
δ0m(θ) = δ0m(0)(1 + ksδθ

2/2π)
(4)

where θ was the incident angle and 0 ≤ θ < π/2. δ0m(0) was
the maximum SEY normal to the surface. ksE and ksδ were the
smooth factors for E0m(0) and δ0m(0), respectively. They were
normally set at a default value of 1.0 to represent the surface of
the tube.

In 2002, Furman suggested another semiempirical formula
based on a probability model and the experimental data from
the large hadron collider (LHC) for the low primary energy part
(E0 < 1 kV) of the electrons [12] and is given by

δ

δ0m
=

s(E0/E0m)
s − 1 + (E0/E0m)s

(5)

where s is a constant and s > 1.
The SEY considering incident angle in Furman’s formula

based on the experimental results obtained at the LHC was

{
E0m(θ) = E0m(0) [1 + t1(1 − cost2 θ)]
δ0m(θ) = δ0m(0) [1 + t3(1 − cost4 θ)]

(0 ≤ θ ≤ 84◦)

(6)

where t1, t2, t3, and t4 were coefficients varying for different
materials. Fig. 1 shows the SEY as a function of the incident
energy of the primary electrons obtained by different researches
since 1950 [11]–[15].
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Fig. 1. Relation between SEY and the incident primary energy in different
models for copper where δ0m = 1.3, E0m = 580 eV, and s = 1.44.

The backscatter coefficient could be evaluated by the
Hunger–Kuchler formula which was obtained by fitting the
experimental data in the energy range of 4–40 keV [16]

η(E0, Z) =E
m(Z)
0 C(Z)

m(Z) = 0.13182 − 0.9211/Z0.5

C(Z) = 0.1904 − 0.2236 ln Z

+ 0.1292(ln Z)2 − 0.01491(ln Z)3 (7)

where Z was the atomic number of the material. The angular
dependence of the backscatter coefficient could be evaluated
by [17]

η(θ) = 0.89(η0/0.89)cos θ. (8)

In our simulation using the 3-D PIC code MAGIC, the TSE
yield function is based on that by Thomas [15]. However,
MAGIC also allows users to define their own SEY func-
tions and the energy distribution function for TSEs by using
the command “EMISSION SECONDARY.” In the simulation,
Vaughan’s and Furman’s SEY formulas and the backscatter
coefficient in (7) were used to evaluate the true secondary yield
as they have been proved to be in good agreement with the
experimental data [12], [18].

2) Energy Spectrum and Angular Distribution of the TSEs:
It was found that the incident angle and energy of the primary
electron did not affect the energy distribution of the TSEs [19].
Therefore, in the simulation, the secondary energy distribution
of the TSEs was assumed to have a peak at 7.5 eV with a
full-width at half-maximum of 10 eV. While, in the 3-D PIC
code MICHELLE [20], a normalized Maxwellian probability
distribution function was suggested with

f(E/Epk) = (E/Epk)e−(E/Epk) (9)

where Epk is the empirical energy peak which is regarded as
3.3 eV for copper material. In BSCAT code [21], a probability
distribution function of

f(E) = 6u2E/(E + u)4 (10)

was used, where u is the work function of the material (4.7 eV
for copper). Because the kinetic energy of the true secondary
(always less than 50 eV) is much smaller than the electric

potential difference between the electrodes of the designed
depressed collector (larger than 10 kV), the differences caused
by using these different energy distribution functions could be
neglected.

The angular distribution of TSEs was chosen to be homoge-
neous in the 3-D PIC code MAGIC [15], while a more accurate
distribution was suggested to follow the cosine distribution
[20]. The inaccurate angular distribution might cause error in
the simulation. However, from the trajectories of the TSEs in
our simulation, almost all of the TSEs emitted from the second
and third electrodes were collected by the first electrode. Thus,
the difference in the emitted angular distribution would not
affect much of the overall collection efficiency.

B. Multiple Scattering Model for the BSEs

In our simulation using the 3-D PIC code MAGIC, the way to
deal with the BSEs was different from the TSEs. In the process
of producing TSEs, the microcosmic interaction between the
incident electrons and the target material was treated as a
“black box.” However, in the process of producing BSEs, a real
multiple scattering model between the incident electrons and
the target material was used in the simulation. In this process,
the traces of the electrons were divided into a sequence of
random moves and interaction events that the electrons changed
their direction and energy. The energy loss straggling (including
collision energy-loss straggling and radiative energy-loss strag-
gling) and angular deflection for each step were sampled from a
multiple scattering distribution. The parameters for the multiple
scattering models were the energy and angle of the incident
electrons, as well as the properties of the target material. The
backscatter coefficient, the emitted energy spectrum, and the
angular distribution of the BSEs are obtained from the statistical
results of a large number of interaction events in the multiple
scattering process.

The research on the multiple scattering models began in
the 1940’s with Goudsmit and Saunderson [22], and sufficient
papers have been published. Several useful codes based on
the Monte Carlo algorithm and multiple scattering models
together with the experimental data, such as EGS4, GRANT,
ETRAN, ITS, MCNP, PENELOPE, etc., have been developed
and widely used in the study of the transportation of the
electrons and photons in various media. References [23] and
[24] are good review papers on the multiple scattering models
and the electron–photon Monte Carlo calculations.

The scattering process in MAGIC was carried out by ITS
(The Integrated TIGER Series of Coupled Electron/Photon
Monte Carlo Transport Codes) code, and it has been proven
that the simulation results of the ITS code were in good agree-
ment with the experiments [25]. “BACKSCATTER” option in
MAGIC allows ITS to be invoked automatically to simulate
the emission of both the rediffused and backscattered elastic
electrons.

III. SIMULATION RESULTS OF THE DEPRESSED

COLLECTOR WITH SECONDARY ELECTRONS

In the simulation of the depressed collector, the information
of the spent electrons was exported from the simulation of the
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Fig. 2. Trajectories of the primary electrons and the secondary electrons in
the previous geometry [(Red) Primary electrons; (green) TSEs; (blue) BSEs].

X-band Gyro-BWO using the 3-D PIC code MAGIC and then
imported into the collector region. Copper was chosen as the
material of the electrodes. The collected power taking account
of the secondary electrons was revised as

Pcol =
n∑

i

ViIi +
n∑

i

n∑

j

SIGN(i − j)Iij(Vi − Vj)

−
n∑

i

ViIBi
,

SIGN(i − j)=
{
−1, i ≤ j
1, i > j

(11)

where n is the number of stages and Vi and Ii are the potentials
and the collected primary current on the ith-stage electrode,
respectively. Iij is the current of the secondary electrons emit-
ted from the ith-stage electrode and collected on the jth-stage
electrode. IBi is the backstreaming current by the secondary
electrons emitted from the ith-stage electrode.

In the previous optimum geometry without considering the
secondary electrons, a collection efficiency of 90.4% was ob-
tained in the conditions of beam current of 3 A, beam voltage of
185 kV, magnetic field of 0.2008 T, and operation frequency of
8.63 GHz. The spent electron beam imported into the collector
region had a 3-A average current and a 522-kW average power.
When taking account of the secondary electron emission, the
collection efficiency was reduced to 79.3%, and the back-
streaming increased from 3.0% to 11.1%. Vaughan’s formula
was used to simulate the TSE emission. The trajectories of
the primary electrons and the secondary electrons are shown
in Fig. 2. The backstreaming was large; thus, modifications in
the geometry were required.

In Fig. 2, many secondary electrons were accelerated by the
electric field in the z-axis and returned to the interaction region.
The backstreaming could be reduced if an acceleration field
exists in the radial direction which is strong enough to push the
secondary electrons toward the collector. It could be improved
by changing the tilt angle and the height of the spike structure
of the third electrode, as shown in Fig. 2. Together with the
ten parameters used in the previous geometry, the depressed
collector was now completely determined by 12 parameters.

TABLE I
COLLECTION EFFICIENCY AND THE BACKSTREAMING

RATE IN DIFFERENT CASES

The optimization program integrating a genetic algorithm
which was described in detail in [7] was executed once again
to optimize the parameters by controlling the 3-D PIC code
MAGIC. The crossover probability, mutation probability, and
population size of the genetic algorithm were set to be 0.9, 0.01,
and 12, respectively. After 540 iterations, an optimum collec-
tion efficiency of 82.9% was achieved when using Vaughan’s
true secondary emission model. It was only a small improve-
ment in the collection efficiency as compared to the previous
geometry. However, the backstreaming was significantly re-
duced from 11.1% to 1.80%. Table I presents the collection
efficiency and the percentage of the backstreaming current in
different cases, including with or without the BSEs as well
as with or without the TSEs. From the simulation results, by
carefully designing the geometry of the depressed collector, the
backstreaming could be reduced to a very low level.

From the simulation results, the BSEs contributed more
backstreaming than TSEs. That was because the BSEs had
a higher energy than the TSEs, and thus, they had a larger
probability to overcome the radial electric field and return to the
interaction region. Fig. 3 shows the trajectories of the primary
electrons, the TSEs, and the BSEs, in the designed depressed
collector when using Vaughan’s formula.

The collection efficiency with three different formulas of true
secondary emission yield, including Vaughan’s, Furman’s and
Thomas’, did not show a great difference, which was 4%. A
different secondary emission model generated a different num-
ber of TSEs and impacted the second and third terms of (11).
The value of the second term was much smaller than the first
term for Vi − Vj was much smaller than Vi. In the simulation,
the potentials on each electrode were −138.7, −154.7, and
−183.8 kV, respectively. From the trajectories of the TSEs in
Fig. 3(b), almost all of the TSEs emitted from the second and
third electrodes were collected by the first electrode. That made
the third term of (11) to be a small value. As the difference of
the effects on the collection efficiency and backstreaming rate
from different true secondary emission models were simulated
and were found to be negligible; in later calculations, we only
used Vaughan’s formula for it has been widely accepted in the
literature.

The output frequency of the X-band Gyro-BWO can be
tuned by adjusting the amplitude of the cavity magnetic field.
However, the spent beam parameters at different output fre-
quencies were different. The collection efficiencies and the
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Fig. 3. Trajectories of the electrons in the depressed collector (using
Vaughan’s formulas). (a) Trajectories of the primary electrons. (b) Trajectories
of the TSEs. (c) Trajectories of the BSEs.

backstreaming rate of the X-band Gyro-BWO were therefore
simulated in the whole frequency tuning range by the optimized
configuration of the designed three-stage depressed collector
and are shown in Fig. 4. The collection efficiencies achieved
were simulated to be higher than 80%, and the backstreaming
rate was lower than 5% when the operation frequencies were
lower than 9.0 GHz. However, the backstreaming grew as the
operation frequency increased.

IV. HEAT POWER DENSITY DISTRIBUTION

ON THE COLLECTOR

The cooling of the electrodes is another important issue in
designing the depressed collector. Although the kinetic energy

Fig. 4. Collection efficiencies and the backstreaming rate over the frequency-
tuning range of the Gyro-BWO.

Fig. 5. Average and maximum heat power density as a function of the axial
position in the depressed collector.

of the spent electrons reduced significantly when they passed
through the retarded electric field, the heat due to the power of
the remaining kinetic energy of the spent electrons when they
struck the surface of the electrodes was still large; for our case,
it could be up to 40 keV. The spent electrons with such high
kinetic energy could damage the surface of electrodes in the
form of a “hot spot” and could reach the thermal stress threshold
of the collector material.

To design the effective cooling system for the collector
electrodes, the distribution of the heat power dissipated on the
surface of the electrodes needs to be evaluated. In the 3-D
PIC code MAGIC, the overall heat dissipation on a conductor
can be calculated by the command “OBSERVE COLLECTED
POWER.” To obtain the heat power distribution on the surface
of the electrodes, the three electrodes were divided into a large
number of small conductors both in the azimuthal direction and
the z-direction, and the heat power dissipated in each of these
conductors was individually measured; thus, an approximate
heat power distribution was obtained. The greater the number of
conductors, the more accurate the heat power distribution that
could be achieved. The heat power densities on the conductors
could be calculated by dividing the heat power by the area
of the conductors’ surface. The maximum value of the heat
power densities in the azimuthal direction as a function of the
axial position z was recorded and is shown in Fig. 5 when the
magnetic field is 0.2008 T and the beam voltage and current are
185 kV and 3 A, respectively. The average heat power density in
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Fig. 6. Maximum heat power density and maximum average power density in
different magnetic fields.

the azimuthal direction as a function of the axial position z was
recorded and is shown in Fig. 5 also. The largest heat power
density was ∼ 170 W/cm2. Fig. 6 shows the maximum heat
density and the maximum average heat density in the designed
depressed collector when different magnetic fields are applied.
The maximum heat density was ∼195 W/cm2. It is lower than
the thermal stress threshold of the copper material; thus, the
generation of hot spots can be avoided.

V. CONCLUSION

Secondary electron emissions were simulated and a few
emission models were compared to investigate their effects
on the overall recovery efficiency and the backstreaming rate
for the multistage collector. The optimization of the shape
and dimensions of each stage of the collector using a genetic
algorithm achieved an overall recovery efficiency of more than
80%, with a minimized backstreaming rate of 1.4%. The BSEs
played a more important role than the TSEs when understand-
ing the backstreaming of electrons back into the beam-wave-
interaction region. The heat distribution on the collector was
calculated, and the maximum heat density on the electrodes
was 195 W/cm2; hence, parameter space was discovered which
could avoid the generation of “hot spots.”
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The phenomenon of passive compression of frequency-modulated �FM� pulses in a dispersive media
�DM� was used to increase the peak microwave power up to the multigigawatt level. A helically
corrugated waveguide was used as the DM, while a relativistic X-band backward-wave oscillator
�RBWO� with a descending-during-the-pulse accelerating voltage served as a source of FM pulses.
Compression of pulses down to a halfwidth of 2.2 ns accompanied by a 4.5-fold power increase up
to a value of about 3.2 GW has been demonstrated. © 2010 American Institute of Physics.
�doi:10.1063/1.3505825�

Radio frequency �rf� pulses with multigigawatt peak
power levels have recently become available owing to
progress in relativistic vacuum electronics. Multigigawatt
powers open up many opportunities for fundamental plasma
studies and promising applications.1 For example, the power
of 8.7 GW if focused on an area of the order of the wave-
length squared imparts a relativistic oscillatory velocity to
electrons. In contrast with challenging ways of generating
gigawatt power level radiation by increasing directly the
power of electron beams up to a few MeVs and tens of
kiloamperes,2 some advanced methods using substantially
less intense beams are being actively developed. Among
these methods, results achieved based on superradiance
effects3 and pulse compression �active and passive� �see, e.g.,
Refs. 1 and 4–7 and references cited there� show great
promise.

In a series of publications, the well-known phenomenon
of passive pulse compression �reduction in duration accom-
panied with an increase in amplitude�, widely used in optics
�see, e.g., Refs. 8 and 9�, has been proposed and investigated
both theoretically and in low-power proof-of-principle
experiments6,7 as a method of achieving microwave radiation
with multigigawatt peak powers. The method is based on
generation of a frequency modulated �FM� pulse by a rela-
tivistic backward-wave oscillator �RBWO� following its
compression due to propagation through a DM in the form of
a hollow metallic waveguide with helical corrugation of the
inner surface. In this letter we present the first pulse com-
pression experiment in which multigigawatt peak power of
X-band radiation has been achieved. The experimental setup
comprises two key elements �Fig. 1�: the source of FM ra-
diation �an RBWO� and the DM �a helical-waveguide �HW�
compressor�.

A helical-waveguide compressor with appropriate pa-
rameters, namely, having a relatively shallow helical corru-
gation �periodical in both axial and azimuthal directions� of

the inner wall of a waveguide with circular cross-section, can
resonantly couple a pair of circularly polarized partial modes
of the unperturbed waveguide, having significantly different
group velocities where one mode is far from the cutoff and
the other mode is close to cutoff.6 As a result, in the fre-
quency region of their resonant coupling, an eigenmode ap-
pears having a strong frequency dependent group velocity,
which is favorable for the pulse compression. In contrast
with a smooth or axially symmetric corrugated waveguide,
the helical corrugation allows the frequency regions with
zero or negative group velocity of the eigenwave to be
avoided. This ensures good rf matching of the compressor to
the input source over a suitably wide frequency band.

In the experiment under discussion, a fivefold sinusoidal
corrugation was used which coupled a circularly polarized
TE3,1 mode having large group velocity with a near-cutoff
counter-rotating TE2,2 mode. The use of these relatively
high-order modes ensured sufficient rf breakdown strength at
the gigawatt power level.7 The inner surface of the wave-
guide in cylindrical coordinates r, �, and z had the following
form: r�� , z�=31.5+2.7 sin�2�z /32.4−5�� �all dimensions
are in millimeters�. The HW consisted of four aluminum sec-
tions and had a total length of the regular corrugation of
972 mm, bounded from each side by three-period sections
with linearly increasing/decreasing amplitude of corrugation
for adiabatic conversion of the radiation from the incident
TE3,1 mode into the operating eigenwave of the HW, at the
input, and back to the TE3,1 mode, at the output. The most
favorable frequency region for the pulse compression is a
part of the dispersion characteristic where the operating wave
group velocity has a large negative gradient as a function of
frequency, which, for the HW under consideration, is the
region from 9.4 to 9.95 GHz �Fig. 2�. Therefore, in order to
be effectively compressed, an input pulse should have a
negative frequency sweep within the mentioned frequency
interval.
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Relativistic backward-wave oscillator. An analysis,
based on a 1D theoretical model,10 and more detailed nu-
merical simulations using the time-domain particle-in-cell
code KARAT �Ref. 11� were performed, resulting in the design
of an RBWO which combined high output power, high effi-
ciency which was able to be frequency tuned over a suffi-
ciently wide range for a moderately relativistic electron
beam.7 According to the simulations, the RBWO oscillation
frequency should smoothly sweep from 10 to 9.5 GHz when
the accelerating voltage gradually changes in time from 600
to 300 kV.

The experiments were performed using a SINUS-6 ac-
celerator �IAP RAS� where an accelerating voltage pulse was
formed by a combination of a Tesla transformer and a co-
axial transmission line. When operating to a matched load it
produces pulses of voltage up to 600 kV and current of
6–7 kA with about 15 ns long flat top and 5–10 ns long
rising/falling edges. Because of the principle of operation of
the SINUS-6 accelerator it is very problematic to realize the
necessary voltage sweep for the RBWO voltage over the
main central region of the pulse by modifying the external
circuit. Nevertheless, it was experimentally found how to
realize an appropriate voltage drop “internally.”12 To achieve
this change in voltage a dielectric cylinder was introduced
into the region of the magnetically insulated coaxial diode
where the electron beam was formed. Presumably due to
some plasma effects, this dielectric insert led to a significant
decrease �with characteristic time of 10–20 ns� of the diode
impedance during the process of explosive-emission beam

generation, resulting in a decrease in the accelerating voltage
and an increase in the beam current at the top of the pulse
�Fig. 3�a��. Moreover, varying the axial distance between
edges of the cathode and dielectric insert within several mil-
limeters we could control the magnitude of the voltage drop
and hence control the frequency sweep interval, which was
used in the final experimental optimization of the combina-
tion of the RBWO with the compressor. At optimum con-
figuration, when the top-pulse voltage decreased from 550 to
300 kV and beam current increased from 7 to 9 kA the
RBWO generated radiation with power of 0.6–0.8 GW when
frequency sweeping from 10 to 9.6 GHz during about 15 ns
�Fig. 3�.

The frequency sweep was measured by means of a het-
erodyne technique, when a small fraction of output radiation
from the RBWO was nonlinearly mixed with radiation of a

helical-waveguide compressor
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FIG. 1. �Color online� Scheme of the experimental setup.
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FIG. 2. Group velocity �normalized to the speed of light� of the helical
waveguide operating wave.
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pulsed magnetron at a fixed frequency, resulting in a wave-
form at the intermediate frequency �Fig. 3�b�, dashed curve�.
The power of the output rf pulse �Fig. 3�b�, solid curve� from
the RBWO was obtained by processing of the rf detector
signal, detector voltage-power calibration, and data from a
calorimeter measuring the total rf energy in the pulse.

Combination of the RBWO and the HW compressor. The
RBWO was combined with the HW compressor in a com-
mon vacuum system via a mode converter which trans-
formed the power from the RBWO in the form of the TM0,1

mode into the incident operating mode of the compressor,
namely, the circularly polarized TE3,1 mode �Fig. 1�. The
output power in the form of the TE3,1 mode from the whole
system was radiated through a horn terminated with a
300 mm diameter 0.3 mm thick lavsan window and then
absorbed in a calorimeter with an aperture of 600 mm in
diameter.

The experimental optimization aiming to obtain the
maximum peak power of the compressed pulse was per-
formed by variation of the axial distance between the cath-
ode and dielectric insert, electron beam diameter �factors in-
fluencing the RBWO power and frequency sweep� and the
length of the HW which could be adjusted in six-period-long
sections. As a result the maximum peak power of the com-
pressed pulse was measured to be as high as 3.2 GW while
its halfwidth amounted to 2.2 ns with a total pulse energy of
9.7�0.2 J �Fig. 4�. As compared to the RBWO having ap-
proximately 0.7 GW pulse-averaged output power and
10.2�0.2 J of pulse energy, a 4.5-fold power amplification
due to the compression was achieved. Assuming the energy
content in a “useful” pulse as a product of its peak power and
halfwidth an compressing efficiency of nearly 70% was re-
alized. �The rest of energy goes to Ohmic losses and the
pulse sidelobes.�

It should be noted that the achievable power compres-
sion ratio by the method discussed is approximately propor-
tional to the input FM pulse width. Therefore if the duration
of the RBWO accelerating voltage pulse �which should have
a negative slope� is increased from 15 ns, as used in the
experiment presented, to 40–50 ns and the HW compressor is
proportionally elongated a further threefold power increase
of the compressed pulse is achievable. In conclusion, the
method of generation of ultra-high-power microwave pulses
based on a combination of a voltage-swept RBWO and an
HW compressor has been experimentally demonstrated at

multigigawatt power levels and has a serious potential for
further peak power enhancement.
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FIG. 4. The resultant compressed pulse �solid curve� shown in contrast with
the relativistic backward-wave oscillator output pulse �dashed curve�.
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Abstract: This paper presents the design and simulation of W-band Gyro-devices using helically corrugated 
waveguides as the beam-wave interaction region and a cusp gun as the electron beam source. The electron beam 
system and the beam-wave interaction were optimized through numerical simulations by using a particle-in-cell 
(PIC) code MAGIC to predict (calculate) the output power and frequency bandwidth. The beam cross sectional 
measurement using a scintillator plate confirmed that an axis encircling electron beam was achieved with the 
designed beam parameters of current 1.5 A and energy 40 keV. The W-band helically corrugated interaction 
region for the gyrotron backward wave oscillator (Gyro-BWO) was manufactured with a dispersion from 80 
GHz to 110 GHz measured using a vector network analyser which was found to be in good agreement with 
simulations and theory. The Gyro-BWO achieved frequency-tuneable operation by adjusting the magnetic field 
in the interaction cavity. A -3 dB bandwidth of ~84-104 GHz and output power ~10 kW were simulated using the 
electron beam from the cusp gun. The gyrotron travelling wave amplifier (Gyro-TWA) is designed to have 
a -3 dB frequency bandwidth of 90-100 GHz, output power of 10 kW and saturated amplification gain of 40 dB. 

Keywords: Gyro-devices, Gyro-BWO, Gyro-TWA, Helically Corrugated Waveguide, Cusp Gun 

 

1. Introduction 

High-power, high-frequency, coherent radiation sources, especially in the range of mm and 
sub-mm wavelengths, have attracted significant research interest recently due to their 
desirable applications in many areas such as remote sensing [1], medical imaging [2], plasma 
heating [3] and spectroscopy [4]. Gyro-devices are promising candidates to fulfill such a 
demand due to their inherent characteristic fast wave interaction. A helically corrugated 
waveguide has been demonstrated with a wave dispersion that has a near constant group 
velocity in the region of small axial wave number [5]. This allows broadband microwave 
amplification to be achieved in a gyrotron travelling wave amplifier (Gyro-TWA) and wide 
frequency tuning in a Gyro-BWO as demonstrated by our previous experiments in X-band 
[6,7,8].  

A number of Gyro-BWOs have been investigated both in theory and experiments. Two 
such experiments at the Naval Research Laboratory [ 9 ] and the National Tsing Hua 
University [10] operating at the fundamental cyclotron harmonic and the fundamental mode 
of a smooth cylindrical waveguide demonstrated impressive voltage and frequency tuning up 
to 5% and 13%, respectively with a very high efficiency of nearly 20% at power levels of up 
to 100 kW at Ka-band frequencies. A Gyro-BWO using a helically corrugated waveguide has 
demonstrated improved frequency tuning range without compromising interaction efficiency 
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and output power when compared with its counterparts using cylindrical smooth bore 
waveguides. Previous experiments using such a microwave system at Ka-band achieved an 
output power of ~1 MW, an efficiency of 10%, a frequency tuning band of 15% using a 20 ns, 
300 keV electron beam [11].  Recently a relative frequency-tuning band of 17% at X-band 
with 16.5% electronic efficiency was achieved [12,13] at the second harmonic of the electron 
cyclotron mode using a three-fold helically corrugated waveguide and an axis-encircling 
electron beam. 

Variations to increase the bandwidth of gyrotron amplifiers have been investigated [14,15]. 
For example, a series of gyro-amplifiers have obtained 16% efficiency at a frequency of 5 
GHz with a uniform magnetic field, increasing to 26% efficiency with 7% bandwidth using a 
tapered field [16]. Recently, impressive experimental results on a gyro-TWT were achieved 
by Chu et al., who studied the amplifier at the fundamental cyclotron harmonic. By stabilizing 
oscillations with the use of an interaction structure with distributed wall losses, this 35 GHz 
Ka-band amplifier produced 93 kW of power at 26.5% efficiency and 70 dB gain with a -3 dB 
bandwidth of 8.6% [17]. Gyro-TWA experiments based on a helically corrugated waveguide 
have been undertaken at Strathclyde University for the last few years. Experiments in X-band 
achieved 1.1 MW output power with 30% electronic efficiency, 21% relative -3 dB bandwidth 
[18 ,19]. 

Research projects investigating Gyro-BWOs and Gyro-TWAs in the W-band using 
helically corrugated waveguides started at Strathclyde University in 2010. Presented in this 
paper is the design, simulation of the gyro-devices and initial experimental results of the W-
band Gyro-BWO.  

 

2. Cusp electron gun 

A novel cusp electron beam source is used to drive the beam wave interaction in the W-
band Gyro-BWO and Gyro-TWA. This electron gun is required to produce an axis-encircling, 
annular shaped electron beam of current 1.5 A, energy 40 keV and a pitch alpha (= the ratio 
between the transverse momentum and the axial momentum of the electron beam) of up to 2 
with the beam optimized for interaction with an operating eigenwave in the cavity. For the 
gyro-BWO interaction a pitch alpha of 1.5-2 could be used to drive the high efficiency beam-
wave interaction. However for the Gyro-TWA a slightly lower pitch alpha in the range of 1.0-
1.2 is preferred to maintain zero-drive stability of the amplifier. 

The cusp electron gun is a novel way of creating an axis-encircling annular electron beam 
ideal for use in gyrotron devices. Conventional electron guns mainly used in gyrotron devices 
are the Magnetron Injection Gun (MIG) and Pierce gun. Mode selectivity is poor in the MIG 
as the coupling for such a beam is strongest to the fundamental mode. In the Pierce gun case, 
a straight linear electron beam is kicked into an axis-encircling path. However, for this CW 
source the Pierce gun would not be a suitable source as the kicker magnet is feasible primarily 
in pulsed mode. Due to the high power of the spent electron beam, an annular shaped electron 
beam is desirable for beam energy recovery using a depressed collector method. Therefore, 
the cusp gun is the best choice of electron gun for this Gyro-BWO and Gyro-TWA. 

Initially, transport of an electron beam through opposing magnetic fields (the so-called 
“magnetic cusp”) was investigated in the 1960s [20,21] for plasma-containment applications. 
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Schmidt described a threshold for magnetic mirroring and the effects on the electrons after 
they have passed through the cusp region, namely, azimuthal rotation around the central axis 
of symmetry due to conservation of the electron canonical momentum given in equation (1) 
which is satisfied by an off-axis beam, where  is zero.  θv

θ θP -qrA =mv rθ                                                             (1) 

When the magnetic field changes sign the vector potential  also changes sign therefore 
cannot be zero to still satisfy this equation. 

θA θv  

Following Schmidt et al. [20] continuous efforts and progress have been made through both 
theoretical analysis and experimental study in the generation of cusp-based electron-beam 
sources [22,23]. Special concentration was paid on the methods to produce an ideal sharp 
cusp shape by using complex arrays of magnetic coils, magnetic poles, and, possibly, 
magnetic material inside the cathode [24 ,25 ,26]. These studies have been based on the 
configuration where a magnetic cusp was located at or after the anode where large cusp 
amplitude was required due to a fully accelerated electron momentum. However the electron 
gun designed for W-band gyro-devices was based on a “smooth” cusp [27], formed by two 
simple coils without any magnetic shaping poles, located immediately after the cathode. 

 

3.  Numerical simulation of the cusp gun 

The 3D PIC (Particle in Cell) code MAGIC was used to simulate the cusp gun. A slice 
through the geometry, in polar coordinates, can be seen in Fig. 1. Two solenoids are used, one 
with a negative polarity. The negative coil is positioned immediately behind the cathode and 
the cavity coil midway along the waveguide. An accelerating voltage of 40 kV is applied to 
the diode which results in an emitted current density of 9.6 A/cm2 from the cathode. The shape 
of the cathode and the electron emitting surface, the positions and dimensions of the solenoids 
have been optimized to ensure the best electron beam qualities when it gets compressed, 
passes through the magnetic cusp and enters the higher magnetic field region. Desirable 
electron beam properties include a uniform beam density, less off-centering coupling with a 
low velocity spread. At the end of the electron beam drift region a cylindrical step down 
reflector of radius 0.837 mm is used to stop microwaves returning to the diode. The input 
waveguide to the helical structure has a radius of 1.3 mm suitable for use at W-Band 
frequencies. 

The simulated electron-beam trajectory from the cusp gun with its magnetic-field profile 
(B0 = 1.82 T) is shown in Fig. 1. The cross-sectional shape of the beam at the downstream 
region is also shown in Fig. 1, and it clearly shows an annular-shaped axis-encircling beam. 
The magnetic field profile is a smooth transition from the cathode to the downstream uniform 
magnetic-field region, with the cusp being located at ~4.6 mm in front of the emission surface. 

From simulation, to obtain an alpha value of one to three, the required magnetic field at the 
cathode was ~3.0–6.7 mT. At a constant value of B0, a larger α value could be achieved by 
increasing the magnetic-field amplitude at the cathode (Bc). The simulated average alpha of 
the electron beam as a function of the magnetic-field amplitude at the cathode is shown in Fig. 
2 for B0 = 1.82 T. The spread in alpha is also shown in this figure as bars, deviating from the 
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average values. The alpha values calculated from the previous equation are also shown in Fig. 
2 for comparison. Minimum axial velocity spreads of ~8% and relative alpha spreads of ~10% 
were achieved at an alpha value of 1.65 at this constant magnetic field. At B0 values of 2.1 
and 1.7 T, the optimum alpha spreads were ~23% and ~15% for alpha values of 3 and 1.2, 
respectively, and the corresponding axial velocity spreads for these cases were ~20% and 
~10%. At the central magnetic field B0 of 1.82 T, the beam had an inner and an outer radius of 
0.23 mm and 0.42 mm, respectively, with an envelope ripple ~13%. Beam transport through 
the tube was measured to be 100% after the initial low potential electrons were reflected. 

 

Fig. 1 Cross-section of cusp geometry with simulated electron beam trajectories. 

 

Fig. 2 Numerically simulated and analytically calculated alpha values for different values of cathode magnetic  
field at B0 = 1.82 T. 

 

4.  Cusp gun experiment 

Based on the simulation results for one particular set of parameters which yields an optimized 
beam for an alpha range of 1–2, the cusp electron gun of Fig. 3 was manufactured. The 
cathode assembly and the anode were arranged in a coaxial configuration Fig. 3. The cathode 
head included three following interchangeable parts: outer, inner focusing electrodes, and the 
thermionic cathode emitter which was located between the electrodes and constructed from 
porous tungsten impregnated with barium oxide. Facing the cathode head was an 
interchangeable anode tip. 

The beam cross-sectional shape and dimensions were recorded by a phosphor scintillator 
plate and digital camera system [28] after the Faraday cup was removed. The scintillator, a 
round transparent disk coated with a thin layer of phosphor, produces visible light when 
electrons impact on the surface. A typical scintillator image, after the optical noise was 
removed, is shown in Fig. 4. The image shows clearly that an axis-encircling electron beam 
was generated. 
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Fig. 3 Schematic diagram of the cusp electron gun with simulated and measured magnetic field profiles overlaid. 

 

Fig. 4 Scintillator recorded beam cross-sectional shape at the downstream region. 

 
5. Interaction cavity of Gyro-BWO 

Fig. 5 shows the photo of the helically corrugated interaction region. The 3-fold helically 
corrugated waveguide resonantly couples two partial waves, one the A wave (Fig. 6), is the 
near cutoff TE21 mode, the other, the B wave, is a traveling TE11 mode. When Bragg resonant 
conditions are met, the coupling results in two eigenwaves W1 and W2 as shown in Fig. 6. 
One of the eigenwaves (W1) has a near constant group velocity at small wavenumber over a 
wide frequency range. This ideal dispersion property allows wide frequency bandwidth to be 
achieved for a gyrotron travelling wave amplifier as well as for gyro-BWOs. 

 

Fig. 5 A photo of the helically corrugated waveguide for the W-band Gyro-BWO. 

The helically corrugated waveguide was designed for the optimized frequency bandwidth 
and interaction efficiency. The dispersion of the operating eigenwave was measured by 
measuring the phase evolution of a counter-rotating circular polarized wave when it 
propagates through the waveguide by using an Anritsu 7808B 40 MHz - 110 GHz VNA 
broadband vector network analyser and is shown in Fig. 6. Two partial waves A and B, 
together with two eigenwaves calculated using perturbation theory, electron beam dispersion 
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line and the growth rate at an interaction frequency of ~94 GHz as it interacts with the 
operating eigenwave at a magnetic field of ~1.83 T are shown in Fig. 6. 

The measured operating eigenwave was found to be in very good agreement when 
compared with the results simulated from MAGIC and calculations based on perturbation 
theory. In the simulation using the MAGIC code, a left-polarized circular wave of one 
frequency was injected into the right-hand helical waveguide, and a component of the electric 
field inside the waveguide was measured along the axial direction. The measured field was 
then numerically analyzed and the axial wavenumber of the eigenwave was therefore obtained 
for that frequency. 
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Fig. 6 Dispersion diagram of the operating eigenwave, the second harmonic electron cyclotron mode, an  
interaction at ~94 GHz and corresponding growth rate of the W-band Gyro-BWO. 

 
6. Simulation of Beam-wave interaction in a Gyro-BWO 

The beam-wave interaction of the Gyro-BWO was simulated using Magic when driven by a 
large-orbit annular shaped electron beam of voltage 40 kV, current 1.5 A and a pitch alpha of 
1.6, and the simulated output power and frequency are shown in Fig. 7. 
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Fig. 7 Simulated output power and frequency as a function of cavity magnetic field. 
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7. Gyro-BWO Experiment 

The setup of the experiment is shown in Fig. 8 with the cusp gun shown in the left, helical 
interaction region in the middle and output window at the right. Two coils, which form a 
magnetic cusp at the front of the cathode surface, are also shown in Fig. 8. 

 

Fig. 8 The setup of the W-band Gyro-BWO experiment. 

The cusp gun was firstly tested under a pulsed operation mode using a double Blumlein 
pulsed power system made from a cable. The thermionic cathode is designed to operate in a 
temperature-limited regime. Microwave radiation has been observed in the Gyro-BWO 
operation. Typical measured beam voltage, emitting current from cathode, transported current 
at the downstream side of the cavity and detected microwave traces were recorded and are 
shown in Fig. 9.  

 

Fig. 9 Recorded traces of beam voltage, emitting current, beam current and microwave radiation. 

 
8. Design of Gyro-TWA 

The coupling of the beam and the eigenwave that exists inside the helically corrugated 
waveguide can be described by the following equation: 
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The resultant dispersions of the eigenwave and beam cyclotron mode as well as the small 
signal growth rate are shown in Fig. 10. 
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Fig. 10 (a) The dispersion of the eigenwave and electron beam and (b) the small signal growth rate. 

The beam-wave interaction inside the helically corrugated waveguide was simulated by 
using the 3D PIC code MAGIC. The simulated output power as a function of input power at 
96 GHz is shown in Fig. 11. 
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Fig. 11 Simulated output power as a function of input power. 

At a constant cavity magnetic field of 1.83 T, the W-band Gyro-TWA was simulated to 
output a maximum power of 10 kW, with a -3 dB bandwidth of 90-100 GHz and a saturated 
gain of 40 dB at the centre frequency of the amplification band. The output power and gain 
curve are shown in Fig. 12. 
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Fig. 12 Simulated performance of the W-band Gyro-TWA. 

A side-wall rectangular-to-circular coupler was used to seed the input signal for the Gyro-
TWA. A ceramic window constructed in a pillbox cavity was used to serve as a vacuum 
boundary. This same input coupler of the Gyro-TWA can be used as an output coupler for 
Gyro-BWO operation. Therefore the coupler was aimed to achieve a high transmission 
coefficient for a W-band Gyro-BWO working in the frequency range of 84 GHz - 104 GHz as 
well as a W-band Gyro-TWA working in the frequency range of 90 GHz - 100 GHz. In the 
design, a Bragg reflector was employed to prevent the microwave radiation from travelling 
into the cusp gun region. Usage of a Bragg reflector instead of the cut-off waveguide resulted 
in an increase of the size of the beam tunnel and made it easier for the beam to pass into the 
interaction region. The optimized coupler achieved a transmission coefficient of better than -1 
dB over the whole operating frequency range. 

The output window, positioned at the output end of the interaction region, consisted of 3 
pieces of dielectric disks, with the middle sapphire disk serving as the vacuum boundary and 
two quartz disks at the both sides to increase the operating bandwidth. The thickness of the 
disks and the separation distances of the disks were optimized by analytical calculation and 
finally simulated by CST Microwave Studio. The configuration of the output window and 
optimized S11 parameter are shown in Fig. 13.  
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Fig. 13 (a) The geometry of the output window, (b) calculated and simulated reflection coefficient S11. 
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9. Conclusion 

A Gyro-BWO with a -3 dB frequency tuning range of 84-104 GHz and a Gyro-TWA with 
an instantaneous amplification bandwidth of 90 – 100 GHz were designed and manufactured 
for high power CW output of up to 10 kW. The thermionic cusp gun based electron beam to 
drive the beam-wave interactions of the gyro-devices was successfully operated and the 
measured beam energy, current and pitch alpha were in excellent agreement with the 
simulated results from the PIC code MAGIC. Microwave radiation from the Gyro-BWO was 
observed and continuous tuning of the output frequency from 92-102 GHz achieved in the 
initial experiment by changing the cavity magnetic field. Furthermore, the W-band Gyro-
TWA was predicted to have a saturated gain of ~40 dB and interaction efficiency of 17%. The 
interaction cavity, input coupler and output window were designed and optimized.  
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The experimental results of a thermionic cusp electron gun, to drive millimeter and submillimeter
wave harmonic gyrodevices, are reported in this paper. Using a “smooth” magnetic field reversal
formed by two coils this gun generated an annular-shaped, axis-encircling electron beam with 1.5 A
current, and an adjustable velocity ratio � of up to 1.56 at a beam voltage of 40 kV. The beam
cross-sectional shape and transported beam current were measured by a witness plate technique and
Faraday cup, respectively. These measured results were found to be in excellent agreement with the
simulated results using the three-dimensional code MAGIC. © 2010 American Institute of Physics.
�doi:10.1063/1.3374888�

Further to the design and numerical optimization of a
cusp electron beam source,1 in this paper we present the
experiment of the cusp gun and the measured results of the
generated axis-encircling electron beam. Due to its small
cross-sectional size �less than 1 mm in diameter� in a large
magnetic field �a few tesla� such a beam is capable of driving
millimeter and submillimeter wave gyrodevices which have
many modern applications notably in remote sensing,2 medi-
cal imaging,3 plasma heating,4 and electron spin resonance
spectroscopy.5 In order to reach higher frequencies, gyrode-
vices are more commonly operating at a higher indexed
waveguide mode and a harmonic of the electron cyclotron
frequency;6–10 the advantage being that it lowers the required
magnetic field strength by a factor of s, the harmonic num-
ber. However, operating at harmonics could introduce undes-
ired mode competition, as well as parasitic oscillations. An
axis-encircling electron beam is ideal for harmonic gyrode-
vices due to its good mode selectivity as the beam-wave
coupling requires that the azimuthal index of the waveguide
mode, m be equal to s.11 Compared to previous cusp
guns,12–15 this cusp gun has the advantage of �1� simple de-
sign and structure with reduced manufacturing complexity
due to the “smooth cusp” configuration16 using two coils
without any need for extra magnetic poles and/or material
and �2� smaller cusp amplitude because the cusp is located
immediately after the cathode where the electron is not fully
accelerated.

The electron gun was designed and optimized using the
three-dimensional particle-in-cell code MAGIC. The applica-
tions were for three microwave sources being developed in-
cluding a W-band gyrotron backward-wave oscillator
�gyro-BWO�17 and a W-band gyrotron traveling-wave tube18

both using a helically corrugated waveguide and a terahertz
seventh harmonic gyrotron.19 These devices are based on the
previous radiation sources operating at X-band �8.4 to 12
GHz� frequencies.20–22 The cusp gun was designed to gener-
ate an electron beam of 1.5 A, 40 kV with velocity ratio �
=1–3 in order to generate millimeter and submillimeter
waves of 75 GHz to 390 GHz over a magnetic field range of
1.50–2.1 T. Based on the simulation results for one particular
set of parameters which yields an optimized beam for an

alpha range of 1–2, the cusp electron gun of Fig. 1 was
manufactured.

The cathode assembly and the anode were arranged in a
coaxial configuration �Fig. 1�. The cathode head included
three following interchangeable parts: outer, inner focusing
electrodes, and the thermionic cathode emitter which was
located between the electrodes and constructed from porous
tungsten impregnated with barium oxide. Facing the cathode
head was an interchangeable anode tip. The beam trajectories
are determined by the dimensions of these interchangeable
parts. The cathode heating coil was bifilar wound in order to
minimize any contribution to the field at the cathode.1 Two
fine gaps of 0.1 mm in width between the emitter and the
focusing electrodes were used to reduce the thermal loading
of the cathode and to stop the migration of barium from the
emitter. Layers of thin tubes and disks made from molybde-
num, located between the outer electrodes and the emitter
and behind the emitter, respectively, were used as radiation
shields to further reduce the thermal loading of the cathode.
The beam tunnel tapered down from the anode aperture �ra-
dius 4 mm� to the cut-off filter �radius 0.84 mm�, followed
by an experimental region, a cylindrical tunnel of radius 3.0
mm and length 292 mm, and then to the up-taper and finally
the window region. This experimental region allowed the
beam diagnostic apparatus such as the Faraday cup and the
scintillator witness plate to be inserted. A single layer sap-
phire window was used in this beam experiment for obser-
vation of the visible light generated by the scintillator. The
whole system was evacuated to 10−9 mBar.

The magnetic field coils were wound from annealed,
varnish-coated, square copper wire of cross section 2.2
�2.2 mm2, enclosed in watertight, stainless steel chambers,
and cooled by high pressure recirculating water when in op-
eration. The cavity solenoid which generates a uniform
B-field in the beam-wave interaction region has 14 layers
each of 103 turns. Two extra layers of coils were added to
both ends of the main solenoid to reduce the rise and fall
distance of its B-field profile for a certain length of the flat-
top so that the overall turns, length of the solenoid, and
hence the driving electric power were reduced. At maximum
achievable magnetic field strength of 2.1 T the required driv-
ing power was �65 kW at a current of �270 A. The layers
were separated by 0.4 mm gaps to allow cooling water toa�Electronic mail: craig.donaldson@strath.ac.uk.
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pass from one end to the other end of the solenoid. Simula-
tions of the fluid dynamics and heat exchange including heat
conduction, convection, and diffusion were performed by us-
ing the MultiPhysics code COMSOL.23 The reverse coil, hav-
ing four layers each of ten turns, produced the reverse B-field
for the cusp gun. The magnetic field profiles measured using
an axial Hall probe and calculated from MAGIC are shown in
Fig. 1.

A double cable Blumlein24 which could output a
�380 ns, 40 kV pulse was used to drive the cusp gun. The
beam voltage was measured using a two-stage voltage di-
vider made from metal film resisters. The emitted current
was measured with a Rogowski coil located in the earth line
between the anode and the cable Blumlein and the beam
current by a Faraday cup at Z1 location �see Fig. 1�.

The beam cross-sectional shape and dimensions were re-
corded by a phosphor scintillator plate and digital camera
system25 after the Faraday cup was removed. The scintillator,
a round transparent disk coated with a thin layer of phosphor,
produces visible light when electrons impact on the surface.
A thin titanium disk of thickness �8 �m was placed before
the scintillator to reduce the impact energy of the beam. The
scintillator disk was located at position Z2 �see Fig. 1�, 10.5
cm from the window so as to match with the focal length of
the camera, at this position the magnetic field tailed off to
90% of the cavity B-field. By using the equation in Ref. 16,
the � value in the cavity �in particular, at Z1� could be cal-
culated from the B-field and � values at Z2.

Typical traces of beam voltage and beam current are
shown in Fig. 2. The emitted current from the cathode could
be varied from 0 to �1.6 A by increasing the operating

temperature of the cathode, at the applied beam voltage of 40
kV. Further increase in the temperature did not result in an
increase in the beam current. This indicated that the opera-
tion of the cathode had become space-charge limited. In Fig.
2, we can see the beam current reached a steady value of 1.5
A. When the cavity B-field was 1.82 T �96% of this current
reached the Faraday cup.

A typical scintillator image, after the optical noise was
removed, is shown in Fig. 3. The image shows clearly that an
axis-encircling electron beam was generated. The simulated
beam cross-sectional shape is shown for comparison together
with beam trajectories in the R−Z plane. For this particular
measurement, at a cavity B-field of 1.64 T, the annular beam
was measured to have an average radius of �0.37 mm. It
was calculated from the equation in Ref. 16 that the corre-
sponding � was 1.34�0.11. This corresponded to an � value
of 1.56�0.16 at the Z1 position.

By adjusting the reverse coil current the magnetic field
at the cathode and hence the value of the velocity ratio of the
beam in the cavity could be controlled. At B0=1.64 T the
velocity ratio at position Z2 as a function of cathode B-field
was measured and is shown in Fig. 4. For comparison of the
simulated � at Z1 and Z2 as well as analytically calculated
value at Z2 are also shown in Fig. 4. From the diagram, the
measured � value had the same trend and good agreement
with both the numerical simulated and analytically calculated
values. However investigation at higher alphas was limited
by the capability of the existing power supply.

In summary, when the thermionic cusp gun for
millimeter/submillimeter wave gyrodevices was tested, the

FIG. 1. �Color online� Schematic diagram of the cusp electron gun with simulated and measured magnetic field profile overlaid.

FIG. 2. The typical traces of the measured beam voltage and beam current.

FIG. 3. �Color online� Snapshot of the simulated electron beam trajectory
with magnetic field profile overlaid, also simulated and scintillator recorded
beam cross-sectional shape at the downstream region.
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measured beam parameters were in excellent agreement with
the MAGIC simulation. In addition, in a recent experiment,
the beam from this cusp gun has been used in a helical wave-
guide gyro-BWO which generated microwave radiation in
the frequency range 92–100 GHz.26
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Abstract
A ∼390 GHz harmonic gyrotron based on a cusp electron gun has been designed and
numerically modelled. The gyrotron operates at the seventh harmonic of the electron cyclotron
frequency with the beam interacting with a TE71 waveguide mode. Theoretical as well as
numerical simulation results using the 3D particle-in-cell code MAGIC are presented. The
cusp gun generated an axis-encircling, annular shaped electron beam of energy 40 keV, current
1.5 A with a velocity ratio α of 3. Smooth cylindrical waveguides have been studied as the
interaction cavities and their cavity Q optimized for 390 GHz operation. In the simulations
∼600 W of output power at the design frequency has been demonstrated.

(Some figures in this article are in colour only in the electronic version)

1. Introduction

Microwave radiation sources are one of the crucial
technologies for modern society. High power sub-millimetre
wave sources have attracted significant interest recently due
to their potential applications in electron cyclotron resonance
heating [1], plasma diagnostics [2], space radar systems [3],
communication systems [4], materials science and medical
imaging and spectroscopy [5, 6].

The gyrotron is well known as a coherent millimetre wave
source capable of high power and high frequency output which
is extendable to the terahertz (THz) frequency region. Recently
a gyrotron achieved kilowatts of output power operated at
the fundamental electron cyclotron frequency of 1 THz [7] by
using a pulsed solenoid. However, continuous wave (CW)
operation at such a frequency is a formidable task because
of the large magnetic field (∼40 T) that is required. As the
output frequency increases, both larger magnetic fields and
reduced interaction region size are needed when operating at
the fundamental cyclotron frequency. An alternative approach
to generate CW high frequency radiation is to work at higher
cyclotron harmonics [8–11] which allow the use of larger
cavity sizes and smaller magnetic fields by a factor of s, where
s is the harmonic number.

A CW high harmonic gyrotron operating at a frequency
of ∼390 GHz at relatively lower B-field was designed and is
presented in this paper. In this gyrotron cyclotron resonance
takes place between the seventh harmonic of the electron
cyclotron frequency (s = 7) and the TE71 waveguide mode. A
large orbit electron beam from a cusp gun is used to reduce
the possibility of parasitic interactions. The small-signal
theory of the beam–wave interaction was used to calculate
the growth rate and the starting current. A smooth-bore cavity
was designed with a suitable Q value by optimizing the angle
of the output taper and the length of the cavity so that the
starting current requirement is met. Finally, the beam–wave
interaction of the gyrotron was simulated using the 3D particle-
in-cell (PIC) code MAGIC and the results are presented.

2. Cusp electron gun

While operating at harmonics, undesired mode competition as
well as parasitic oscillations will be more problematic as the
harmonic number increases; therefore, it is advantageous for
an electron gun to be able to generate a mode-selective beam.
A large orbit electron beam from a cusp gun was selected
because, for such a beam, its harmonic of the cyclotron mode
(s) only interacts with a TEmn waveguide mode (m and n are

0022-3727/10/155204+06$30.00 1 © 2010 IOP Publishing Ltd Printed in the UK & the USA
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Figure 1. Simulated cusp gun and resultant beam trajectories with
the detailed magnetic field configuration at the cusp point.

the azimuthal and the radial mode index, respectively) when
s = m [12]. A cusp electron gun operates by an electron beam
passing through a non-adiabatic magnetic field reversal from
negative to positive sign. Invariance of the magnetic moment
results in a large orbit, annular electron beam [13–15].

Several successful terahertz range large orbit harmonic
gyrotron experiments have been carried out at resonant
magnetic fields 10.5–14 T [16, 17].

The 3D PIC code MAGIC was used to simulate and
optimize the design of the cusp electron beam source. The
optimized geometry of the cusp gun including the magnetic
field profile and the resultant beam trajectories are shown in
figure 1. An insertion shows in detail the B-field reversal in
the cusp region.

The B-field profile of the cusp was produced by two coils,
a main coil and a reverse coil. The main coil produces a
uniform magnetic field at the downstream region which should
have a certain length of the flat-top region required by the
beam–wave interaction in the cavity. Two extra layers of coils
were added to both ends of the main solenoid to sharpen its B-
field profile so that the overall turns and length of the solenoid
were reduced. These extra coils were carefully designed to
avoid any bumps in the magnetic field profile while minimizing
the rise and fall distance of the magnetic field. The design
parameters were optimized resulting in the production of a
40 kV, 1.5 A large orbit electron beam in the simulations. This
electron beam has been optimized through adjustment of the
magnetic coil arrangement to operate at a velocity ratio α

from 1.2 to 3 [18, 19] with an inner radius of 0.27 mm and an
outer radius of 0.36 mm. This is consistent with the analytical
calculated Larmor radius of 0.31 mm. The reflected electrons
in figure 1 are low energy electrons emitted during the rise-
time of the applied voltage pulse. A velocity pitch α spread
of ∼25% was simulated when α reaches 3. Further increase
in the beam α would result in a significant increase in beam
spread in α, hence the reflection of some beam electrons.

3. Gyrotron design

Gyrotrons are based on the cyclotron resonance maser (CRM)
[20] instability and operate through a fast cyclotron wave
interaction, which takes place near the frequency cut-off region
of the waveguide mode. In a high harmonic gyrotron, the beam
(harmonic number s > 1) interacts with a high order TEmn

waveguide mode where m = s.

Figure 2. Dispersion of the TEm1 waveguide modes (m = 1–8) and
beam–wave resonances at different harmonics.

All the possible interactions are shown in figure 2. When
the seventh harmonic of the electron cyclotron frequency is
in resonance with the TE71 mode, interactions below this
mode are eliminated because the corresponding harmonic
beam lines are far below their corresponding TEm1 waveguide
mode curves except for the case of the TE61 mode and s = 6.
The other possible parasitic interactions might be from higher
modes, i.e. TE81 with s = 8 and TE91 with s = 9, etc.
However, the most dangerous one is with the neighbouring
TE81 interaction as the starting current increases as the mode
index increases. But the TE81 interaction has a starting current
higher than the beam current. In this way any other parasitic
interactions of higher modes are automatically eliminated.

As the gyrotron works near the cut-off frequency region,
and a large orbit gyrotron requires s = m, the operating
frequency (390 GHz) and harmonic number (s = 7) as well
as the azimuthal index of the waveguide mode (m = 7) were
chosen prior to the cavity size.

The interaction of the waveguide mode and axis-encircling
electron beam cyclotron mode can be described by the equation
below [21, 22]:

ω2 − k2
z c

2 = − 4β2
⊥(

x2
mn − m2

)
(ω − kzvz − s�)2

×
(

I

IA

) (
xmnc

rw

)4 (
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m (xmnrL/rw)

Jm (xmn)

)2

, (1)

where kz is the propagation constant; xmn is the nth root of
J ′

m(x) = 0. rw is the radius of the cylindrical cavity; Ne is
the axial linear density of electrons. γ0 = 1 + eV /m0c

2 is the
relativistic Lorentz factor; m0 is the rest mass of an electron,
V is the electron beam voltage. β⊥ = v⊥/c; rL = v⊥/� is the
electron Larmor radius. � = eB/γ0m0 is the electron gyrating
frequency, where B is the magnetic field. I is the beam current
and IA = 4πε0m0c

3/e ≈ 17 kA is the Alfven current.
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Figure 3. The growth rate at the seventh harmonic interaction (upper
diagram) and the schematic gyrotron geometry (lower diagram).

The growth rate of this interaction can be obtained by
solving the imaginary part of ω in equation (1) as a function of
axial wavenumber kz and is shown in figure 3. In the diagram
the TE71 cylindrical waveguide mode is interacting with the
seventh harmonic of the electron cyclotron frequency of a beam
with a velocity ratio α of 3 at a magnetic field of 2.09 T. The
radius of the cylindrical cavity is 1.055 mm and the cavity
length is 50 mm at a reasonable cavity Q of 2000.

The cavity length L and the output taper angle are
optimized for a reasonably high Q which is a very important
parameter in any gyrotron design. The total Q of the resonant
cavity is given by

1

Q
= 1

Qd
+

1

Q�

. (2)

The diffraction quality factor Qd and the ohmic quality
factor Q� which are caused by diffraction and ohmic losses,
respectively, can be calculated using the equations below:

Qd = 4π
(L/λ)2

1 − |R1R2| , (3)
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where δ = √
2/ωµσ is the skin depth of the cavity wall, σ

is the conductivity of the cavity material, µ is the absolute
permeability. R1 and R2 are the reflection coefficients at both
ends of the cavity interaction region.

The cavity Q was calculated using the code Cascade [23].
In figure 4(a) the curve shows the simulated cavity Q as a
function of the output taper angle at 390 GHz. In this diagram,
the cavity was a 40 mm long smooth cylindrical cavity with
a radius of rw = 1.055 mm. The output taper was 10 mm in

(a)

(b)

º

Figure 4. (a) Cavity Q as a function of output taper angle and
(b) cavity Qas a function of cavity length.

length and the input section of the cut-off taper had a fixed
radius of 0.8 mm and a length of 20 mm. Though in a real
situation the tolerance of the cavity dimensions, roughness of
the cavity surface [24] and the purity of the materials will
affect the value of the ohmic losses at high frequencies, the
ideal surfaces and oxygen free high conductivity copper were
applied to these calculations. From the diagram we can see
the cavity Q increases as the angle increases, but in order to
sustain enough output power and to decrease the heat load of
the cavity [25], the taper angle needs to be properly selected.
Considering all of these factors a 6◦ output taper was chosen
in the cavity design. The cut-off taper angle was also studied
by changing the length of the taper with a fixed cut-off input
radius 0.8 mm. Cascade simulations show that these changes
do not affect the cavity Q value very much (less than 20 when
the cut-off taper length was varied from 5 to 20 mm).

Figure 4(b) shows the simulated cavity Q as a function
of cavity length using the code Cascade. In the simulation
the input end had a 20 mm taper with an input radius of
0.8 mm. The cavity radius remains the same as before,
which was 1.055 mm, and at the end it had a 6◦ output
taper. Simulations using CST Microwave Studio showed that
there is no significant mode conversion (<10% of power) for
this output taper at the operating mode. However, further
increase in the output taper length or output taper angle will
cause significant mode conversion. For example, when the

3
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Figure 5. Starting currents for the seventh harmonic TE71 mode and its neighbouring TEm1 modes.

taper length was increased to 20 mm, 70% of the power was
converted to the TM52 mode.

The starting oscillation currents for this cavity at the
design mode and competing modes can be calculated using
the equation shown below [12]:
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(
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(odd q) ,[

sin (πqX/2) /
(
1 − X2

)]2
(even q) .

(7)

Here q = kzL/π , and the calculation result is shown in
figure 5. In this calculation the cavity Q = 2000 and the
electron beam velocity ratio α was 3.

The minimum starting current for the seventh harmonic
mode is 1.4 A, at a magnetic field of 2.13 T which are
both within the capability of our cusp gun design current
of 1.5–1.7 A and the solenoid magnetic field of 2.16 T. This
diagram clearly shows that the neighbouring modes s = 8
and s = 6 will be eliminated as the starting current for the
eighth harmonic requires a starting current of more than 6 A
and the magnetic field requirement for the sixth harmonic is
above 2.17 T.

Figure 6. A schematic diagram of the gyrotron in the R–Z plane
with simulated electron beam trajectories.

4. Simulation results

In order to demonstrate the beam–wave interaction can take
place in the designed gyrotron cavity, the code MAGIC was
used to simulate the harmonic gyrotron interaction. The R–Z

plane geometries of the smooth cylindrical structures and
electron trajectories are shown in figure 6. An ideal beam with
the parameters from the cusp electron simulation but without
velocity and radius spreads was emitted from the left end of
the cavity and propagated in a uniform B-field produced by
a solenoid in the MAGIC simulation. The right end of the
solenoid sits in the middle of the output taper in the Z-axis.
During the simulation, the cavity length was reduced from
50 to 30 mm as the cavity ohmic loss was neglected in the
simulation. A schematic diagram of the simulation is shown
in figure 6 with the magnetic field profile produced by the
solenoid.

The simulation result is shown in figure 7. In the
simulation the large orbit annular electron beam had a voltage
of 40 kV, a current of 1.5 A and a beam velocity ratio α of
3. The magnetic B-field applied in the cavity was 2.09 T.
The magnetic field difference between the MAGIC and the
analytical calculation is due to the grid density in the gyrotron
simulation; when a higher grid density is used, the B-field
required in the simulation will be larger and closer to the
analytically calculated value.

4
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Figure 7. Simulation results of the seventh harmonic gyrotron with a smooth cavity: (a) output power, (b) output spectrum and (c) electron
phase angle as a function of axial position (d) microwave E� field pattern at resonance.

The electron phase angle as a function of axial position Z

(figure 7(c)) indicates the interaction occurred at the seventh
harmonic of the electron cyclotron frequency. Very pure
radiation output at a frequency of 384 GHz was observed in
the simulation as shown in figure 7(b), and ∼600 W of output
power was achieved in this simulation. The reduction in power
observed after ∼30 ns arises due to the cavity of 30 mm in
length being sufficiently long in the absence of wall loss, for
the interaction to enter phase trapped saturation resulting in re-
absorption of the wave energy—this can be seen in figure 7(c)
where the electron distribution in phase angle illustrates the
trapping occurring. When 0.1 mm beam thickness and 25%
beam spread were introduced in the simulation, it was found
that the total output power dropped to ∼500 W while a
competing TE61 became slightly dominant at the output. The
output power at the designed frequency and mode dropped to
∼200 W.

5. Conclusion

In conclusion a ∼390 GHz harmonic gyrotron based on a large
orbit electron beam was designed and simulated. The cavity
has been analysed and optimized. Theoretical and numerical
simulation results demonstrate that the beam interacts with the
single TE71 mode and a simulated output power of∼600 W was
achieved while using a 40 kV, 1.5 A, large orbit electron beam
with velocity ratio α of 3. It was found from simulation that

a spread in α will cause the reduction in the output power and
start-up of mode competition. The effect that beam parameters,
such as velocity spread and envelop ripple, might have on the
starting current and mode excitation [26] will be studied both
numerically and experimentally in the future.
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Abstract—A novel thermionic cusp electron gun operating
in the temperature-limited regime that produces a large-orbit
electron beam through a nonadiabatic magnetic-field reversal
was designed, analyzed, and optimized to give an electron-beam
ideal for driving gyro-devices, particularly in the millimeter-to-
submillimeter-wavelength range due to its small cross-sectional
size. The annular-shaped axis-encircling electron beam had a
beam current of 1.5 A at an acceleration potential of 40 kV, a
tunable velocity ratio α (= v⊥/vz) between one and three, an
optimized axial velocity spread Δvz/vz of ∼8%, and a relative
alpha spread Δα/α of ∼10% at an alpha value of 1.65.

Index Terms—Axis-encircling electron beam, cusp electron
gun, gyro-BWO, gyro-TWT, high-harmonic gyrotron, THz
electron-beam source, W-band.

I. INTRODUCTION

H IGH-POWER high-frequency coherent radiation sources,
particularly in the range of millimeter and submillimeter

wavelengths, have attracted significant research interest re-
cently due to their desirable applications in many areas such as
remote sensing [1], medical imaging [2], plasma heating [3],
and spectroscopy [4]. Gyro-devices [5] are promising candi-
dates to fulfil such a demand due to their inherent character-
istic fast-wave interaction. Many high-frequency gyro-devices
operate at harmonics [6]–[9] to allow for the use of a larger
cavity size and to decrease magnetic fields by a factor of s,
the harmonic number. However, operating at harmonics could
introduce undesired-mode competition, as well as parasitic
oscillations. Therefore, it is advantageous for an electron gun to
be able to generate a mode-selective beam. This paper presents
the innovative design and performance of such a beam from
a novel electron gun that is capable of driving high-power
millimeter-wave vacuum electron devices through generation
of an annular-shaped axis-encircling electron beam. An axis-
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encircling electron beam is ideal for harmonic operation of
gyro-devices as the mode-selectivity nature of such a beam re-
quires that the harmonic number is equal to the azimuthal index
of a waveguide mode for effective beam-wave coupling [10],
which leads to a reduced possibility of parasitic oscillations.
Furthermore, due to the high power of the spent electron beam,
an annular-shaped electron beam is desirable for beam-energy
recovery using a depressed collector.

Initially, transport of an electron beam through opposing
magnetic fields (the so-called “magnetic cusp”) was investi-
gated in the 1960s [11], [12] for plasma-heating applications.
Schmidt [11] described a threshold for magnetic mirroring
and the effects on the electrons after they have passed the
cusp region, namely, azimuthal rotation around the central axis
of symmetry due to conservation of the electron canonical
momentum. Building on the work of Schmidt et al., continuous
efforts and progress have been made through both theoretical
analysis and experimental study in the generation of cusp-based
electron-beam sources [13], [14]. Special concentration was
paid on the methods to produce an ideal sharp cusp shape
by using complex arrays of magnetic coils, magnetic poles,
and, possibly, magnetic material inside the cathode [15]–[18].
This culminated in a “state-of-the-art” cusp gun in 2000 by
Northrop Grumman [19], which generated an electron beam of
70-kV energy, 3.5-A current, and 1.5 velocity ratio with a small
axial velocity spread of 5% at a magnetic field of ∼0.25 T.
These studies have been based on the configuration where a
magnetic cusp was located at or after the anode where a large
cusp amplitude was required due to a fully accelerated electron
momentum. However, in this paper, an electron gun based on
a “smooth” cusp [20], formed by two simple coils without any
magnetic shaping poles, located immediately after the cathode,
is presented.

Despite these theoretical and experimental studies over the
last few decades, it was not until 1983 that a cusp electron gun
was first used in microwave sources, specifically in a magnetron
[21]. Recently, gyro-devices have begun to adopt cusp guns
as their electron beam sources, notably in lower frequency
harmonic gyro-devices [22].

A cold cusp gun was developed for an X-band gyrotron
traveling-wave amplifier (gyro-TWA) at the University of
Strathclyde in 2007 [18]. The methodology of the design was
validated through results from numerical simulations, from the
3-D particle-in-cell code MAGIC [23], agreeing well with the

0093-3813/$26.00 © 2009 IEEE
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experimental results. In this paper, we present a thermionic
cusp gun that was designed and numerically optimized based
on the valid methodology for millimeter-wave gyro-devices.
It was designed for three high-frequency devices, including a
W-band gyro-BWO [24], a W-band gyro-TWA [25], and a THz
harmonic gyrotron [26]. The second-harmonic W-band gyro-
BWO uses a helically corrugated waveguide [27], [28] and is
calculated to produce 10-kW CW at 18% efficiency, with a
3-dB frequency tuning bandwidth between 85 and 105 GHz.
A W-band gyro-TWA has been designed to operate at an alpha
of 1.2 and give an output of 5-kW CW. The THz harmonic gy-
rotron that operates at the seventh harmonic has been simulated
to produce 600-W CW at 390 GHz with a TE71 output at an
α = 3. These devices operate over a wide range of frequencies
from 75 GHz to 390 GHz with an α value of one to three.

II. DIODE DESIGN

It is possible to show [18] that the velocity ratio in the down-
stream uniform magnetic-field (B0) region can be described ap-
proximately by the equation α =

√
(−r2

cωcω0/v2
0 + r2

cωcω0).
Here, rc is the average radius of the cathode; v0 is the total
electron velocity; ω = eB/γme is the electron cyclotron fre-
quency, where γ is the Lorentz factor of the electrons at the
downstream region and e and me are the charge and the rest
mass of the electron, respectively; and subscripts “c” and “0”
denote the cathode and the downstream uniform magnetic-field
region, respectively.

The parameters of the electron beam were chosen to be as
follows: beam energy E = 40 keV and current of ∼1.5 A, with
α = 1−3 and B0 = 1.7−2.1 T for high-frequency gyro-device
experiments. Assuming the cathode operation with a current
density of 6 A/cm2 in the temperature-limited regime [29],
a cathode with rc = 6.0 mm and Δrc = 0.5 mm was chosen.
Therefore, a magnetic-field amplitude of ∼50 G at the cathode
is required to achieve an alpha value of 1.65, at B0 = 1.82 T,
which corresponds to a magnetic compression ratio of ∼360
and a radial compression of ∼19 for the electron beam. It is
important that a small value of Δrc/rc was chosen because
the smaller it is, the smaller the alpha spread in the electron
beam. The thermal loading of the gun was estimated to be
∼100 W at an operating temperature of ∼1000 ◦C. To reduce
the stray magnetic field, the heating coil should be wired in a
bifilar format. A stray magnetic field of ∼10−4 T was simulated
by using CST Microwave Studio at a driving current of the
heating coil of 10 A. It is of primary importance that the stray
magnetic field from the heating coil is significantly lower than
the magnetic field at the cathode to achieve a stable alpha and
axial velocity of the electron beam.

The geometry of the cusp gun is shown in Fig. 1. The
emitting surface is annular shaped and porous tungsten im-
pregnated with barium oxide to reduce the work function to
achieve the designed beam current at an operating temperature
of ∼1000 ◦C. Two fine gaps of 0.1-mm width were used to
separate the cathode ring from the outer and inner focusing
electrodes for the following purposes: 1) reducing the thermal
loading and 2) stopping the migration of the barium of the
cathode. The length of the cathode–anode gap is chosen so

Fig. 1. Geometry of the cathode and anode of the cusp electron gun.

that the electric fields at the cathode are below 10 MV/m at
an applied voltage of 40 kV to avoid problems such as field
emission and vacuum breakdown. An anode tip is further used
in the design to focus and transport the electron beam to the
downstream region. The outer radius of the outer electrode was
chosen to be large enough so that its effects on the electric
field distribution between the cathode and anode are negligible
while keeping its distance to the anode large enough to avoid
problems such as field emission and vacuum breakdown. To
avoid microwaves entering the gun region, a cylindrical low-
frequency cutoff waveguide of 0.84-mm radius is used.

Two coils, namely, one “reverse” coil behind the cathode
producing negative magnetic field, and the other a solenoid
producing a uniform positive magnetic field B0 at the down-
stream region, were used to form a magnetic cusp at the front
of the cathode. Because of the relative low energy (approxi-
mately a few kiloelectron volts) of the electrons at the cusp,
the amplitude of the cusp was greatly reduced (a few tens of
gauss), and the Larmor step is on the order of meters due to the
small amplitude of the cusp and the small transverse velocity
component. This allows a field reversal over a longer distance.
Therefore, in this design, it is not necessary to use any magnetic
poles to sharpen the shape of the magnetic cusp. This makes
this cusp gun a simple and effective alternative because of its
simplified manufacture and optimization process, as well as
flexibility in its operation. For example, the driving currents,
averaged radius, and start and end positions of the coils can be
changed to allow the adjustment of cusp position.

Various configurations of the cusp gun were optimized to
give the highest quality electron beam, which include the
following: the length of the cathode–anode gap, the shape of
the anode tip, the cathode slope, the inner and outer focusing
electrode geometries, and the size and position of the coils
relative to the cathode surface. After the average radius and
width are decided, the sizes of the dimensions of a, b, c, d, e, f,
g, h, i, and j, as shown in Fig. 1, are varied for optimized beam
quality in the simulation. Dimensions c, d, e, and f are used
to adjust the slope angle relative to the z-axis of the inner and
outer electrodes, as well as the relative position of the emitting
surface to the electrodes. Adjustment of the relative position
in the z-axis between the emitting surface and the electrodes
is important to compensate the defocusing effect of the gaps
on the electrons emitted from the corners of the cathode. Opti-
mization of the slope of the electrodes and dimensions a and b
is important because this decides the beam trajectory in the gun
region. Dimension g should be chosen large enough to avoid
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TABLE I
LIST OF OPTIMIZATION PARAMETERS, OPTIMIZED VALUES, AND OPTIMIZATION RANGES

Fig. 2. Snapshot of the simulated electron-beam trajectory with magnetic-
field profile and a cross-sectional shape of the beam at the downstream region.

vacuum breakdown and field emission. Dimensions h, i, and j
are used to optimize the focusing effect at the anode region.
Simulations of the electron beam aim to reduce beam envelope
oscillation, axial velocity spread, and alpha spread over a wide
range of magnetic fields. Table I summarizes the optimized
dimensions and the optimization ranges of these variables used
in the simulation.

III. SIMULATION RESULT

Electron-beam emission was modeled using the
Richardson–Dushman equation for thermionic emission.
The accelerating voltage was applied using a smooth rising
function with a rise time of 1 ns to avoid high-frequency
loading of the gun. The simulated electron-beam trajectory
from the cusp gun with its magnetic-field profile (B0 = 1.82 T)
is shown in Fig. 2. The cross-sectional shape of the beam at
the downstream region is also shown in Fig. 2, and it clearly
shows an annular-shaped axis-encircling beam. The magnetic-
field profile is a smooth transition from the cathode to the
downstream uniform magnetic-field region, with the cusp
being located at ∼4.6 mm in front of the emission surface.
It should be noted that some low-energy electrons of a few
milliamperes over a period of a few nanoseconds (emitted
when the accelerating voltage was rising) were reflected back
at a high alpha value due to the magnetic-mirror effect, as

Fig. 3. Numerically simulated and analytically calculated alpha values for
different values of cathode magnetic field at B0 = 1.82 T.

shown in Fig. 1. However, after a few nanoseconds, 100% of
the emitted current was transported to the downstream region.
From simulation, to obtain an alpha value of one to three, the
required magnetic field at the cathode was ∼3.0–6.7 mT. At
a constant value of B0, a larger α value could be achieved
by increasing the magnetic-field amplitude at the cathode
(Bc). The simulated average alpha of the electron beam as
a function of the magnetic-field amplitude at the cathode is
shown in Fig. 3 at B0 = 1.82 T. The spread in alpha is also
shown in this figure as bars, deviating from the average values.
The alpha values calculated from the previous equation are
also shown in Fig. 3 for comparison. Minimum axial velocity
spreads of ∼8% and relative alpha spreads of ∼10% were
achieved at an alpha value of 1.65 at this constant magnetic
field. At B0 values of 2.1 and 1.7 T, the optimum alpha
spreads were ∼23% and ∼15% for alpha values of 3 and 1.2,
respectively, and the corresponding axial velocity spreads for
these cases were ∼20% and ∼10%. At the central magnetic
field B0 of 1.82 T, the beam had an inner and an outer radius
of 0.23 and 0.42 mm, with an envelope ripple ∼13%. Beam
transport through the tube was measured to be 100% after the
initial low potential electrons were reflected. The feasibility of
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Fig. 4. Magnetic-field operation ranges for different values of velocity
ratio (α).

operating this cathode at different alpha values for the three
aforementioned microwave sources was also investigated with
different magnetic-field operation ranges and is shown in
Fig. 4. The gun is able to operate at an alpha from one to three
over the magnetic-field tuning range of 1.65–2.1 T.

IV. CONCLUSION, DISCUSSION, AND FUTURE WORK

In conclusion, a cusp electron gun was simulated and opti-
mized to generate an axis-encircling annular-shaped electron
beam to drive millimeter-wave gyro-devices. At a velocity
alpha of 1.65, the beam was optimized to achieve an axial
velocity spread of 8% and a velocity spread of 10%. The
viability of using the designed gun over a large alpha and
magnetic-field range was demonstrated. It should be noted that
the optimization for the generation of electron beams with alpha
values of 1.2 and 3 has been performed by adjusting the position
of the cusp, i.e., by adjusting the positions of the reversed and
cavity coil only while the shape and size of the inner and
outer electrodes are kept unchanged. Therefore, future work
includes the optimization of the focusing electrodes to achieve
optimized beam quality for harmonic-gyrotron and gyro-TWA
applications. The structure of the cusp gun was designed in a
way that allows the focusing electrodes to be changed.
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